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ADVERTISEMENT. 


\L HB  Committee  appointed  by  the  Ri>yal  Society  to  direct  the 
publication  of  the  Philosophical  Transactions^  take  jthis  opportunity 
to  acquaint  rthe  Public,  that  it  fully  appears,  as  ivell  from  the 
counciUbodks  and  journals  of  the  Society,  as  from  repeated  de- 
clarations which  have  been  made  in  several  former  Transactions^ 
that  the  printing  of  them  was  always,  from  time  to  time,  the 
single  act  of  the  respective  Secretaries^  till  the  Forty-seventh 
Volume :  the*  Society,  as  a  Body,  never  interesting  themselves 
any  further  in  their  publication,  tiian  by  occasionally^recom- 
mending  the  revival  of  them  to  some  of  their  Secretaries,  when, 
from  the  particular  circumstances  of  their  affairs,  the  JVansactions 
had  happened  for  any  length  of  time  to  be  intermitted.  And 
this  seems  principally  to  have  been  done  with  a  view  to  satisfy 
the  Public,  that  their  usual  meetings  were  then  continued,  for  the 
improvement  of  knowledge,  and  benefit  of  mankind,  the  great 
ends  of  their  first  institution  by  the  Royal  Charters,  and  which 
they  have  ever  since  steadily  pursued. 

But  the  Society  being  of  late  years  greatly  enlarged,  and  their 
communications  more  numerous,  it  was  thought  advisable  that  a 
Committee  of  their  members  should  be  appointed,  to  reconsider 
the  papers  read  before  them,  and  select  out  of  them  such  as  they 
should  judge  most  proper  for  publication  in  the  future  Transac- 
tions; which  was  accordingly  done  upon  the  86th  of  March, 
175S.  And  the  grounds  of  their  choice  are,  and  will  continue  to 
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be,  the  importance  and  singularity  of  the  subjects,  or  the  advan- 
tageous manner  of  treating  them;  without  pretending  to  answer 
for  the  certainty^  of  tl^  fieuctSy  or  p^opriefc^r  of  the  reasonings, 
contained  in  the^s6vertil  p^Vs'^  so  pdbKsneaf  "frhich  must  still 
rest  on  the  credit  or  judgment  of  their  respective  authors. 

TFTs  likewise  necessary  on  this  occasion  to  remark,  that  it  IT 
an  established  rule  of  the  Society,  to  which  they  will  always 
adhere,  never  to  give  their  opinion,  as  a  Body,  upon  any  subject, 
eitftlerctf  Ka^tii^t^  or  Ar^  tHdt'i5OhiY0  befbre  tl^em.  And  tii^efor^ 

gi^en  t&  tb^  2t4]t^i^  i[)f :  $iiic4i  pipiEirs^  as  ai^  *ead.  a;t  thitiF  acmis-: 
toitied  meeltihg^,  0^  to  th^  persoAs*  throug^b  ^t^hose  baii^  th^ 
r«oeiv«F  theth,  ^t^  to  be  con^d^red  i«i  no  othidr  light  than  mw 
iilttft^  of  cWiHtyiin  i^etiiFH  f<yf  fehews^  shewiito  the  Sbictetyt 
by  ihme  cwrtnWiiifidAtioAs/  The  like  ttlfC(  to  Ui  \M^md  i^itb 
regakPd  to  tte  setcral  ijitb^Mts,  mte^tionsf,  and^'  curioBities.  of 
vavkHis^1triMr^<,  wbi<5h  are  6t^n  e)dilbN«4  t»  t&e^Soci^y }  tlie^ 
atfthws'  w4ler^(>f,  or  «bose  wh^  (Exhibit  theiffi^  >  fMcpi€*itirf  taiue 
t*to  li*et^  W  T^p6rtl'  aftid  ^v«fap  to  €^ettify  ivt  «^  f^btio^  ;Acnr5^^ 
liners,  thM  • '  Ch^y  h^e  met  \^itb  tfae>  higheini  dpplafpgef  I  atmlf 
appi^e)bati6rii  Afldf  therefore  it  Is  hoped,  tb»tJ  no  ifegaw*  wiill 
teirelftJe^rb^'piMt*  stictereporti  attd  ptibiieiittAlccisr;,  whixih  iaw 
some  iftstaH^es'bare  l^eh^  too  lightly  ci^*ed>toi  the  diBhoniprrf 
ofthelSocfety-.  '    --'^  '.  ..-.  i  i  ../:...  ^  -  :•. 
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t.  The  Croofiian  Ijecture  on  the  Arrangement  and  mechanical 
Action  of  the  Muscles  of  Fishes.  By  Anthony  Carlisle,  Esq. 
F.  R^  S.  F.  L*  S. 

Read  November  7, 1805. 

It  was  my  intention  to  have  continued  my  phyaological 
itiquiries  on  the  phenomena  of  muscular  motion,  by  a  series 
of  chemical  experiments ;  and  to  have  communicated  the 
result,  when  duly  matured,  to  the  Royal  Society,  But  an  un- 
expected request,  made  at  a  late  period,  for  the  Lectiu^  of  the 
present  year,  obliges  me  to  defer  those  researches,  and  to 
limit  the  investigation  of  the  subject  I  have  chosen* 

The  application  of  the  motive  organs  of  animals  has  already 
furnished  examples  of  general  utility  by  increasing  our  know*- 
ledge  of  mechanical  powers ;  and  the  cultivation  of  this  study 
promises  still  further  improvement. 

The  muscles  of  fishes  are  of  a  very  different  construction 
from  those  of  the  other  natural  dasses.  The  medium  in 
which  these  animals  reside,  the  form  of  their  bodies,  and  the 
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«  Mr,  Caklisle's  Lecture  on  the  Arrangement 

instruments  employed  for  their  progressive  motion,  give  them 
a  character  peculiarly  distinct  .frop  the.  rest  of  the  creation. 
The  frame-vsrork'of  bones  or  cartilages/  called  the  Skeleton, 
is  simple ;  the  limbs  are  not  formed  for  compUcated  motions, 
and  the  prpportidn  of  ipusculjir  fleshy  i^  ref^arfeably  large. 
The  muscles  of  fishes  have  no  tendinous  chords,  their  in- 
^sertions  being- always  ile«hy.  Tharc  ai%  however)  ^semi- 
transparent,  pearly  tendons  placed  between  the  plates  of 
muscles,  which  give  origin  to  a  series  of  short  muscular  fibres 
passing  nearly  at  right  angles  between  the  surfaces  of  the 
adjoining  plates.  Lewenhoeck*  appears  to. have  overlooked 
these  tendons,  and  the  numerous  vessels,  which  he  describes 
in  the  interstices  of  the  muscular  flakes,  I  have  not  been  able 
to  discern. 

The  motion  of  a  roiind  shaped  fish,  independent  of  its  fins, 
is  simple ;  and  as  it  is  chiefly  effected  by  the  lateral  flexure  of 
the  spine  and  tail,  upon  which  the  great  mass  of  its  muscular 
flesh  is  employed,  whilst  the  fins  are  moved  by  small 
muscles,  and  those,  from  their  position,  comparatively  but  of 
little  power)  I  shall  only  describe  in  detail  .the  arrangement 
and  application  of  those  masses,  which  constitute,  the  principal 
maviftg  organs. 

For  this  purpose  a  well  known  fish',  the  codj^-f-  has  heen 
selected  as  a  standard  of  comparison  for  the  muscles  of  other 
fishes,  there  being  a  conspicuous  resemblance  among  them 
all.     :         . 

The  pairs  of  fins  have  been  considered  as  analogous  to 
feet,  but  they  are  only  employed  for  the  purposes  of  turning, 
sto'p|;)ing,  altering  the  i>ositiori  of  the  fish  towards  the  horizon, 

♦  Phil.  Trans.  Vol.  XXXf.  p.  190.  t  Oadus  Morbua  of  Link-«;.us.. 
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and  tmchanical  Action  of  the  Muscles  of  Fishes.  3 

and  for  fefeeping  the  back  upwards.  The'  single  fins  appear 
to  prevent  the  rolling  of  the  body,  whilst  the  tail  is  employed 
to  impel  it  forward. 

Each  of  those  fins,  which  are  in '  pairs,  is  capable  of  four 
taotjondy  viz.  of  flexion  and  ^xten^ion,  like  oars,  and  of  ex- 
panding the  rays,  and  closing  them. 

The  extension  of  the  whole  fin  is  performed  By  a  single 
radiated  muscle,  which  is  often  supplied  with  red  blood :  the 
antagonist  is  ofasimilat  character.  The  great  power  of 
the  extensor  muscle  (  Vide  Plate  I.  a.a^)  shews  how  strongly 
it  is  required  to  act  when  employed  to  stop  suddenly  the  pro- 
gressive motion.  A  series  of  intervening  muscles  expand  and 
close  the  rays. 

In  the  act  of  extending  the  fin  the  interosseal  muscles  are 
passive.  It  is  advanced  forward  edgeways  and  closed ;  but 
during  its  flexion,  the  rays  are  expanded,  striking-  the  water 
with  its  broadest  surface :  this  action  assists  the  tail  in  turning 
the  fish.  In  the  effort  to  stop,  these  fins  are  strongly  retained 
at  right  angles  with  the  body,  by  the  force  of  the  extensor 
muscles,  the  rays  are  expanded,  and  the  effect  is  assisted  by 
the  tail  turning  laterally  with  its  broadest  surface  forward. 

The  single  fins,  for  the  expansion  and  contraction  of  their 
rays,  are  furnished  with  two  sets  of  muscles ;  one  of  which  is 
situated  at  their  roots,  and  lies  oblique;  (bbbbb)  the  other, 
parallel  with  the  spines,  to  which  the  rays  are  articulated  (cc.) 
The  fin  has  also  a  lateral  motion,  by  which  it  is  occasionally 
drawn  out  of  a  straight  line;  and  by  the  co-operation  of 
these  muscles  on  both  sides,  it  is  kept  steady  whilst  the  body 
of  the  fish  is  turned  oblique  in  swift  motion,  or  in  eddies. 

B2 


Digitized  by 


Google 


4  Mr.  Carlisle's  Lecture  on  the  Arrangemmt 

When  placed  near  the  tail,  the  single  ikiB  seem  also  to  aid 
the  effect  of  that  instrument  by  increasing  its  breadth. 

The  tail  is  the  principal  organ  of  progressive  motion,  and 
its  actions  are  performed  by  the  gr&at  mass  of  lateral  muscles. 
There  are  a  series  of  short  muscles  for  the  puipose  of  chang-- 
ing  the  figure  of  the  tail  fin,  which  arise  from  the  spine  and 
coccyx,  and  are  attached  to  Ae  rays  immediately  beyond  their 
joints :  (dd):  their  actkDn  is  to  expand  the  rays,  and  by  par- 
tial contractions  to  alter  the  lateral  position  of  the  fin.  Slender 
muscles  are  placed  between  the  several  rays,  (ee,)  whose 
office  is  to  converge  them  previous  to  the  stroke  of  the  tail. 

The  muscles  situated  chi  the  head  are  those,  which  act  on 
the  membrana  branchiostega,  the  under  jaw,  os  hyoides,  fauces y 
and  the  globe  of  the  eye. 

In  order  to  determine  the  effect  of  the  fins  on  the  motions 
of  fishes^  a  number  of  living  dape,*  of  an  equal  size,  were  put 
into  a  large  vessel  of  water.  The  pectoral  fins  of  one  of  these 
fishes  were  cut  off,  and  it  was  replaced  with  the  others.  Its 
progressive  motbn  was  not  at  all  impeded;  but  the  head 
mchned  downwards,  and  when  it  attempted  to  ascend,  die 
effort  was  accomplished  with  difficulty. 

The  pectoral  and  abdominal  fins  were  then  removed  from 
a  second  fish.  It  remained  at  the  bottom  of  the  vessel,  and 
could  not  be  made  to  ascend.  Its  progressive  motion  was  not 
perceptibly  more  slow;  but  when  the  tail  acted,  the  body 
shewed  a  tendency  to  roll,  and  the  single  fins  were  widely 
expanded,  as  if  to  courtteiract  this  effect. 

From  a  third  fish,  the  single  fins  were  taken  off.    This 

*  Cyprinus  ieucis£U&. 
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.  produced  an  evident  tendency  to  turn  round,  and  the  pectoral 
fins  were  kept  constantly  extended  to  obviate  that  motion. 

From  a  fourth  fish,  the  pectoral  and  abdominal  fins  were 
cut  ofF  on  one  side,  and  it  immediately  lost  the  povrer  of 
keeping  the  back  upwards.  The  single  fins  were  expanded, 
but  the  fish  swam  obliquely  on  its  side  with  the  remaining 
pectoral  and  abdominal  fins  downwards. 

From  a  fifth  fish,  all  the  fins  were  removed,  its  back  was 
kept  in  a  vertical  position,  whilst  at  rest,  by  the  expansion  of 
the  tail,  but  it  rolled  half  round  at  every  attempt  to  move. 

From  a  sixth  fish,  the  tail  was  cut  off  close  to  the  body. 
Its  progressive  motion  was  considerably  impeded,  and  the 
flexions  of  the  spine  were  much  increased  during  the  endea- 
vour to  advance :  but  neither  the  pectoral  nor  abdominal  fins 
seemed  to  be  more  actively  employed. 

From  a  seventh  fish,  all  the  fins  and  the  tail  were  removed. 
It  remained  almost  without  motion,  floating  near  the  surface 
of  the  water,  with  its  belly  upward. 

These  experiments  were  repeated  on  the  roach,*  the 
gudgeon,-f  and  the  minnow,;};  with  similar  results. 

The  muscles  of  fishes  differ  materially  in  their  texture 
from  those  of  other  animals:  they  are  apparently  more 
homogeneous,  their  fibres  are  not  so  much  fasdculated,  but 
run  more  parallel  to  each  other,  and  are  always  comparatively 
shorter.  They  become  corrugated  at  the  temperature  of  156^ 
of  Fahrenheit,  when  their  tendinous  and  ligamentous  attach- 
ments are  dissolved,  and  their  serous  juices  coagulated. 
Under  those  circumstances  the  muscles  lose  their  transparency, 
and  the  lateral  cohesion  of  their  fibres  is. lessened. 

•  Cyprinus  ruUlus,  t  CyprinxiS  gobio*  J  Cyprinus  pboxinus. 
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But  the  mechanical  arrangement  and  physiology  of  the 
lateral  muscles  of  the  body  of  fishes  constitute  my  present 
object.  These  parts  have  already  been  described  in^  a  general 
way  by  Professor  Camper,  M.  Vicq-d-Azyr,  and  M.  Cuvier, 
to  whom  I  am  indebted  for  much  useful  information.  They 
have  been  denominated  "  couches  musculaires**  by  M.  Vicq-d- 
AzYR,*  and  "  muscles  laterals*"  by  M.  CuviER.-f  The  term 
used  by  M.  Cuvier  seems  very  appropriate  for  the  general 
division  or  class.  But,  as  the  flakes  are  arranged  in  distinct 
longitudinal  rows,  these  rows  must  be  considered  as  orders. 
And,  as  "  couches"  appears  objectionable,  I  shall  adopt  series 
in  its  stead ;  distinguishing  each  by  a  word  referring  to  its 
situation  in  the  animal,  viz.  the  dorsal,  vertebral,  abdominal, 
and  ventral  series. 

These  series  are  composed  of  thin  masses  of  muscle,  or,  as 
they  are  commonly  called,  flakes ;  which  for  the  most  part 
are  thicker  upon  their  outward  edges,  and  become  wedge- 
shaped  towards  their  interior  attachments.  Each  series  is 
separated  from  the  next  adjoining  by  a  membraneous  parti- 
tion, which  is  most  apparent  between  the  vertebral  and 
abdominal  series. 

The  dorsal  series  (ff)  arises  from  the  back  of  the  head. 
In  its  course  it  is  terminated  on  the  upper  edge  by  the  bones, 
which  support  the  single  fins,  and  a  membranous  septum : 
at  this  part  the  flakes  are  thin.  Its  lower  margin  is  bounded 
by  the  vertebral  series,  where  the  flakes  become  gradually 
thicker.  The  first  flake  is  composed  pf  longer  fibres  than  the 
rest,  and  possesses  more  red  blood.     Those  succeeding  it 

•  Mem.  eirangtn  4e  VAcadem.  des  ScL  de  PMris.  Tom.  VII.  p.  18.  €t  aaj* 
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range  obliquely  backwards.  They  are  all  joined  together  by 
cellular  membrane,  and  shining  fasciae,  which  resemble  the 
tendinous  expansions  in  quadrupeds. 

Towards  the  middle  of  the  fish  the  flakes  are  thicker,  and 
stand  more  perpendicular  to  the  surface,  becoming  oblique 
and  thin  as  they  approach  the  tail ;  whilst  the  intervening 
fasciae  are  most  dense  at  each  extremity.  This  series  consists 
of  forty-five  flakes.,  a  number  corresponding  with  that  of  the 
.spinpus  processes  to  which  they  are  attached,  and  which  does 
not  vary  with  the  growth  of  the  fisli. 

The  muscular  fibres  constituting  each  flake,  run  nearly  at 
right  angles  with  its  anterior  and  posterior  surfaces,  and  pa- 
rallel to  the  lengtli  and  surface  of  the  fish ;  except  that  their 
posterior  extremities  incline  somewhat  inwards. 

As  tlie  skull  affords  the  ultimate  fixed  attachment  of  this 
series,  and  its  moveable  insertions  are  on  the  vertebrae,  and 
the  tail,  it  follows,  that  its  combined  action  is  to  bend  the 
whole  body  and  tail  towards  one  side ;  or,  if  the  flakes  con- 
tract partially,  to  give  it  a  serpentine  motion.  To  produce 
these  effects  all  the  other  series  co-operate. 

The  superior  external  edges  of  the  flakes  of  the  vertebral 
series  (gg)  form  acute  angles  with  the  inferior  external 
edges  of  those  of  the  dorsal  series,  the  apices  of  which  point 
towards  the  tail :  the  flakes  are  larger,  but  their  number  is 
the  same.  The  lower  margin  of  this  series  is  bounded  by 
the  central  membranous  partition,  which  has  already  been 
noticed  to  be  more  conspicuous  than  the  other  longitudinal 
divisions,  and  it  apparently  admits  of  greater  motion. 

The  abdominal  series  (hh)  is  composed  of  flakes  similar  to 
the  preceding.  They  range  towards  the  tail,  forming  an  angle 
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with  those  of  the  vertebral  series,  the  apex  of  which  is  pre- 
sented towards  the  head.  They  are  attached  internally  to  the 
transverse  and  inferior  spinous  processes  of  the  vertebras. 
The  ribs  are  placed  in  the  line  of  the  centre  partition,  and  lie 
between  the  flakes.  This  series  arises  from  a  bone  which 
borders  the  opening  for  the  gills,  and  the  pectoral  fin,  with 
its  scapula  and  muscles,  is  situated  between  its  foremost 
flakes.  Wherever  this  series  encloses  the  viscera,  its  flakes 
are  shallow,  and  their  thickness  internally  is  not  much  less 
than  at  their  external  superfides. 

Lastly,  the  flakes  of  the  ventral  series  (ii)  form  acute 
angles  with  the  abdominal  flakes,  the  points  of  which  incline 
to  the  tail.  It  is  attached  anteriorly  to  the  osJiyoides,  and  the 
bones  of  the  lower  jaw.  In  its  course  it  is  bounded  above  by 
the  abdominal  series,  and  below  by  a  membranous  septum, 
within  which  the  inferior  single  fins  arise.  The  flakes,  that 
cover  the  viscera,  are  shallow ;  and  they  lie  more  oblique  as 
they  approach  the  tail.  Both  this,  and  the  last  described 
series,  have  their  muscular  fibres  arranged  according  to  the 
length  and  figure  of  the  fish. 

Three  large  superficial  nerves  (kk)  passing  longitudinally 
from  the  head  to  the  tail,  in  the  course  of  the  membranous 
partitions,  give  off  fibrils  at  right  angles,  which  bend  inwards 
between  each  of  the  muscular  flakes.  A  larger  set  of  nerves 
are  sent  from  the  medulla  spinalis,  one  between  each  flake, 
the  branches  of  which  seem  to  enter  without  ramifying  there. 
Another  small  nerve  passing  from  the  head,  and  running 
deep-seated,  and  close  to  the  dorsal  spines,  crosses  and  unites 
with  each  of  the  spinal  fibrils,  and  at  the  junction  a  remark- 
able body  appears :  it  is  a  loose  transparent  vesicle,  about  the 
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J6IZC  of  a  millet-seed,  ccmtaiiiing  a  white  substance  like  the 
carbonate  of  lime  found  in  the  intercostal  ganglions  of  frogs. 
This  vesicle  is  included  within  the  sheath  of  the  nerve. 

The  coats  of  the  blood-vessels  are  of  a  delicate  texture, 
and  easily  ruptured.  In  order,  therefore,  to  secure  them  from 
being  injured  by  the  violent  smd  sudden  .  actions  of  the 
muscles,  the  principal  trunks  both  of  the  arteries  and  veins 
are  indosed  in  osseous  canals,  formed  by  die  bases  of  the 
superior  and  inferior  spinous  processes ;  and  their  first  rami- 
fications lie  within  grooves  in  the  spines.  As  they  pass  out 
to  supply  the  muscles,  their  branches  are  immecBately  subdi- 
vided, so  that  a  considerable  vessel  soon  becomes  extremely 
minute. 

The  rate,  at  whigh  many  fishes  move  through  a  medium 
MO  dense  as  water,  is  very  remarkable ;  their  velocity  being 
scarcely  surpassed  by  the  flight  of  the  swiftest  birds :  and 
although  the  large  proportion  of  muscles,  and  their  advan- 
tageous application,  may  partly  account  for  the  phenomenon, 
yet  the  power  would  be  inadequate  to  the  effect,  if  it  were 
not  suddenly  enforced ;  as  is  evident  from  the  slow  progress 
of  eels,  and  such  fishes  as  are  incapable  from  their  length, 
and  flexibility,  of  giving  a  sudden  lateral  stroke. 

But  the  quickness  and  force  of  action  in  the  muscles  of 
fishes  are  counterpoised  by  the  short  duration  of  thdr  powers. 
Those  accustomed  to  the  diversion  of  angling,  are  aware 
how  speedily  the  strength  of  a  fish  is  exhausted,  for  if,  when 
hooked,  it  be  kept  in  constant  action,  it  soon  loses  even  the 
ability  to  preserve  its  balance,  and  turns  upon  its  side,  fatigued 
and  incapable  of  motion.  This  has  been  vulgarly  attnbitted 
to  drowning,  in  consequence  of  the  mouth  being  closed  upon 
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ihe  hook ;  hut  the  same  effects  take  place  when  the  hook  is 
fastened  to  the  side,  or  tail.  This  prostration  of  strength  may 
depend  partly  on  fear,  and  partly  on  inteml)>ted  respiration^ 
since  fishes,  when  swimming  rapidly,  keep  the  membrame 
hwichiostegie  dosed,  and  when  nearly  exhausted,  act  violently 
with  their  gills. 

The  shortness  of  the  muscular  fibres,  and  the  multiplied 
ramifications  of  the  blood-vessels,  are  probably  peculiar 
adaptations  for  the  purpose  of  gaining  velocity  of  action, 
which  seems  to  be  kivariably  connected  with  a  very  limited 
duration  of  it.  Such  examples,  form  an  obvious  contrast  with 
the  muscular  structure  of  slow*-moving  animals,  and  with 
those  partial  arrangements  where  unusual  continuance  of 
action  is  concomitant. 

Since  my  former  communjcations  on  the  subject  of  cylin- 
drical arteries,*  another  instance  of  their  supplying  slow* 
moving  musdes,  which  are  capable  of  long  continued  action, 
has  been  pointed  out  to  me  by  Mr.  Macartney.  It  is  in  the 
muscles,  which  act  upon  the  feet  and  toes  of  many  birds,  and 
seems  to  be  an  adaptatic^  for  the  long  exertion  of  those 
muscles  while  they  sleep,  and  also  when  they  alternately 
retract  one  foot  under  the  feathers  to  preserve  it  from  the 
effects  of  cold. 

The  musdes  of  the  human  body,  which  perform  the  most 
su(^n  actions^  have  their  masses,  of  fibres  subdivided  by 
transverse  t^adons,  or  are  arranged  in  a  penniforra  direction* 
The  semi-tendinosus,  and  seminraembranosus  of  the  thigh  are 
thus  constructed ;  the  former  having  its  fleshy  belly  divided 
by  a  narrow  fascia,  and  the  fibres  of  the  latter  being  ranged 
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fti  a  half-penniform  mknner.  The  recti  Mominis  are  also  di- 
vided into  short  masses  hy  transverse  tendons,  and  all  these 
muscles  are  conjointly  employed  in  the  action  of  leaping. 

Perhaps  these  observations  may  indicate  the  reason  for 
that  (fiyersity  in  tfee  lengths  of  various  muscles,  which  act 
together ;  thus,  organs  of  velocity  are  joined  with  those  of 
power,  and  mutually  co-operate  to  produce  a  simultaneous 
effect. 

DtscRiPTioN  OF  Plate  I. 

The  drawing  was  made  from  a  cod  which  had  been  coagu- 
lated by  heat,  in  a  case  of  plaister  of  Paris,  the  skin  being 
taken  away,  and  an  equal  portion  of  the  flakes  carefully 
removed  from  each  series,  to  exhibit  their  several  directions. 
The  subject  was  reduced  to  the  present  size  by  accurate 
measurements. 

oj.  Muscles  which  extend  the  pectoral  and  jugular  fins. 

6666^,  Oblique  muscles,  which  erect  the  rays  of  the  single 
fins. 

cCy  Muscles  which  depress  the  rays. 

dd,  Muscles  which  extend  the  rays  of  the  tail. 

«,  Interosseal  muscles,  which  close  the  rays. 

ff  The  dorsal  series  of  muscular  flakes. 

gg^  The  vertebral  series. 

hhy  The  abdominal  series. 

2/,  The  ventral  series. 

kkky  Three  superfidal  nerves  which  run  longitudinally  be- 
tween the  series  of  flakes. 

/,  Posterior  surface  of  a  dorsal  flake. 

m,  Posterior  surface  of  an  abdominal  flake« 
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n,  Anterior  surface  of  a  vertebral  flake. 

Oj  Anterior  surface  of  an  abdominal  flake. 

The  middle  portion  of  the  fish  from  whence  the  flakes  have 
been  removed,  shews  the  several  directions  of  them,  and  also 
their  different  thicknesses.    The  spine  appears  in  the  chasm. 


Digitized  by 


Google 


£hilos.IhLfu:UDQ  C  CYt.^late  I.  p. 22. 


\      \      i    I     > 


;€> 


m       h 


a       A 


k 


^a^ir  /^ 


«.      J 


Digitized  by 


Google 


Digitized  by 


Google 


Z  13  3 


11.  The  Bakerian  Lecture  on  the  JRorce  of  Percussion.  jBy  William 
Hyde  Wollaston,  M.  D.  Sec.  R.  S. 


Read  November  14,  1805. 

When  different  bodies  move  with  the  same  velocity,  it  is 
universally  agreed  that  the  forces,  which  they  can  exert 
against  any  obstacle  opposed  to  them,  are  in  proportion  to 
the  quantities  of  matter  contained  in  the  bodies  respectively. 
But,  when  equal  bodies  move  with  unequal  velodties,  the 
estimation  of  their  forces  has  been  a  subject  of  dispute  be*- 
tween  different  classes  of  philosophers.  Leibnitz  and  his 
followers  have  maintained  that  the  forces  of  bodies  are  as  the 
masses  multiplied  into  the  squares  of  their  velocities,  (a 
multiple  to  which  I  shall  for  conciseness  give  the  name  of 
impetus) ;  while  those,  who  are  considered  as  Newtonians, 
conceive  that  the  forces  are  in  the  simple  ratio  of  the  velocities, 
and  consequently  as  the  momentum  or  quantitas  motus,  a  name 
given  by  Newton  to  the  multiple  of  the  velocity  of  a  body 
simply  taken  into  its  quantity  of  matter. 

•  It  cannot  be  expected  that  at  this  time  any  new  experiment- 
should  be  thought  of,  by  which  the  controversy  can  be  de- 
cided, since  the  most  simple  experiments  that  have  already 
l^eeh  appealed  to  by  either  party  have  received  different  in- 
terpretations from  their  opponents,  although  the  facts  werip^ 
admitted. 
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My  object  in  the  present  Lecture  is  to  consider  which  of 
these  opinions  respecting  the  force  exerted  by  moving  bodies 

15  most  conformable  to  the  usual  meaning  of  that  word,  and  to 
shew  that  the  explanation  given  by  Newton  of  the  third  law 
of  motion  is  in  no  respect  favourable  to  those  who  in  their 
view  of  this  question  have  been  called  Newtonians, 

If  bodies  were  made  to  act  upon  each  other  under  the  circum- 
stances which  I  am  about  to  describe,  the  kcKling  phsenomena 
would  occur,  which  afford  the  grounds  of  reasoning  on  either 
$ide. 

Let  a  ball  of  day  dor  of  any  otheor  soft  art*  wholly  inelastic 
sub^noe  besusfiended  at  rest^  but  free  to.  move  in  any  diree- 
ti(X)L  with  ^  sligihtest  impulse;  and  let  there  be  two  peg» 
similar  and  ecfual  ia  every  respect  inserted  slightly  into  its 
opjpbsite  Sides.  Let!  theve  be  also  two,  ot^r  bodies,  A  and  B» 
of  any  magnitude^  wIhcIi  are*  to  each  other  in  l&e  propoftion 
of  9  to  1 ;  suspended  in  sueh  a  position^  that  wlrai  perfectly 
at  rest  they  shall  be  in  contaiot  with  the  extvemkies  of  the 
<^>po«ite  pegs  v^ritiluttt  pressing  against  them.  Now  if  these 
bodies  were  made  to  swmg  with  motions  so  adapted  th^  in 
faUiitig  from  heights  in  the  proportion  of  i  to  4  they  m^ht 
strike  at  the  same  instant  against  the  pegs  opposite  to  them^ 
the  ball  of  clay  would  not  be  moved  frcxn  its  place  to  either 
side;  nevertheless  the  peg  impelled  by  the  smaller  body  B, 
whiclihas  the  double  velocity,  would  be  found  to.  have  pene- 
trated twice  as  far  as  the  peg  impelled  by  A. 

It  is  unnecessary  to  make  the  experiment  precisely  as  here 
stated,  since  the  results  are  admitted  as  facts  by  both  parties; 
but  upon  these  facts  they  reason  differently. 

One  side  observing  that  the  ball  of  clay  remains  unmoved. 
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eonsid^rs  the  proof  indisputable  that  the  action  of  the  body  A 
is  equal  to  that  of  B,  and  that  their  forces  are  properly  mea« 
sured  by  their  momenta^  which  are  equal,  because  their 
velocities  are  in  the  simple  inverse  ratio  of  the  bodies.  Their 
opponents  think  it  equally  proved  by  the  unequal  depths  to 
which  the  pegs  have  penetrated,  that  the  causes  of  these 
effects  are  unequal,  as  they  find  to  be  the  case  in  their  esti- 
mation of  the  forces  by  the  squares  of  the  velodties. 

One  party  is  satisfied  that  equal  momenta  can  resist  equal 
pressures  during  the  same  time;  the  other  party  attend  to 
the  spaces  through  which  the  same  moving  force  is  exerted, 
and  finding  them  in  the  proportion  of  s  to  1,  are  convinced 
that  the  vis  viva  of  a  body  in  motion  is  justly  estimated  by  its 
magnitude  and  tlie  square  of  its  velocity  jointly. 

The  former  conception  erf  a  quanthy  dependent  on  the 
continuance  of  a  given  vis  matrix  for  a  certain  time  may  have  its 
use,  when  correctly  applied,  in  certain  philosophical  considera- 
tions ;  but  the  latter  idea  of  a  quantity  resulting  from  the 
same  force  exerted  thrcAigl)  a  determinate  i^ace  is  of  greater 
practical  utility,  as  it  occurs  daily  in  the  nsual  occupations  of 
men ;  since  any  quantity  of  work  performed  is  always  appre- 
ciated by  the  e:s3tent  of  eflfect  resulting  from  their  exertions  : 
for  it  is  well  known,  that  the  raising  any  great  weight  410 
feet  would  reqsdfPe  4  timei^  as  much  labour  as  wou-Id  be  requi- 
site to  raise  an  equal  weight  to  the  height  of  10  feet,  and  that 
in  its  slow  descent  the  forteer  would  produce  4- times^  the 
effect  of  the  latter  in  continuing  the  motion  of  any  kind  of 
machine.  Moreover,  if  the  weights  so  raised  were  suffered 
to  fall  freely  thrcughthe  heights  that  have  been  ascended  by 
means  of  4  and  of  1  minute's  labour,  the  velocities  acquired 
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would  be  in  the  ratio  of  8  to  i,  and  the  squares  of  the  velo- 
cities  in  proportion  to  the  quantities  of  labour  from  which 
they  originated,  or  as  4  to  i ;  and  if  the  forces  acquired  by 
their  descent  were  employed  in  driving  piles,  their  more 
dudden  effects  produced  would  be  found  to  be  in  that  same 
fatio. 

This  species  of  force  has  been,  first  by  Bernouilli  and 
afterwards  by  Smeaton,  very  aptly  denominated  mechanic 
force ;  and  when  by  force  of  percussion  is  meant  the  quantity 
of  mechanic  force  possessed  by  a  body  in  motion,  to  be  esti- 
mated by  its  quantity  of  mechanic  effect,  I  apprehend  it 
cannot  be  controverted  that  it  is  in  proportion  to  the  magni- 
tude of  the  body  and  to  the  square  of  its  velocity  jointly. 

But  of  this  quantity  of  force  Newton  no  where  treats,  and 
has  accordingly  given  no  definition  of  it.  If,  after  defining 
what  he  meant  by  the  quantitas  acceleratrix^  and  quantitas 
matrix,  he  had  had  occasion  to  convey  an  equally  distinct  idea 
of  the  quantitas  mechanica  resulting  from  the  continued  action 
of  any  force,  he  might,  not  improbably,  have  proceeded 
conformably  to  the  definition  given  by  Smeaton,  and  have 
added 

■  quantitas  mechanica  est  mensura  proportionalis  spatio 
per  quod  data  vis  motrix  exercetur ; 

or,  if  speaking  with  reference  to  the  accumulated  energy 
communicated  to  a  foody  in  motion, 

proportionalis  quadrato  velocitatis  quam  in  dato 
corpore  geherat. 

But,  if  we  attend  to  the  words  of  his  preface  to  the  first 
edition  of  his  Principia,  he  evidently  had  no  need  of  such  a 
definition ; 
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^'  N6S  autem  non  artibus  sed  i^losophias  cotisulentes,  deque 
'^  potmtiis  non  manualibus  sed  naturaHbus  scribentes/'  &c. 

And  again,  nearly  to  the  same  effect  in  the  Scholium^  which 
follows  the  laws  of  motion^  '*  Caetenim  mechanicam  tractare 
*'  non  est  hujus  instituti/' 

In  the  third  law  of  motion  he  has  cm  the  contrary  been 
supposed  to  speak  of  this  force  from  an  ambiguity  in  the  sig- 
nification of  the  words  actio  and  reactio.  By  these,  however^ 
Newtok  certainly  meant  a  mere  vis  matrix  or  pressure,  as  he 
himself  exj^ains  them.  *^  Quicquid  premit  vel  trahit  alteram, 
*^  tantundem  ab  eo  premitur  vel  trahitur.  Si  quis  lapidem 
*•  digito  jM^mit,  premitur  et  hujus  digitus  a  lapide,"  &c.  The 
same  meaning  is  equally  evid<»it  from  his  demonstration  of 
the  third  corollary  to  the  laws,  in  which  he  asserts  that  the 
quantitas  motHs  of  two  or  more  bodies  estimated  in  any  given 
direction  is  not  altered  by  their  action  upon  each  other.  The 
demonstration  begms  thus : 

'^  Etenim  actio  eique  contraria  reactio  sequales  sunt  per  legem 
'<  tertiam,  ideoque  per  legem  secundam  aequales  in  motibus 
"  elScient  mutationes  versus  contrarias  partes.'*  Now,  if  he 
had  considered  the  third  law  as  implying  equality  of  more 
than  mere  moving  forces,  there  could  have  been  no  occasion 
to  refer  to  the  second  law,  with  a  view  thence  to  deduce  the 
equality  of  momenta  produced. 

ScMne  authors  however  have  interpreted  the  third  law 
differently,  and  accordin^y  have  expressed  a  difficulty  in 
comprehending  the  simple  illustration  given  by  Newtok. 
When  they  say  that  action  is  equal  to  reaction,  they  mean 
not  only  that  the  instantaneous  intensity  of  the  moving  forces, 
or  pressures  opposed  to  each  other,  are  necessarily  equal,  but 
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•conceive  also  a  spedes  of  accumulated  force  residing  k  a 
moving  body,  which  is  capable  of  resisting  pressure  during  a 
time  that  is  proportional  to  its  momentum  or  quanutas  motus. 

If  it  be  of  any  real  utility  to  give  the  name  of  force  to  this 
complex  idea  of  vis  motrix  extended  through  time,  as  well  as 
that  of  momentum  to  its  effects  when  unresisted,  it  would  be 
requisite  to  distinguish  this  force  always  by  some  such  appel- 
lation as  momental  force ;  for  it  is  to  be  apprehended  that  for 
want  of  this  distinction  many  writers  themselves,  and  it  is 
.certain  that  many  readers  of  diquisitions  on  this  subject  have 
confounded  and  compared  together  vis  matrix^  momentum^  and 
vis  mechanica:  quantities,  that  are  all  of  them  totally  dissi* 
milar,  and  bear  no  more  comparison  to  each  other,  than  lines 
to  surfaces,  or  surfaces  to  solids. 

In  practical  mechanics,  however,  it  is  at  least  very  rarely 
that  the  momentum  of  bodies  is  in  any  degree  an  object  of 
consideration:  the  strength  of  machinery  being  in  every 
case  to  be  adapted  to  the  quantitas  motrix^  and  the  extent 
and  value  of  the  effect  to  be  produced  depending  upon  the 
quantitas  mechanica  of  the  force  applied,  or  in  other  words  te 
the  space  through  which  a  given  vis  motrix  is  exerted. 

The  comparative  velocities  given  by  different  quantities  of 
mechanic  force  to  bodies  of  equal  or  unequal  magnitude  have 
been  so  distinctly  treated  of  by  Smeaton,  in  a  series  of  mo;$ 
direct  experiments,*  that  it  would  be  a  needless  waste  of  time 
to  reconsider  them  in  this  place.  So  also,  on  the  contrary,  the 
quantities  of  extended  mechanic  effect  producible  by  bodies 
moving  with  different  quantities  of  impetus  have  beto  as 
clearly  traced  by  the  same  accurate  expcrimentalist.-f 
,    But  there  is  one  view,  in  which  the  comparative  forces  of 

*  Pha..  Trans,  Vol  LXVL  450.,  f  Vol.  LXXW.  337.. 
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impact  of  different  bodies  was  not  examined  by  Smeaton,  and- 
It  may  be  worth  while  to  shew  that  when  the  whole  energy 
of  a  body  A  is  employed  without  loss  in  giving  velocity  to 
a  second  body  B,  the  impetus  which  B  receives  is  in  all  cases 
equal  to  that  of  A,  and  the  force  transferred  to  B,  or  by  it 
to  any  third  body  C,  (if  also  communicated  without  loss,  and 
duly  estimated  as  a  mechanic  force, )  is  always  equal  to  that 
from  which  it  originated. 

As  the  simplest  case  of  entire  transfer,  the  body  A  may  be 
supposed  to  act  upon  B  in  a  direct  line  through  the  medium 
of  a  light  spring,  so  contrived  that  the  spring  is  prevented  by 
a  ratchet  from  returning  in  the  direction  towards  A,  but  ex- 
pands again  entirely  in  the  direction  towards  B,  and  by  that 
means  exerts  the  whole  force  which  had  been  wound  up  by 
the  action  of  A,  in  giving  motion  to  B  alone.  In  this  case, 
since  the  moving  force  of  the  spring  is  the  same  upon  each  of 
the  bodies,  the  accelerating  force  acting  upon  B  at  each  point 
is  to  the  retarding  force  opposed  to  A  at  the  corresponding 
points  in  the  reciprocal  ratio  of  the  bodies,  and  the  squares  of 
the  velocities  produced  and  destroyed  by  its  action  through  a 
given  space  will  consequently  be  in  that  same  ratio.  The 
momentum,  which  is  in  the  simple  reciprocal  ratio  of  the 
bodies,  might  consequently  be  increased  at  pleasure  by  the 
means  proposed,  in  the  subduplicate  ratio  of  the  bodies  em- 
ployed ;  and  if  momentum  were  an  efficient  force  capable  of 
reproducing  itself,  and  of  overcoming  friction  in  proportion 
to  its  estimated  magnitude,  the  additional  force  acquired  by 
such  a  means  of  increase,  might  be  employed  for  counteracting 
the  usual  resistances,  and  perpetual  motion  would  be  easily 
effected.  But  since  the  impetus  remsims  unaltered,  it  is  evident 
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that  the  utmost  which  the  body  B  could  effect  in  return  would 
be  the  reproduction  of  A's  velocity,  and  restitution  of  its 
entire  mechanic  force  neither  increased  nor  diminished,  exr 
cepting  by  the  necessary  Imperfection  of  machinery.  The 
possibility  of  perpetual  motion  is  consequently  inconsistent 
with  those  principles  which  measure  the  quantity  of  force  by 
the  quantity  of  its  extended  effect,  or  by  the  square  of  the 
velocity  which  it  can  produce. 

In  estimating  the  utmost  effect  which  one  body  can  produce 
upon  another  at  rest,  the  same  result  is  obtained  by  employ- 
ing impetus  as  ascensional  force,  according  to  Huygens  ;  for 
if  the  body  A  were  allowed  to  ascend  to  the  height  due  to  its 
velodty,  and  if  by  any  simple  mechanical  contrivance  of  a 
lever  or  otherwise  the  body  B  were  to  be  raised  by  the 
descent  of  A,  it  is  well  known  that  the  he^hts  of  ascent 
would  be  redj^'ocally  as  the  bodies ;  and  consequently  that 
the  square  of  the  velocity  to  be  acquired  by  free  descent  of  B 
would  be  in  that  ratio,  and  the  quantity  of  mechanic  force 
would  be  preserved  as  before  unaltered. 

It  may  be  of  use  also  to  consider  another  application  of  the 
same  energy,  and  to  shew  more  generally  that  the  same 
quantity  of  total  effect  would  be  the  consequence  not  only  of 
direct  actbn  of  bodies  upon  each  other,  but  also  of  their  indi- 
rect action  through  the  medium  of  any  mechanical  advantage 
or  disadvantage ;  although  the  time  of  action  might  by  that 
means  be  increased  or  decreased  m  any  desired  proportion. 
For  instance,  if  the  body  supposed  to  be  in  motion  were  to 
act  by  means  of  a  lever  upon  a  spring  placed  at  a  certain 
distance  from  the  centre  of  motion,  the  retarding  force  op- 
posed to  it  would  be  inversely  as  the  distance  of  the  body 
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f|i9in  ^  centre ;  and  since  the  space  through  whick  the  hpdy 
wrauid  move  to  lose  its  who]b  velocity  woyld  be  redproqilly 
49  the  relnrding  force,  the  angular  motiop  of  tlje  li&yer  an4 
sp^ce  through  whi^h  the  spring  must  bend,  wp»14  ^  the 
^^ime,  at  vrhatever  pdnt  of  the  lever  the  body  f(€ted.  Ai)d 
conversely,  the  reaction  of  the  spring  upon  any  okl^er  body  B» 
would  in  all  po^ops  comm]unicate  to  it  the  sgme  velopty. 

It  may  be  rea]i9rj|(:ed,  however,  that  the  times  in  whiph 
th^fi^  total  eSectf  suis  ppod^i^ped  may  be  varied  at  ple^asDre  in 
pipportipn  tP  th«  distan/ces  at  which  the  bodies  are  plaped 
fr0i9  the  4^entr^  of  ntptkfa ;  and  it  should  not  pass  ui)ob* 
served  that,  although  ihie  intensity  of  suiy  vis  motrix  is 
iOdEspasad  liy  hieing  pl^tqed  at  wh^jt  is  called  a  mechanical  ad- 
yai)t9g^»  ye^  ^n  die  iccmtrary ,  any  quantity  pf  mecl^anic  fof*ce 
W  not  liajbl^  to  either  Jioprease  or  dimHXMtiori  1^  any  «uch 
viV)«tion  in  the  mode  of  its  application. 

(S^upe  we  can  ^  ^leons  of  any  medi^nic  force  consisting  of 
S  pis  mofrix  ex^ilted  ljbro^gh  a  given  spflce,  give  motion  to  ^ 
bcK^y  for  the  pyrpose  of  enipjloying  its  impetus  for  the  prodiv> 
tioix  of  any  sMddep  e&pt,  or  can,  ton  the  contrary,  occasion  a 
moWng  body  to  asaspd^  and  thus  resolve  its  impetus  into  a 
moving  force  ready  to  exert  itself  through  a  determinate 
space  of  descent^  and  capable  of  produdng  precj^ely  the  same 
quantity  pf. mechanise  e^t  $is  before,  the  force  depending  on 
impetus  may  justly  be  said  to  be  of  the  same  kind  as  any  other 
n^echanic  fbtcce,  and  they  may  be  strictly  compared  as  to 
qiMnfity. 

In  this  manner  we  ipay  even  compare  the  force  of  a  body 
in  motiop  to  the  same  kind  of  force  contained  in  a  given 
quantity  of  gunpowder,  and  may  say  that  we  have  the  same 
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quantity  of  mechanic  force  at  command  whether  we  have  ilh. 
of  powder,  which  by  its  expansion  could  give  to  i  ton  WeigM 
a  velodty  sufficient  to  raise  it  through  40  feet,  or  the  weigh* 
actually  raised  to  that  height  and  ready  to  be  let  down  gra-^ 
dually,  or  the  same  weight  possessing  its  original  velocity  to 
be  employed  in  any  sudden  exertion. 

By  making  use  of  the  same  measure  as  in  the  former  case»> 
ii  distinct  expression  is  likewise  obtaMed  for  the  quantity  of 
mechanic  force  grven^  to  a  steahi^ngine-  by  any-  quantfty 
of  coals;  and  we  arc  enabled  to  make -a  comparfion^ bf  its 
effect  with  the  quantity  of  work  that  one  or  more  hdr'ses  may 
have  performed  in  a  day,  each  being  expressed  by  the  space 
through  which  a  given  moving  force  is  exerted.  In  the  case 
of  animal  exertion  however,  considerable  uncertainty  always 
prevails  in  consequence  of  the  imequal  powers  of  animals  of 
the  same  species,  and  varying  vigour  of  the  same  animal; 
The  information  which  I  have  received  in  reply'  to  inquiries 
respecting  the  weights  raised  in  one  hour  by  horses  in  dif-* 
ferient  situations,  has  varied  as  far  as  from  6  to  15  tons  to  the 
height  of  100  feet.  But  although  the  rate  at  which  mechanic 
force  is  generated  may  vary,  any  quantity  of  work  executed 
is  the  same,  in  whatever  time  it  may  have  been  performed. 

In  short,  whether  we  are  considering  the  sources  of  extended 
exertion  or  of  accumulated  energy,  whether  we  compare  the^ 
accumulated  forces  themselves  by  their  gradual  or  by  their 
sudden  effects,  the  idea  of  mechanic  force  in  practice  is  always 
the  same,  and  is  proportional  to  the  space  through  which  any 
moving  force  is  exerted  or  overcome,  or  to  the  square  of  the 
velocity  of  a  body  in  which  such  force  is  accumulated. ' 
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In,   Mimoire  sur  les  Qjuantitis  maginaires.    Par  M.  Bu6e. 
Communicated  by  William  Morgan,  Esq.  F.  R.  S. 


Read  June  20,  1805. 

'  .  Des  Signes  ^  et  —. 

3 »  Obs  sjgiies  ont  des  significations  oppos^es^. 

Canj^iikT^s^QommeBi^aRsd^t^h'a^  +  et  — 

MSit  ]es  signes,  Tun-de  Yaddkidnj  Tautre  de  la  soustractUm. 
/,  Consider^a  comme  s^nes  A'opirations  ghmitriques,  ils  in^ 
diquent  des  directions  opposies.    Si  Tun,  par  exempie,  signifie 
qu'une  ligne  doit  etre  tir^  de  gaoiche  a  droite,  Tautre  signifie 
qu^eUe  doit  etre  tir6e.de  droite  a  gauche. 

s.  Remarque.  Lorsqu'on  d6crit  une  ligne  d'une  longueur 
d6terniin6e,  daiii^  une  direction  d6termiii6e,  on  fait  deux 
choses:  l^  on  donne  a  cette  ligne  sz,  longueur;  ^.  on  lui 
donne  sa  direction.  La  premiere  de  ces  operations  est  pure- 
ment  orithMitique.  Loiaecondeestpwrementgiomitrique.  Dans 
la  preBwdre  on  fait  abstraction  de  la  direction.  Dans  la  se^ 
•  conde  on  fait  abstraction  de  la  longueur.  Lors  done  qu^on 
i:eunit  c^s:  deiix  o|]«^raiions^  on  fait  r^ellement  une  operation 
aritkmitico^ghmStrique.  Ainsi,  lorsque  je  parlerai  d'ophntions 
g^ametriquesy  je  n'diurai  en  vue  que  les  directions  des  lignes; 
abstraction  faite  de  leurs  longueurs.  Revenons  aux  signes  4- 
?t  — . 

3.   En  genoral  lorsque  +  et  ^^  ne  signifient  pas  simple^ 
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meint,  Tiin  Taddition,  et  Tautre  la  soustraction^  pour  savoir 
ce  que  —  signiiie  devant  une  lettre,  il  faut  savdr  ce  que  sig- 
nifieroit  +  devant  cette  meme  lettre,  et  prendre  pour  —  la 
signification  oppo36e. 

Si,  par  exemple,  -f  ^  signiiie  un  temps  passim  -^  t  signiiie  un 
temps  futur  6gaL  Si  +^  d6signe  une  pmpriiti^  — /  d^signe 
une  dette  de  meme  valeur,  &c. 

4.  II  est  important  de  remarquer  ici  que^  lorsqu'une  chose 
d6sign^e  par  -|- 1,  une  ligne,  par  exemple,  change  de  situation 
dans  le  courant  d'une  opSrition  ^thrndtico-g^om^trique,  et 
qu'en  cons^uenod  cette  figne  a  jsucoes^venvmt  pluneurs  ^tu^ 
ations  (qui  toUtes  sont  d<^gti6es  par  +/^  ii  n«  mMt  pas, 
pour  coimoitre  hk  situadon  ddsignAe  par^l,  deccmoltiie  OM 
de  chiles  qii'dn  d^signe  par  ^l;  il  faut  encore  Mvok*  il 
laquelle  chaque  «^  /  estoppos^e. 

5.  Ce  detail  nous  kn^ne  a  k  consequence  sUivante. 
Chacun  des  signes  ^  et  i»-  a  deux  slghifi^atioiis  tmit-^l^faft 

l^  Mi6  devant  uhe  quantity  q,  ib  peiiv«ntiii6Aigiier,  eomifte 
je  Tai  dit,  deux  opiraiions  nritimitiques  opj^sfes  dont  ceite 
quantity  est  ie  si\jet 

s^  Devant  cette  me»iequantit£»  ils  peuvent  ddsi|^ier  deux 
qualitis  opttos^s  ayactt  pour  siget  les  iSmtis  dont  c&tte  quan* 
tit6  est  coAipos^^. 

6.  Dans  Talgilire  cMinaire,  c'est*^-dire,  dahs  Talg^re 
considi^ie  dtmlne  arithmitique  universelie,  01^  Ton  fait  abstract 
tion  d6  tofete  ^espdce  de  quality,  les  s^es  +  ^t  •"  '^^  peuvent 
avdr  que  la  premiere  de  ces  significations. 

Par  consequent,  dans  cette  algebre  otii  tout  est  abstrait,  une 
qititntit^  isol^  peut  bien  pcHtear  le  signe  +  qui,  dans  ce  cas, 
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n-aymte  rien  a  i'idde  de  cette  quantity ;  mais  eUe  ne  peitt  pas 
^rtcor  le  signe  *-  ( c'est  uii  des  prmcipes  fondamenttux  de 
Mr.  Carnot,  dans  sonexcdl^it  traits  ihtituld;  Geam^trie  (k 
Position.)  £h  effet  cette  quantity  etant  suppose  iaol^,  si  on 
r^oute,  ce  Ene  pent  6tre  qu'a  zAro ;  si  cm  1st  soustrak^  ce  lie 
peiit  £tre  que  de  z^ro.  Le  premier  est  possible ;  mais  le  ser 
cond  est  absurde.  C'est  aussi  ce  que  Mr.  Fbehd  a  bieu  vu, 
dans  ses  ^^mens  d'algebre. 

Par  consequent,  toutes  les  fois  qu'oni  a  pour  r^^^tat  d'une 
ojp6ratian  ime  quantity  pr^c^di^e  du  signe  — *,  il  faut,  |)our  que 
ce  r£sultat  ait  un  sens,  y  consid^rer  ^pielque  quality.  Alors 
Talgebre  ne  doic  plus  6tre  regard  6e  simplement  comme  une 
arithmkiipie  umverselie,  mais  oomme  ux»  langue  ma^khftatique, 

7«  Premi^  remarque.  Lorsqu'on  a  dit*  que  les  signes 
-|-  et  -*-  indtquoient  deux  sens  apposes,  on  avoit  &i  vue  la 
seoonde  des  s^ifications  que  j'ai  donnas  a  oes  ^gnes 
(No.  5) ;  car  etre  susceptible  d'un  sens  est  une  qualite. 

De  n)6me,  lorsqu'on  a  dit^f  qu'une  quantity  negative  ^oit 
l^us  petite  que  z^ro,  on  avc^  enccnre  en  rue  cette  secomie 
signification;  car  de  n'est  pas  hk quantity  qm  est  plus  peti£e 
que  ziro ;  efest  la  quditi  qui  est  inf^rieure  a  la  nulUU.  Par 
exerople,  bi  mes  dettes  excddent  mes  propri^s,  je  siiis  plus 
pMYne  que  si  je  n'avois  ni  propri^t^s  ni  dettes. 

8.  Secorade  remarque.  Les  deux  significations  de.  -f  et  ~ 
ne  peuiviait  pas  avoir  lieu  en  m6me  temps,  relativement  an 
mdme  -(-  ou  an  m^toie  —  ;  car  oe  seroit  faire  signifier  en 
m^me  temps,  au  m^me  signe,  une  abstraction  et  une  non-- 
abstraction  de  Ibube  quakti.   Mais  i"".  ces  deux  significations 

•  Voyix  Us  Opuscules  mathematiques  ^/rD'ALBMBBRT,  Tome  VIIL  p.  270. 
t  BvLSR,  tntrotheHo  m  Anafysin  Infinitammi  T.  IL  p^  4,  N«^3« 
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peuv€nt  avoir  lieu  en  mime  temps  pour  deux  4*  <>u  ^^ssasi  -*• 
dtfl^ens.  %"".  Elles  peuvent  aussi  avoir  lieu  pour  le  m^me  4- 
ou  le  m^tne  — ,  en  deux  differens  temps, 

Le  premier  cas  arrive  dans  ce  qu'on  appelle  ^  mu/^2j^/rV:afoM 
des  sTgnes.  Le  second  arrive  dans  la  solution  d'un  probleme. 
On  sait  en  effet  que,  pour  r6soudre  algebriquement  un  pro- 
bl6me,  il  faut  d'abord  traduire  la  question  eh  langage  alge-- 
brique ;  ensuite  traduire  les  formules  du  langage  alg^rique 
en  d'autres  formules  du  m^me  langage ;  enfin  traduire  celles- 
ci  dans  les  operations  qu'elles  signifient.  Lorsqu'on  traduit 
une  question  (dont  Tobjet  n*6st  pas  quelque  nombre  abstrait) 
en  langue  alg^brique,  c'est  la  seconde  signification  (No,5) 
qu'on  doit  attribuer  aux  signes  -f  ou  — .  Dans  la  seconde 
traduction,  c'esf  la  premiere  signification.  Dans  la  ^.  c'^est 
la  premiere  ou  la  dde.  ou  toutes  les  deux  a  la  fois  (No«  s). 

II  arrive  dans  toutes  les  solutions  de  pix)bl£mes  par  i'alge-; 
bre  ce  qui  arrive  dans  les  plus  simples  regies  de.  trois. 
Lorsqu'on  traduit  la  condition  de  la  question  en  une  proportion 
g^m^trique,  on  pose  les  termes  de  cette  proportion  comme 
des  nombres  coricretSj  c'est-a-^dire,  comme  des  nombresd'iinites 
auxquelles  des  qualities  sont  attach^es.  Lorsqu'on  opere  une 
multiplication  et  une  division  sur  les  termes  de  cette  propor- 
tion ( c'est-a-dire,  lorsqu'on  fait  la  3e.  des  traductions  dont 
j'ai  parl6)  on  regarde  ces  termes  comme  des  nombres  ah^ 
straits.  Lorsqu'enfin  on  traduit  en  langue  vulgaire  le  r^sultat 
de  ces  operations,  on  regarde  ce  resultat  comme  urt  nombre 
concret. 

9.  Troisieme  remarque.  Selon  la  seconde  signification 
donn^e  (No.  5)  aux  signes  +  et  — ,  ils  d^signent  deux  qua-- 
litis  oppos6es  ayant  pour  sujets  les  unitis  dont  une  quantity 


Digitized  by 


Google 


M.  Bui/fi  m  imaginary  Qftant^s.  ^ 

eistcpmposie.  Or  comme  une  quality  ne  peut  6tre  separ6e  de 
son  sujet,  les  signes  4*  ^t  —  ne  peuvent  6tre  s^pares  de  leurs 
unites.  Dans  la  langue  alg6brique,  ces  unites  sont  des  sub- 
stoHtifs,  et  fcs  signes  -{•  et  — ,  des  adjectijs.  Par  consequent 
+  5  ct  —  q  tiennent  toujours  lieu  de  +  ^  •  ?  ^t  —  1  . 9,  c'est- 
a*dire,  de  Tunit^  +  lou  —  1  (ayant  une  quality  quelconque) 
prise  q  fois.  Cette  expression  (q  fois)  marque  que  q  est  pris 
pour  un  nombre  abstrait.  De  mfime,  si  /  et  /'  d^signent  des 
lignes,   -^^  Ixl'  et  —  /  x  /'  tiennent  lieu  de  +  1'.  /  x  /'  et 

—  1*.  /  X  /',  !•  etant  une  surface  carr^e  et  /  x  /'  un  nombre 
abstrait.    Si  /  ou  /'  d^signoit  une  surface,  alors  +  /  x  /'  et 

—  /  X  /'  (qui  auroient  chacun  trois  dimensions,  savoir,  les  deux 
dimensions  de  la  surface  et  la  dimension  de  la  ligne )  tien- 
droient  lieu  de  +  1^  x  IP  et  —  1'  x  //'. 

II  en  seroit  de  mdme  de  toute  autre  signification  de  /  et  de 
P.  On  voit  par  la  toute  I'^tendue  de  la  signification  des  ad- 
jebtifs  -f  ^^  -*^  unis  a  leur  substantif  1. 


Dm  Signe  i/— 1. 

10.  Je  mets  en  titre»  Z>m  s^pie  V—if  et  noa,  De  h  quantiti 
§u  De  PtmiU  ifnk^hudre  \/T^ ;  paroeque  V^H^  est  un  signe 
particttfier  joiMl  Punit6  r^ell^  1,  et  nc^i  une  cpiaiitit^  particu* 
li^re.  Cest  un  nouvel  adjectif  joint  au  substantif  ordmaire  1, 
et  non  un  nouveau  substantif. 

Mais  que  veut  dire  ce  signe  ?  II  n^indique  ni  une  addidon, 
ni  une  soustraction,  ni  une  suppresKop^  ni  une  opposition  par 
rapport  aux  signes  -f-  et  -— .  Une  quantity  accompagn^e  de 
•— 1  n'est  ni  additive^  ni  soustractive,  ni  6galel  z/kro.    La 
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quality  marquee  par  \/^^  n'est  opposfe  Til  a  cdte  qu^In^Bque 
+ ,  ni  a  ceHe  qui  «rt  d^sig^e  par  — .    Qu'€st-elle  done  ? 

Pour  le  d^coiivrir,  supposons  trois  lignes  ^galea  AB,  AC, 
AD,  (Plate  II.  Fig.  i.)  qui  partent  toutes  du  paint  A.  Si  je 
d^signe  la  ligne  AB  par  +^>  ^^  ligne  AC  sera  — i,  ct  la  ligne 
AD,  qui  est  une  moyenne  proportionelle  entre  AB  «t  AC,  sera 
n^cessairement  V — 1%  ou  plus  simplement,  v^^^-  Aliwi 
V—i  est  le  signe  de  la  perpendicularite',  dont  la  propri^tiS 
caract^ristique  est,  (p^e  tons  les  points  de  la  perfendiculaire  sent 
egalement  iloignis  de  points  places  a  egales  distances,  de  part  et 
d' autre  de  son  pii,  Le  signe  V  —  i  exprime  tout  cela^  et  U  est 
le  seul  qui  Texprime. 

Ce  signe  mis  devant  a  (a  signiiiant  une  ligne  ou  une  surface) 
veut  done  dire :  ipi'ilfaut  donner  d  a  une  situation  perpendiculaire 
a  celle  qu'on  liU  donneroit,  si  Von  a:ooit  simplement  -j-  ^ou  — a. 

1 1 .  Voici  une  autre  mani^re  de  j^axy^n^*^ ;a,ujaitoie  r^iUtat. 

Soient  AB,  AD  (Fig.  2.)  deux  cot^s  contigus  du  carr^ 
ABCD.  Supposons  AB  =  ±  1 ,  et  par  consequent  AD  =  ±  1 , 
et  mettons  en  A  le  point  de  depart  de^a  description  des  lignes 
AB  et  AD,  ensorte  que  AB  et  AD  portent  le  m^me  signe  + 
ou — ,  et  <]^  k  €arr6  ABCD  fioit  posidfi 

Mamtemuit  iaiaoas  &ire  a  ce  €ar#6  ABCD  uri  qualt  dt  V^ 
voludon  autonr  du  pcdnt  A  piis  cchiuid^.  oeafere.  -..  Aprl^  oe 
mouvement,  le  {Kunt  B  sera  en  B%  k*  point  C  <nC',  et  le 
point  D  en  D'.  Chacune  des  Ugnes.  Afi^  BC,  €D»  DA, 
prendira  uoe  situation  perpendicmbireja  celle. qu'c^  a^cfe»  et, 
ao  Meu  ducarr6  ABCD,  on  atira  fe  coird  AB'C'JD'.  Or  A  ^ant 
ie  poiot  de  difcpait,  il  est  ciair  que,  si  le  cazr^  ABCD  eat  po- 
sitif,  le  €axr4  AB'C'jy  d<9«t  «tpe  n^gatif^  ^  to^  versd^    Par 
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consequent  si  ABCD  =  +  V  dont  le  dbti  AB  ou  BC  ou  CD 
ou  DA  est  =  +  1,  on  a  Ae'C'D*  ==  —  !•  dont  le  c6t6  AB* 
|>erpendiculaire  a  AB,  ou  WO  perpendiculaire  a  BC,  ou  CD' 
perpendiculaire  a  CD,  ou  D'A  perpendiculaire  i  DA  est 
srr  +  \/-^i.  On  voit  done  que,  si  Tan  donne  a  tous  les  cot^s 
d'un  carr^  des  positions  perpendiculaires  k  celles  qu'ils  ont, 
smts  cependant  changer  l&irs  positions  nspecUves  et  en  Jdisant  le 
plus  petit  mauvement  possMe  ( c^est«^*dire,  en  n'ajoutant  pas  le 
mouvement  de  translation  k  oehd  de  rotation )  an  obtient  le 
nv^me  rdsultad:  qu'ai  joignant  le  aigste  V^^  au  aigne  de  cea 
cdt6s. 

i«.  s/^^  n*estd«ic  pas  le  signe  d'une  op^raticHi  arithmi^ 
tTque,md*m\e  operation  arithmkico^iomitrique  (No.  ft),  mais 
d'une  operation  purement  gtoraifttrique.  C^est  un  signe  de 
perpendicularity.  C'estun  signe  puremeirltdescriptif.  J*appelle 
signe  pumment  dexriptif  vol  signe  qui  indique  la  ^^ctitm  d'une 
Hgne,  2^^stri|odon  faite  de  sa  Jangtseur.  Ainsi  les  moAs  purenuat 
dnmptifoM  U  mdme  sigmfioation  ^p&e  les  n»ts  piatment  gio^ 
mttriqfu  (No.  ft). 

13.  II  faut  distinguer  la  perpendicularity  indiqu^e  par  ce 
signe  detjeBes  qu'indiquent  les  signes  sin.  ct  cos.  Ces  demiers 
signes  ne  peuvent  pas  indiquer  la  perpendicularity  I'un  sans 
t^witre,  et  indme  si  I'un  et  Tautre  ne  tont  pas  attach^  k  la 
mtaie  qumtitd.  Aiiisi  sin^a  et  C9s.  a  indiqoent  bien  la  per* 
pendioibaiitd  cte  r«n  k  Tautre;  nnds  sin.  a  et  cos.  b  ne  Tin* 
diquent  pas^ .  W" — 1 ,  au  contraire,  indique  relativement  k  a  une 
BiSOBsak>Vi  perpendiouiaire  a  celles  de  ^a  et  de  —a. 

Sin.  et  «)s.  scwt  des  signes  artificiels  .  V  ^  est  «ai  signe 
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naturel,  puisqu'il  est  une  cons^uence  n^ssaire  des  ai^^  4? 
et  —  consid6r6s  comme  signes  de  direction.  , 

14.  1j3l  perpendicularite  indiqu6e  par  le  signe  V^— 1  est  une 
qualiti.  Par  consequent  une  quantity  accompagn^  de  ce 
signe  n'est  pas  une  quantity  abstraite,  parceque  ses  unites  ne 
sont  pas  des  unites  abstraites, 

15.  Non  seulemeut  Tunit^  aflfect^e  du  signe  y/^^^  n'est 
pas  une  unite  abstraite,  mais  elle  peut  dtre  regard^e  comme 
une  nouvelle  indeterminde  introduite  par  ce  signe.  En  eflet, 
ce  signe  indique  la  perpendicularity,  mais  il  n'indique  que 
cela.  II  n'indique  pas  le  point  de  depart  de  la  perpendiculaire. 
Si  done  ce  point  de  depart  n'est  pas  determine  d'ailleurs,  ce 
signe  le  laisse  ind^termine.  Ainsi  tandis  que  la  longueur  de  la 
ligne  perpendiculaire  est  amstante,  sa  maniere  d'etre  perpendicu^ 
laire  est  variable.  De  plus,  soit  AD  (  Fig.  1 . )  Tunit^  k  laquelle 
le  signe  >/ — 1  est  attache.  Elle  peut  6tre  aussi  bien  AD', 
AD",  ou  tout  autre  rayon  du  cercle  DD'D";  puisque  ce  cerde 
etant  suppose  perpendiculaire  au  plan  de  ce  papier,  tous  sts 
rayons  sont  perpendiculaires  a  la  ligne  CB  qui  est  sur  le  plan 
de  ce  papier. 

16.  Quoique  la  perpendiculariti  soit  proprement  la  seule  qua- 
lite  indiquee  par  le  signe  sZ-^ty  on  peut  lui  faire  ^nifier, 
au  fguri,  une  qualite  toute  differente,  pourvu  qu'on  puisse 
raisonner  sur  cette  qualite,  comme  on  raisonneroit  sur  la  per- 
pendicularite  meme.  Par  exemple,  si  +^  repres^ite  une 
5omme  possidee,  et  —  ^  la  meme  somme  due/]e  dis  que  sy/^^ 
peut  repr6senter  la  nseme  somme  tii  possidie  ni  due,  parce^ 
qu'tm  peut  raisonner  sur  cette  demiere  somme  relativem^t 
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atixdeux  autares,  comme  sur  la  ligne  AD  (Fig.  1.)  relative- 
ment  aux  lignes  AB,  AC. 

En  efkt,  de  mtoie  qu'un  point  quelconque  de  la  ligne  AD 
est  ^galement  distant  des  points  de  la  ligne  CD  qui  se  trouvent 
au  meme  ^loignement  du  point  A,  de  meme  luie  partie  quel- 
Qpnque  de  la,  somme  qui  n'est  ni  possedee  ni  due  est  dans  une 
£gale  situation  relativement  aux  parties  dgales  de  la  somme 
possedie  et  de  la  somme  due.  La  possession  active  ^tant  done 
exprim^e  par  +,  et  la  dette  ou  possession  passive,  par  — ,  la 
ligation  y  non  pas  de  la  somme^  mais  de  sa  possession  soit  active 
sdilpassive,  peut  toujours  etre  exprim^e  p^r  v^— i- 

57.  On  peut,  d'apres  cette  id6e,  r^soudre  fadlement  la 
question  suivante. 

Prohlime  I. 

Un  homme  possede  un  nombre  n  de  livres.  II  y  a  de  plus 
im  nombre  n'  de  livres  qui  est  par  rapport  k  lui,  ou  une  ^no- 
priitey  ou  une  dette ,  ou  urte  somme  ni  possedie  ni  due.  Si  Ton 
ajoute  ensemble  les  deux  nombres  n  et  n',  on  aura  une  somme 
X.  Si  Ton  soustrait  n'  de  «,  on  aura  un  difference  y.  Cette 
somme  et  cette  diff'^rence  sont  telles  que  x-^-yzna,  et  jrj^=s6 
(h  6tant  une  somme  possedie  ou  due  ou  ni  I'un  ni  i'autre^  et  a 
une  propriiti).  On  demande  i"".  les  valeurs  des  nombres  n  et 
«';  2**.  si  n'  est  une  propriiti  ou  une  dette  ou  une  somme  nipossidie 
nidue? 

D'apres  T^nonc^  de  cette  question,  nous  avons  les  quatre 
Equations  suivantes :  x+jy=^;  xy=i  h;  n  +  n'=:x;  n  —  n'=:y. 
Ces  quatre  ^uations  donnent  :-.----. 

x  =  -^ — j-^;y= J— 1.;;^  =  -;  etn=: '^. 
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Si  4&  >  a\  b  6tdnt  positzf,  n'  est  une  somme  ni  fmsid^e  ni 
due. 

IS  4&  <  0",  ou  si  &  est  n^atif,  n'  est  une  sornme  oupossidie 
ou  due.  Dans  ce  cas  elle  augmente  ou  diminue  la  scmime 
d^sign^e  par  n. 

Si  h  porte  le  signe  v^^^,  alors  n'  est  eh  partie  possedie  ou 
due  et  en  partie  ni  passed fe  m  due. 

18.  n  se  pr^sente  ici  une  objection  qui  d'abord  paroit  insur«* 
ttiontable.  Pour  exposer  cette  olgectioit  de  la  manidre  la  plus 
simple,  substituons  des  chiffres  aux  lettres  a  et  b.  Faisons 
a  =  2et  6=2.  Nous  auronsa:=i  +  V — 1 ;  ^=1  +  v^— 1 ; 
«  =  1 ;  et  n'=  \/3i  =  la  valeur  1  qm  n'est  ni  possed6e  ni 
due;    x+>r=-      1  +  v^~      ^  1  q: -v/IIT     =:g;    zy=x 

(i±v/i)  (i  +  v^=T)  =  r-(v/::Tr=i--(~i)  =  «. 

Ce  resultat  r^pond  k  la  question ;  m^s  on  peut  croire  qu'il 
ny  r^pond  que  d'apres  une  supposition  absurde,  savoir,  que 
\/— 1,  qui  n'est  ni  une  propri6t6  ni  une  dette,  6tant  multipli^ 
par  —  V^  — i,.qui  n'est  pareillement  ni  une  propri6t6  ni  une 
dette,  donne  +  *  qui  est  une  propri6t6.  Comment  suffit-il^ 
pour  me  faire  acxju^rir  une  propri^t^,  de  multiplier  une  somme 
qui  m'est  ^trangere  par  une  somme  qui  m'est  ^galement 
^trangere  ? 

Gette  objection  est  semblable  a  celle-ci :  comment  la  dette 
—  1  multipli^e  par  la  dette  — 1  peut-elle  produire  la  propri^t^ 
4"  1  ?  Ce  qiu  fait  la  force  de  cette  objection  tient  k  ce  que,  en 
la  proposant,  on  n'analyse  pas  exactement  ce  qui  se  passe 
dans  Top^ration  appellee  multiplication.  En  eiFet^  si  Ton 
attache  aux  mots  leur  signification^  ordinaire,  cette  expression^ 
multiplier  une  dette  par  une  dette ^  ne  pr^sente  aucun  sens 
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intelfigible ;  cKr,  multiplier,  par  exemple,  S  P^  4>  signifie  en 
g^n^ral^  prendre  3, 4  fm;  de  sorte  que  multiplier  la  dette  3 
par  la  dette  4  ne  pourroit  signifier  que,  prendre  la  dette  3  une 
dette ^defois^  ce  qui  est  un  gdimat^hias.  Cette  expression 
-«i  X  ^—1  ne  doit  done  pasr  dtre  traduite  par  celle-ci :  ladette 
•—  1  muiapliee  par.  la  dette  •— 1.  Voyons  comment  eUe  doit 
dtre  traduite. 

Le  multiplicateur  -*i  pr^sente  deux  id^es,  savoir,  Tid^e  de 
runit6  1  et  Tid^  exprim^e  par  le  signe  ~.  Ce  dernier  «gne 
repr^sente  une  operation,  de  sorte  que  le  double  signe  x  •— • 
en  repr^sence  deux.  Cela  pos£,  il  est  facile  de  concevoir  que 
—3  X  —  4  signifie :  -^  Zpris  /^fois  avec  un  signe  contraire  a  celui 
que  donneroit  — 3^+4  ou— 3.4  (No,  3. )  Les  mots : 
pris  4ifoiSj  sont  la  traduction  de  x  4,  et  les  mots :  avec  un 
signe  contraire,  &c.  sont  celle  de  — *.  Maintenant  si  Ton  ap- 
plique ce  qui  vient  d'etre  dit  au  quadruple  sig^e  \/^T  x  — 
s/^^9  on  verra  que  les  mots  suivans  de  Tobjection:  v^— 1, 
qui  n'est  ni  unepropriete  ni  une  dette ,  etant  muUiplie  par^-s/'^. 
qui  n'est  pareillement  ni  une  ppopfiete  ni  une  dette^  que  ces  mots, 
cDs-je,  sont  une  fausse  traducticxi  de  VZZi  x  *^  V^-*^f  et  que 
la  vraie  traduction  dece  signe  compost  est  celle-d :  La  quan^ 
tite  concrete  s/'^^ prise  unefois,  dans  mi  sens  egalement  eloignt 

des  sens  que  presenteroient  V  HTx*-  ( +1 )  et  \/^^  x  —(—1 ) 
(Nos.  10  et  16)^ 

Cette  explication  fait  ^vanouir  Tobjection.  En  effet  cette 
objedibn  tombe  sur  la  mani^re  dcmt  la  solution  da  probl^me 
rempUt  k  condition  exprim^  par  xyzsib.  xy  signifie  x  mul* 
tiplic  pary.  Cette  expression :  multiplit  pary,  doit  toe  prise 
dans  un  sens  intelligible.    Or  Texplication  que  je  viens  de 

MDCCCVI.  F 
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donner  du  signe  complexe  V^i  x —  i/ 117  est  (si  je  ne  me 
trompe)  parfaitement  intelligible  ;  elle  est  mSine  la  seule  qui 
puisseTetre  ;  elle  n'offre  d'ailleurs  aucune  absurdity,  et  conduit 
k  la  solution  complette  du  probleme  propos6.     Done  &c. 

19.  La  solution  de  la  question  pr^c^dente  me  paroit  impos- 
sible par  Talgebre  ordinaire  qui  n'attribue  aucune  signification 
intelligible  au  signe  V — 1. 

so.  On  voit  par  le  detail  dans  lequel  je  viens  d'entrer  que, 
de  cela  seul  qu'une  question  conduit  a  un  r^sultatqui  renferme 
le  signe  V  —  1,  il  ne  s'ensuit  pas  qu'elle  soit  absurde. 

II  ne  s'ensuit  pas  non  plus  qu'elle  ne  le  soit  pas. 

Pour  aider  k  reconnoitre  ce  qui  en  est,  dans  les  difKrens 
cas,  posons  quelques  prindpes. 

SI.  1**.  Dans  les  questions  purement  arithm^tiques,  le 
signe  V^^  devant  indiquer  une  operation  arithm^tique,  et  ne 
le  pouvant  pas,  indique  ime  operation  absurde. 

22.  s^  V3i  indique  une  qtialite  moyenne  entre  deux 
qualit^s  opposes  dont  Tune  est  exprim^  par  +  et  Tautre 
♦par  — .  Ces  qualites  doivent  Stre  independantes  de  Id  quantite\ 
Lors  done  que  la  quality  moyenne  n'est  pas  ind^pendante  de 
la  quantity,  elle  ne  peut  *tre  exprim6e  par  V^— 1 ;  car  v^Hi 
ne  peut  exprimer  qu'une  qualit6  ind^pendante  de  toute  quan- 
tity, c'est-i-dire^  une  quality  qui  reste  la  meme,  quoique  la 
quantity  varie.  Si,  par  exemple,  j'exprime  un  temps  Jiitur  par 
+  ty  et  un  temps  passe  par  —  ^,  /  \/ — 1  ne  peut  rien  signifier, 
parceque  le  present  qui  est  la  quality  moyenne  entre  le  Jiitur 
et  le  passe,  n'est  qu'un  instant  indivisible  et  qu'il  n'a  d'autre 
expression  que  o. 

33;.   Si  cependant  on  entend  (car  le  langage  ordinaire  est 
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si  vague  qu'il  est  peu  d'expressions  qu'on  ne  puisse  entendre 
de  plusieurs  manieres)  par  present j  un  certain  espace  de 
tempSy  comme,  cejaur-ciy  le  mots  present^  la  presente  annee,  ie 
Steele  present,  alors  t\^ — 1  peut  avoir  une  signification.  Car, 
par  exemple,  soit  AB  (Fig.  3. )  le  mois  pass6  —  t,  EF  le  mois 

prochain  +  ^  BC  repr^sentera  la  premiere  moiti6  ""  ^""^  et 

DE  la  seconde moiti^  "*"^  ^""'  du  mois  present,  de  sorte  que 

I'expression  du  niois  present  entier  sera  ""^  ^^'  +  ~^=o, 

(  voyez  le  No.  suivant).  Or  o  (qui,  comme  on  le  verra  bien- 
t6t,  a  deux  significations)  est  la  veritable  expression  du 
present.  De  plus,  comme  les  lignes  BC,  DE,  sont  ^gales  et 
perpendiculaires  aux  lignes  AB,  EF,  on  vbit  que'les  parties 
des  deux  moiti^s  du  m(As  present  qui  sont  ^galement  eloign^es 
de  son  milieu  CD,  le  sont  pareillem^t.  Tune  de  Textr^mit^ 
A  du  moispasse\  et  I'autre  de  Textr^mit^  F  du  naois  prochain. 

£4.  II  faut  cependant  observer  que,  cette  espace- de^r^Vim^ 
^yant  des  limites  constantes,  si  la  valeur  de  +tV^^  donnoit 
des  limites  cfifF^rentes  de  celles  qui  seroient  suppos^es  tadte- 
ment^  alors  il  y  auroit  une  contradiction  entre  cette  valeur  de 
+  V^^  et  cette  supposition  tacite.  Par  cons^uait  la  so- 
lution donn^  par  cette  valeur  serolt  absurde. 

85.    N\  On  trouvera  peut-^tre  une  espece  de  paraloglsme 

dans  r^quation  —  —^  +  ^"T™  =^/  P^^  laquelle  je  fais 
rdspace  d^un  mois  6gal  k  z6ro. '  Mais  on  observera  i^.  que 
cette  ^uation  ressemble  k  la  phrase  d'un  homme  qui,  apres 
s'fitre  6gar6  se  retrouve  au  point  dont  il  vouloit  s 'Eloigner,  et 
dit:  "  Je  ne  suis  pas  plus  avanc^,  apres  tant  de  chemin,  que 
"  si  je  n'en  avois  fait  aucun ;"  car  le  temps  est  pouf  Tesprit  ce 

F» 
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que  Vespace  est  pour  le  corps.    On  observera  s^  que  "^' 


2 

-|- ' — ^  n'est  qu'un  signe,  aussi  bien  que  o.  Ce  ne  sont  pas 
les  choses  que  j'^galise^  mais  les  signes  qui  pr^sentent  ces 
choses  sous  un  point  de  vue  particulier.  Je  les  ^galise,  par- 
ceque,  dans  Texemple  actuel,  je  puis  raisonner  sqr  la  chose 
que  me  pr6sente  le  double  signe  +  \/^^  —  V^^,  comme 
•ur  celle  que  le  signe  o  me  pr^sente,  et  que  run  et  Tautre  de 
ces  signes  me  conduisent  aux  mdmes  consequences.  CettC 
^uation  n'est  pas  r^elle.  Elle  n'est  qu'artificielle»  comme 
tout  Test  dans  Talg^bre.  Elle  veut  dire  ced :  un  mots  dont 
on  fait  abstraction  est  (relativement  aux  consequences)  egal  a  un 

mois  qui  n'exitte  pas.  Dims  ("^  ""'^''"^^"" />  c'est  la  qualiti 
d€  passe  ou  de  futur  qui  est  z^ro ;  dans  o^  c'est  la  quaniite  de 
passe  etdeJuturKfiAV^Bt 

s6.  Le  signe  o  a  deux  mgnifications.  On  peut  en  efiet  le 
consid^rer  sous  un  point  die  vue  arithmetique  et  sous  im  point 
de  vue  descriptif.  Sous  le  ptemier,  o  dgnifie  quantite  nulle. 
Sous  le  s^&cond,  il  signifie  ime  description  telle  que  k  distance 
entre  le  premier  et.le  dernier  point  est  nulle.  (Voyez  la 
Figures). 

27.  Get  exemple  fait  voir^  si  je  ne  me  trompe,  que  les  sigaes 
-|-  V'^^  et  —  V^*— 1  peuvent  avoir  une  signification  toutes 
les  fois  que  les  qualit^s  representees  par.  les  signes  opposes 
-4-  et  -—  sont  tielles  qu'une  unit£  peut  avoir  Vune  ou  V autre  ou 
ni  Vune  ni  Tautre^ 

De  cette  maniere  les  signes  -f  ^  —  peuvent,  mdme  comme 
signes  d'addition  et  de  soustraction,  admettre  au  milieu  d'eux 
le  signe  l/^^.    Alors  -f  9  ^gnifie  que  la  quantity  ^  a  la 
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qoaliti  d'etre  additipe ;  —  q,  qu'elle  est  soustf^active i  q  >/— a, 
qn'elle  n'est  ni  additive  ni  soustractive ;  que,  par  cons^ent, 
q  V^  est  Stranger  k  T^quation  qui  contient  +  g  ou  -^  q, 

N\  U  faut  bien  remarquer  ici  qu'^fre  etranger  ne  signifie  pas 
Sin  nulj  mm  itre  regarde  commenuL  Dans  Texemple  present, 
itreetrangers\ff[nAe :  ni  additif  m  sOustractif.  Efrenul  signifie : 
additif.^/  soustractif  en  meme  temps. 

aS;  s*.  Lorsque  V— 1  signifie  une  qualiti  de  la  chose  prise 
pour  unit^y  examinohs  ce  que  la  presence  de  ee  signe  indique, 
dans  le  cas  oik  la  question  demande  qu'on  fasse  abstraction  de 
cette  quality  et  qu'en  consequence  on  ne  fasse  pas  usage  de 
son  sgne.  Quand  on  fait  une  abstraction,  comxne  par  exemple^ 
quand,  en  consid^rant  la  longueur  d'une  ligne,  on  fait  abstract 
lion  de  sa  largeufy  il  faut  que  tous  les  raisoxmemens  qu'on  fait 
8ur  cette  ligne  soient  ind^pendans  de  cette  largeur.  II  faut 
par  consequent  que  le  signe  de  cette  largeur  ne  paroisse  pas, 
ou  qu'il  soit  accompagn^,  non  du  signe  ±y  mais  des  signes 
s^par^s  +  et  —  dont  Tun  puisse  d^truire  Teflfet  de  Tautre.  Si 
v^Hi  exprime  cette  lofgeur  et  qu'il  paroisse  dans  le  r^sultat 
de  ces  raisonnemens,  sans  pouvoir  dtre  ddtruit  autrement  que 
par  une  nouvelle  Equation  qui  contredise  les  Equations  etablies^ 
il  indique  quelqiie  contradiction  dans  ces  raisonnemens.  II 
indique  done  alors  une  absurdity.  Lots  done  qu'on  trouve  ce 
^signe  dans  un  r^isultat,  il  faiit  voir  si  la  question  6sigeoit  qu^'on 
fit  abstraction  de  la  quality  indiqu^e  par  ce  signe.  Si  elle  I'exi* 
geoit,  la  question  etoit  impossible*  Sinon,  elle  ne  I'^toit  pas. 

29.  Si  elle  exigeoit  qu'on  fit  cette  abstraction,  cette  ab- 
straction etoit  une  condition.  L'expression  de  cette  condition 
devoit  etre  une  Equation*    Cette  Equation  nouvelle  supposoit 
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une  ndiivelle  ind^termin^e  pour  que  le  probteme  ne  fut  pas 
plus  que  d^ermin^.*  Or  (No.  14.)  runit6  renferm^e  dans 
le  signe  \/3i  pouvant  efre  regard^  oomme  un  nouvelle  in- 
d^termin^e  introduite  par  oe  signe,  et  son  ind^termination 
etant  relative  non  k  la  quantite,  mais  a  la  quaiite,  la  seule  ma^ 
niere  d'exprimer  qu'on  faisdit  abstraction  de  cette  quality,  6toit 
d'^galer  k  z6ro  tous  les  termes  multiplies,  par  V — 1.  S8 
done  le  r^sultat  donne  la  somme  de  ces  termes  comme.n'6tant 
pas  =0,  il  est  en  contradiction  avec  les  conditions  de  la 
question. 

30.  4*-  Mais  toutes  lesfois  qu'on  pent  donner  au  signe  V  —  i 
une  signification  compatible  avec  ies  conditions  du  prohleme^  c'est- 
i-dire,  lorsque  ces  conditions  n-adraettent  ni  n'excluent  cette 
signification,  Tind^termination  qui  accompagne  Tunit*  qu'il 
renferme  corrige  le  d^faut  que  ce  probl^me  peut  sembler 
avoir  d'etre  plus  que  determine. 

.  31.  De  tout  ce  qui  vient  d'etre  dit  je  conclus  que  partout 
oil  Talg^bre  n'est  qxx'arithmetique  universelle  et  oil  le  signe 
t/ITi  se  trouve  mel6  avec  les  signes  +  ou  ~  sans  pouvoir 
6tre  supprim6,  les  quantit^s  qui  portent  ce  signe  t/HT  sont 
(des  quantites  imaginaires;  mais  que,  quand  Talgcbre  devient 
une  langue  (et  elle  le  devient  dans  toute  Equation,  puisque 
toute  ^uation  est  une  proposition)  alors  les  quantiiti^s  qui 
portent  le  signe  v^~  peuvent  etre  ou  n'ctre  pas  r^elles. 
£lles  le  sont  lorsque  ni  la  quaiite  figur^e  par  le  signe  v^-r-i, 
ni  Ja  quantite  afiectde  de  ce. signe,  ne  sont  en  contradiction  avec 
les  conditions  de  la  question. 

•  Poytx  la  &0mitrie  dt  Poiitioti  dt  Mr.  CAitffOT  (page  55.) 
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3d.  Je  crois  qu'il  est  a  propos  d^ajouter  id  ime  remaniue 
analogue  a  celle  du  No.  8. 

'  Danis  ce  No.  je  dis  queles  deux '  significaftioiis  de  -f  €*•— 
ne  peuvent  pas  avoir  lieu  en  meme  temps,  relativemCTit  au 
m6me  +  ou  au  mSme— .  '  J'en  dis  autant  du  sigrie  v/— 1 
xV — 1.     Mais  cette  remarque  a  besoin  d'etre  d6veIopp6e. 

Prindpe  g^n^ral.  Ldrsqu'on  a  une  ^iqiiitibn  identique,' Jes 
signes  +,  —  et  V—i  ne  peuvent  pas  avoir '^une  signification 
dans  un  de  ses  membres  et  un  autre  signification  dans  les 
termes  seitiblables  de  Tautre  membre.      =  '     «'i 

Par  exemple,  si  Tori  fait  ( Fig.  1 . )  AB =1  et  XD  =*  1/— i, 
on  aura  BD*=  AB  -j-  AD  ==!*+(  V^ --1  )*.  Supposons  pour 
un  instant  i*-f  ( t/I^)*=  -f  1 — 1  =0.  ^^On  auraBD*=  o, 
ce  qui  est  absurde.  C'est  que  le  premier  membre  i*4-  ( V— a  )• 
ou  AB'+  AD  repr^sente  une  ,^^t^r^  form^e  de  deux  carr^s 
dgaux  tels  que  les  c6t6s  de  V\m  sont  perperidicutaires  aux  c6t6s 
correspondans  de  Tautrie  (No.  11.);  tahdis  que  le  second 
membre  +1  -ri  00  o  signifie  la;</j(^Vwu»  :de  deux  unites  ab- 
strides  ^pl0s.  Ainsi  T^uatioh  iili  s^  o  peijt  :4ti^  traduite 
par  cette  proposition :  hi  figure  BD  est  6gale  a  la  diffirence  de 
deux  unites  abstraites.  Cette  proposition  ne  renferme  point  de 
contradiction^  mais  ^lie  ne  prt^nte  ^uqpij^  sens.  Les  jdies 
^u'elleaHie  ne^ont. point  ()^05tfVf,p^^  

SQ.U  esflbon  de  faire  attention  k  cette  distinction  entire 
oj>pose  et  disparate.  Si  les  signes  «+•  et  —  n'avoient  qn'une 
signification^  lejsigne  — •  auroit  n^cessairement  la  m6me  signi- 
fication dans  les  deux  membres  de  T^quation  BD*==AB'+ 
ABTssAF— (— AD')=s:i*-*-i'=i=o.    Cette  Equation  offt^iroit 
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d$«ix  \AH^^<^es  rc^ardb^es  commeime  ^ule  et  nufimeid^. 
EUe  seroit  contradictoire.  Ce  seroit  lafaute^du  signe  — ..  Mais 
;si  les  4gnes  ^  et  — i  t>n[t  cfaacfin.deux  significations,  r^uatioii 
JSB*+ AD*=ai*— i^aso  n'ofire  plus  que  deux  v^e^  disparates. 
Bile  est  Teffet  d'une  confusion  d'id^.  Cest  la  faute  de 
Vanaliste^.     .  ". 

34,.  Cette  dLstincdop  rae  paroit  pr^venir  les  objections  insur-* 
^ontables  que  M^.  Cahnot  fait,  dans  te  discours  pr^liminaire 
de  sa  Gcmctriede  Position,  contrp  cette  proposition ;  les  s^e? 
«|-  et  —  indiquent  deux  directions  oppos^es.  Ses  objections 
suppo|sent  tacitement  que  ces  signes  n'ont  qu'une  signification. 

35.   Autre  exemple.  Selon  la  mani^re  ordinaire  de  s'expri- 

______  .         • 

mer,  on  a  (Fig.  i-)  BD"=:  i*  +  i*    Par  cons^uent  BD^ss 

proportion  absurde,  si  Ton  attribue  a  VTsa,  signification  arith- 
m^tique.  Mais  si  Ton  multiplie  la  seconde  raison  de  cette 
proportion  par  1-}- %/—!•,  on  aura  .-••---- 

l  +  \/— 1* :  VT: :  ^/T%  i  +y— i* :  2,  ou  t^s/^^V :  V^% 

i+v^ — 1* : :  Vi"  V  VTxi/d,  proportion  dont  la  v^t6  saute 
aux  yeiix,      i     ^  . 

J'sd  dit:  si' an 'attache  ct  \/Tsa  signification  arithmetique ;  car 
sii'dn  attache  a  V^'sa  signfficition  g6omdtrique,  qui  est  de 
repr^senter  la  diagonale  d'un  carr^  dont  le  c6t6  ^t  1,  alors 
la  proportion  i-J-\/IIi?  :  V2":  r  Vs*:  1— t/— i*  ne  sera  plus 
absurde.  En  efFet,  si  VFrepr^senfe  TO  (Fig- 1.)>  ^1  repr^ 
sente  une  ligne  dont  la  direction,  par  rapport  a  Ba,  peut  6tre 


repr^sentte  de  la  maniire  suivante  :  soit  V— 1  ss  1  x  ^  * 


ir 


Digitized  by 


Google 


M.  Bue'e  on  imaginary  Quantities.  41 

f  e  6tant  la  base  des  logarithmes  hyperboliques  et  ir  la  demi- 
circonftrence  d'un  cercle  dont  le  rayon  est  1 ) ;  1  x  ^  * 

ivn 

signifie  la  ligne  AD  dont  la  direction  est  ^  *  De  m6me 

V  a  X  ^  ^        signifiera  la  ligne  BD  dont  la  direction  est  ^  ^        » 
c'est-a-dire,  demi-perpendiculaire.     Alors  la  proportion  pr6- 


— V-i  — V-i  -— V-i 


c6dente  deviendra  1  +  1  .e^         :  V^s  .  e^        ::V^.e    ^ 

:  1—1  .e^        ,oubieni-f  v^  — 1  :v^(cos.45''-|-^i"-45°^~^) 
: :  v^2  (cos.  45* — sin.  45'' V^  —  1) :  1 — v^^^  ;  oil  bien  1  +  ^  —  1 

:  f/a'[i~^j  :  :V^i"{''^  Z'j  :  1— V — 1,  qui  est  identique. 

56,  Pour  repandre  sur  cette  matiere  autant  de  clart^  qu'il 
m'est  possible,  je  me  proposerai  quelques  questions  a  re- 
soudre.  La  premiere  sera  prise  de  Touvrage  d^ja  cit6  de  Mr, 
Carnot.  J'exposerai  d'abord  la  solution  qu'il  en  donne,  en- 
suite  la  mienne.  Ce  rapprochement  rendra  plus  sensibles  les 
yrincipes  que  je  m'eflbrce  d'^tablir  dans  ce  M^moire. 

ProhlSme  II. 

37.  Voici  les  termes  de  Mr.  Carnot  (No.  58.) 
"  Proposons-nous  cette  question  :  une  droite  AB  (Fig.  4.) 
*'  dtant  donn^e,  trouver  sur  cette  droite  un  point  K,  tel  que 
"  le  produit  des  deux  segmens  AK,  BK,  soit  6gal  a  une  quan- 
"  tit6  donn^e ;  par  exemple,  a  la  moiti^  du  carr6  de  AB[ 

"  Comme  je  ne  sais  encore  si  le  point  K  doit  se  trouver  sur 
^*  la  droite  meme  AB,  ou  sur  son  prolongement,  j'-^tablis 

MDCCCVI.  G 
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<*  d'abord  mon  calcul^  en  supposant  que  c'est  sur  la  droite 
"  m^me ;  c'est-a-dire,  que  K  tombe  entre  A  et  B. 

"  Cela  pos^,  prenant  AK  pour  Tinconnue,  je  la  designe  par 
"  X,  et  je  nomme  a,  la  droite  donn^e  AB";  la  condition  du 
"  probl^me  me  donnera  done  x  (a—  a: )  =  -§■  «*,  ou x* — ax  + 

«  +i  a*=o,  d'oijje  tirex  =  i  a±  V^a'l=i{i±s/~)2, 
"  c'est-a-dire,  que  x  est  imaginaire. 

"  Je  ne  conclus  pas  de  la  que  la  solution  du  probl^me  pro- 
"  pos^  soit  impossible ;  mais  seulement  qu'elle  Test  dans  la 
"  supposition  que  j'ai  faite,  que  le  point  K  est  plao§  entre  A  et 
"  B  ;  c'est-a-dire,  que  le  probl6me  a  pu  6tre  mal  mis  en  ^ua- 
"  tion,  parce  que  j'aurai  ^tabli  mes  raisonnemens  sur  une 
"  figure  qiB  n'6toit  pas  celle  que  je  devois  consid^rer,  ou  qui 
"  ne  pouvoit  satisfaire  aux  conditions  du  proW^me.  J'^tablis 
"  done  de  nouveau  mon  raisonnement,  en  partant  d'une  hy-* 
"  pothese  autre  que  celle  que  j'avcHS  faite  d'abord,  c'est-a- 
"  dire,  que  je  supposerai  le  point  cherch6,  non  sur  AB,  comme 
"  je  Tavois  fak,  mais  sur  un  de  ses  fH-olongemens,  par  ex- 
"  emple,  en  K'. 

"  Alors  la  condition  du  probl6me  me  donne  x{x—a)z=z^a*, 

"  ou  x* — ox—  ^  j*=o ;  d'ou  je  tire  x=  ^  ^  ±  ^  i  ^%  Equation 
"  qui  ne  contenant  plus  d'imaginaires  r^sout  la  question  pro- 
**  pos^e. 

"  Cette  solution  est  double ;  Tune  x  =  |  a  +  Vfo*  ^tant 
"  positive,  r^soud  sans  difficult^  la  question,  conform6ment  a 
"  ma  nouvelle  hypothcse,  c'est-a-dire,  en  supposant  que  le 
"  point  cherch^  est  sur  le  prolongement  de  AB,  au  de  la  du 
"  point  B ;  ou  que  le  point  B  se  trouve  entre  A  et  le  point 
"  cherch^.     Mais  Tautre  solution  x  =  ^  ~  V'^  a*  6tant  n6- 
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•*  gative,  ne  peut  se  rapporter  a  la  m^me  hypothese,  et 
**  d'apres  ce  qiii  a  ^t^  dit  ci-dessus,  il  faut,  pour  en  avoir  la 
**  signification,  changer  le  signe,  et  voir  a  quel  syst^me  corr^- 
"  latif  r^quation  ainsi  modifi^  pourra  satisfaire.  Or  de  ce 
**  changement  il  resulte,  que  T^uation  x{jc — a)^=^a^,  qui 
^'  ex  prime  la  condition  du  probleme,  deviant  j:(j:-|-a)=|-aV 

Voyons  a  quel  nouveau  systdme  corr^latif  peut  satisfaire 
"  cette  nouvelle  expression  de  la  condition  du  probleme. 

"  Or  il  est  facile  de  voir  que  c'est  en  supposant  que  le  point 
**  K  tombe  sur  le  prolongement  de  AB,  nc«n  du  cdt^  de  B, 
**  comme  ct-dessus,  mais  du  cdt^  de  A  en  K".  Et  en  efFet, 
**  en  partant  de  cette  nouvelle  hypothese,  x  sera  AK",  et  BK" 
"  sera  x-^a;  d'oii  il  suit  que  la  condition  du  probleme  sera 

**  x(  j:4-^)=-j^>  et  cette  Equation  donnera  a:= — •^a±  V \(C 
**  dont  la  racine  positive  est  eflfectivement  la  mdme  que  celle 
"  qui  s'^tcMt  pir6sent^e  n^gativement." 

38.  Dans  cette  solution,  Mr.  Carnot  raisonne  rigoureuse- 
ment  d'apres  les  prindpes  fondamentaux  de  Talg^bre  con- 
sid6r6e  comme  aiithmetique  universelle.  Ces  principes  n'ad- 
mettant  que  des  unites  abstraites  ne  peuvent  admettre  de 
quantit^s  negatives  par  elles-mfime,  et  a  plus  forte  raison, 
de  carrcs  ncgatifs.  Cons^quemment  a  ces  principes,  Mr. 
Carnot  est  oblige  de  changer  sa  premiere  Equation  en  une 
seconde  qui  en  differe  essentiellement,  et  celle-ci  en  une  troi- 
sieme  qui  ne  difF^re  de  la  seconde  qu'en  apparence.  En  efFet 
sa  premiere  Equation  est  -^  x^-^-ax  —  ^  a*=  0(1); 
sa  seconde  -  -  -  -j-  x* — ax  —  -^  ^•=  0(2), 
et  sa  troisi^me      -        -     -f-x'+oj:  —  \  a*=  o  ( 3 )• 

G2 
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S9*   Or  je  dis  que  la  premiere  difFdre  essentiellement  de  la 
seconde.    Si  Ton  met  dans  Tune  et  dans  Tautrey  a  la  place 
deo,onaura    — xr-^  ax  —  ia'=y  -    -    -  (4),  et    - 
+  x*— ox— Aa'ssy  -    -    -  (5)- 

La  premiere  de  ces  ^uations  appartsent  a  un  cercle  dont  le 
rayon  est  imaginaire  et  dont  je  donnerai  bientdt  la  deieriptioii. 
La  seconde  appartient  a  une  hyperbole  ^uilatere  dont  Taxe 
est  f  v^, 

40.  Je  dis  que  la  seconde  ne  difF^^re  de  la  troisi^me  qu'en: 
apparence.  En  effet  ces  deux  Equations  donnent  (en  y  met^ 
tantjv*  aulieu  de  o) x* — ax — ^a*=y    -    -  (5); 

x'+ox— .ia*=-y     -    -  (6). 
Elles  appardennent  a  la  mdme  hyperbole  ^ualitere  dont  les^ 
axes  sont  =r-j-  t/g".   La  premiere  exprime  les  deux  branches 
positives  et  sousentend  les  negatives.     La  seconde  exprime 
les  deux  branches  ni&gatives  et  sousentend  les  positives. 

41.  Dans  les  prindpes  de  Mr.  Carnot  qui  sont,  je  le 
r^p^te,  les  prindpes  fondamentaux  de  Talgibre  consid^r^e 
comme  arithmetique  untverselle,  ll^quation  ( 1 )  ne  donne  aucune 
solution ;  la  seconde  n'ien  donne  qu'une,  et  la  ge.  une. 

Dans  les  prindpes  que  j'm  exposes  et  qui  appardennent  a 
Valgebre-langue,  ces  trois  Equations  donnent  chacune  deux 
solutions.  Les  deux  solutions  donntes  par  la  seconde  sont 
les  m^mes  que  celles  donn^es  par  la  troisieme.  Ainsi  Ton^ 
peut  supprimer  Tune  des  ^uations.  L'^quation  restante  don*- 
nera  les  deux  solutions  de  Mr.  Carnot.  Quant  a  la  premiere, 
il  faut  d^velopper  les  deux  solutions  qu'elle  donne  dans  mes 
principes. 

4«.  Soit(Fig.5.)AK=:+Y'  BK  =  — -7,  KC (d^crft sur le 
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plan  de  ce  papier)=  +  ^  t/HI,  KD  =  — f  V~,KE.  (d^- 
crit  perpendiculairement  au  plan  de  ce  papier)  =  +  -J-V' — 1, 

KG=-^t/z:T. 

2 

CEDG  est  un  cercle  ddcrit  du  centre  K  et  du  rayon  —  V^^^, 
perpendiculairement  au.plan  de  ce  papier. 

Le  mdnie  cercle  peut  dtre  d6crit  d'un  mouvement  conique 
par  Tapothdme  AE  dont  ime  extremity  seroit  fixe  au  point  A. 
Ce  cercle  CEDG  ainsi  d^crit  est  celui  qui  satisfait  a  T^quation 

(4). 

43.  En  effet  changeons,  dans  cette  Equation,  x  en  (r-|-  -j), 
c'est-i-dire,  transportons  Torigine  ies  x,  de  A  en  K.  Cette 
Equation deviendra — «• — —  =k^%  oh y^^^l^V^^y — ^x*  (7)- 

Elle  repr^sente  le  cercle  CEDG  d^crit  du  centre  X  et  du 
rayon  -^  V^-i . 

Remettons  Torigine  des  abscisses  en  K.  Nous  reviendrons 
k  r^quation  ( 4 ) ,  et  les  abscisses  seront  x  =  y+ ^-  ^^  "7  =5AK 
est  d^crit  sur  le  plan  de  ce  papier,  z  au  contraire  ^tant  une 
partie  du  rayon  KE  =  ^  ^—^9  ou  KG= — ^  \/^^,  est  per- 
pendiculaire  k  AK.  Done  Tabscisse  z  est  une  ligne  bris^e 
form^e  de  deux  lignes  perpendiculaires  Tune  k  Tautre.  Done 
le  nouveau  rayon  est  la  ligne  bris^e  AKE,  Si  Ton  fait  tour- 
ner  ce  rayon  sur  AK,  on  aura  le  cercle  CEDG.  Or  faire 
toumer  le  rayon  AKE  sur  AK,  c'est  faire  toumer  en  mdme 
temps  AE  d'un  mouvement  conique.  Done,  comme  je  Tai  dit, 
le  cercle  CEDG  d6crit  d'un  mouvement  conique  par  Tapo- 
th^me  AE,  dont  une  extr^mit^  est  fixe  au  point  A^  est  celui 
qui  satisfait  k  T^quation  (4). 
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44.  Dans  cette  Equation  (  4 ) ,  ^  est  une  ordonn^e  prise  sur  le 
rayon  KC  =  +  -1  v/ZII,  ou  KD  =  — -^  v/HI.  Si I'on sup- 
pose jv  =:  o,  alors  on  a-        -        -        -        t 

x  =  AKE  =  ^  +  ^v/=I==-f(i+v/=:r),    -    -    - 

ou  x  =  AKD  =  -l— 2.v/=a  =-(i-.v/^). 

2  2  2     >>  ' 

Ces  deux  valeurs  de  x  sont  les  deux  racines  de  T^quation  ( 1 ) 
qui  est  la  premiere  de  Mr.  Carnot. 

4^.  Pour  voir  maintenant  comment  elles  resolvent  son 
probldme,  il  suffit  de  Tenoncer  de  la  maniere  suivante  : 

Une  droite  AB  (Fig.  5. )  etant  donnee,  trouver  sur  cette  droite 
un  point  K  ( projection  de  la  ligne  KE  sur  la  ligne  AB )  tel 
que  leproduit  des  ( deux  lignes  AE,  BE  dont  les )  deux  segments 
AK,  BK  ( sont  les  projections  )  soit-  egal  a  la  moitie  du  carrc  de 
AB. 

II  suiBt  done,  pour  faire  cadrer  T^quation  (1)  avec  la  ques- 
tion propos^e,  d'en  regarder  les  donnees  comme  des  projections ^ 
et  d'en  rapporter  les  demandes,  non  a  ces  projections,  mais 
aux  lignes  originales. 

On  pourroit  aussi,  sans  rien  ajouter  a  I'^nonce  de  Mr. 
Carnot,  supposer  que  le  point  K  n'est  un  point  que  par  rap- 
port au  plan  de  ce  papier,  c'est-a-dire  que,  quoiqu'il  n*ait  ni 
longueur  ni  largeur  sur  le  plan  de  ce  papier,  il  a  une  hauteur  au 
dessuSy  et  qu'ainsi,  a  quelque  partie  de  cette  hauteur  que  les 
lignes  AE  et  BE  puissent  se  joindre,  elles  sont  cens^es  se 
joindre  a  ce  qu'on  nomrae  le  point  K.  Alors,  dans  la  descrip- 
tion de  ce  point,  on  ne  feroit  abstraction  que  des  deux  dimen- 
sions qui  se  trouvent  sur  le  plan  de  ce  papier,  sans  faire 
abstraction  de  celle  qui  en  es  dehors  (  No.  28).    Dans  ce  cas 
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Wi  ^urr<»t  retrjoachar  ck  i'^noncii  pr6ced^it  toutjes  les  pa- 
rentheses que  j'y  ai  mises  et  qui  sont  des  additions  faites  k 
r^nonc6  de  Mr.  Carnot. 

46.  Pour  montrer  maintenant  que  les  lignes  AE,  BE  re- 
solvent la  question,  c'est-a-dire,  que  leur  produit  est  6gal  a  la 
moiti6  du  carr^  de  Afe,  il  y  a  une  observation  a  faire. 

Ce  n'est  pas  le  produit  des  ligiies  AE,  BE,  mais  le  produit 
de  leurs  valeurs  arithmetiques  qui  r^soud  la  question ;  car  un 
produit  de  lignes,  c'est-^-dire,  itn  r^sultat  de  lignes  multipliees 
par  des  lignes  ne  signifie  rien.  On  ne  demande  pas  nne  figure 
gcometrique,  mais  un  nmnbre.  Or,  pour  avoir  les  valeurs  arith- 
metiques de  AE,  BE,  il  faut  ^carter  de  leurs  expressions  les 
signes  qui  n'ont  trait  qu'J  leurs  positions.  Sans  cette  pre- 
caution, on  confondroit  les  signes  des  valettrs  numeriques  avec 
des  signes  deposition  ou  des  signes  purement  descriptifs.  Cela 

pose,  il  est  clair  que  aE=5E'=v^  AK'+1^  =  ^2AK'= 
=AK  X  \/r.  Done  AE  x  BE  ==  2 AK*=2  (^)  =  ^. 

Prohleme  III. 

47.  Quel  est  le  point  ou  se  joindront  les  extremites  D,  E, 
des  lignes  AD,  BE  ( Fig.  6. )  tirees  des  extremites  A,  B,  de 
la  ligne  AF,  en  supposant  que  la  longueur  de  AB  soit  a^ ,  celle 
de  Ai3,  ^Uy  et  celle  de  BE,  aussi  \a  f 

Cette  question  paroit  evidemment  absurde.     Resolvons-Ia. 

Soit  Dl  =  X,  'Aa^y,  E6  =  x',  etBb=y'.  On  a  AD*= 
=  ^a^=  ^•-[./,  et  BE'=  ^a*=:=  x''+/\ 

Or  dire  que  les  points  D  et  E  doivent  $e  joindre^oM  dire 
qu'ils  doivent  toucher  le  mime  pointy  c'est  dire  la  meme  chose. 


Digitized  by 


Google 


4^^  M.  Bue'e  on  imaginaiy  Quantities. 

II  en  est  de  mdme  des  points  a  et  6  'qui  doivent  ^tre  Tun  et 
Tautre  sur  le  point  C,  milieu  de  la  ligne  AB.  On  a  done  AJ= 
zszy  =  a,  et  B6  =y  =  a.  Par  cons^uent  AD*=  ^a  =  x'+ 
+  a",  et^E'rs:  ^aa  =  x^+  aa.     Ces  deux  Equations  donnent 

X  =  x'ss:  +  -^^ .  ^,  ou  x  =  +  ~  .a  y/ — 1,  quantity  imagi- 
naire,  corame  on  devoit  bien  s'y  attendre. 

48,  Montrons  cependant  que  cette  quantity  imaginaire, 
indique  un  sens  raisonnable  dont  la  question  propos^e  est 
susceptible. 

II  est  certain  que,  tant  qu'on  regardera  les  lignes  AD,  BE, 
comme  des  lignes  ^tendues  seulement  en  longueur,  sans  aucune 
largeur,  et  le  point  avec  lequel  elles  doivent  coi'ncider,  comme 
un  point  sans  extension,  la  question  sera  impossible  (No.  28)* 

Mais  le  signe  V — 1  que  renferme  la  solution  indique  ce 
qui  peut  U  rehdre  possible,  en  indiquant  yxci^  largeur  dans  les 
lignes  AD,  ^,  ou  une  extension  dans  le  point  C, 

49.  En  effet,  ce  signe  \/— 1  qui  est  attache  a  x  dont  la 
valeur  est\/3  x  y,  ou  V^3  x  AD,  montre  que  x  doit  4tre  per- 
pendiculaire  a  AD  (No.  10). 

D'aprds  cela,  on  peut  supposer  que  les  lignes  AD  et  BE, 
dont  la  longueur  est  y,  ont  une  largeur  =  V^  x  -f-.   Dans 

cette  supposition,  ces  lignes  deviennent  des  rectangles  ADCF, 

BDCF,*  qui  se  joign^it  au   point  C    Dans  cette  niSme 

•  Padopte  ic]»  et  dans  le  courant  de  ce  Memoire*  la  notation  deMr.  Cariiot. 
Dans  cette  notation  les  lignes  sont  designees  par  des  lignes  mises  au  dessus  des  lettres 
qui  indiquent  leurs  extremites.  Les  parallelogranames  le  sont  par  de  doubles  lignes^ 
les  angles  par  des  lignes  brisces>  et  les  courbes  par  des  lignes  courbes« 
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supposition,  quoique  les  extr^mit^s  D  et  E  des  lignes  AD  et 
BE  ne  se  joignent  pas,  elles  sont  les  projections  du  point  de 
jonction  C  sur  les  lignes  AD  et  "BE  dont  elles  sont  les 
extr6mit^s. 

50.  On  peut  encore  supposer  que  le  point  de  jonction,  au 
lieu  d'etre  sans  extension,  en  a  une,  et  qu'au  lieu  d'etre  un 
cercle  infiniment  petit  dont  le  rajon  est  o,  c'est  un  cercle  fini 
dont  le  rayon  ests/^—.     Dans  cette  supposition,  les  lignes 

sans  largeur  AD,  BE  ( Fig.  7. )  sont  tangentes  au  m^me 
cercle  DHEE'KD  (regard^  comme  faisant  la  fonction  d*un 
point)  puisqju'elles  sont  perpendiculaires  aux  extr^mit^s  de 
ses  rayons  CD,  CE. 

51.  On  peut  r^unir  les  deux  suppositions  pr6c6dentes.  Par 
exemple,  on  peut  donner  aux  lignes  AD,  BE,  les  largeurs 
Dd,  Ee,  prises  a  volont^,  et  attribuer  au  point  C  Tifitendue 
du  cercle  dhee'kd'.  Dans  cette  nouvelle  supposition,  les  rect- 
angles hDdfy  SE^,  sont  tangens  au  cercle  Sue'kd. 

52.  Enfin,  au  lieu  de  rectangles,  on  pourroit  suM>oser  des 
cylindres,  et  au  lieu  de  cercles,  des  spheres. 

53.  Les  descriptions  que  je  viens  de  donner  n'ont  rapport 

qu'i  la  valeur  positive  de  z  ou  de  x\  qui  est  -| — —^  .  a. 
Pour   avoir   celles   qui  ont  rapport   k  sa   valeur  negative 

^ ^  .  tf ,  il  sufiit  de  transporter  au  dessous  de  la  ligne  a5 


tout  ce  qui  se  trouve  au  dessus,  dans  la  Figure  7,  et  vice  versa. 


MDCCCVI.  H 
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Prohlime  IV, 

54.  Soient  deux  plans  carr^s.  Que  le  c6t6  de  Tun  excede 
le  c6t6  de  Tautre,  de  deux  pi6s,  et  que  le  nombre  des  pi6s 
carr^s  contenus  dans  les  deux  pris  ensemble  soit  1 .  Quelles 
sont  les  dimensions  de  ces  deux  plans  carr^s  ? 

Je  d^signe  par  x  le  c6t6  d'un  de  ces  carr^s,  et  par  x  +  « 
le  c6t6  de  Tautre.  On  a  done,  par  la  question,  T^quation 
j:"-|-(«^+s)*=i,oux*4-2-2:+s=|-,quidonnex=  —1+  1/— ^. 

Ces  valeurs  de  x  sont  imaginaires.  La  question  qu'elles 
resolvent  est  impossible,  si  on  suppose  en  m^me  temps  ces 
carr6s  sans  6paisseur  et  sans  vides.  Mais  si  on  leur  suppose 
quelque  6paisseur  ou  quelque  vide,  alors  la  question  n'est  plus 
impossible. 

55'  Vbyons  ce  que  nous  indiquent  les  signes  -f ,  — ,  ±  \/— 1. 
On  peut  les  interpreter,  soit  g6om6triquement,  soit  arith- 
m^tiquement. 

56.    Signes  interpr6t6s  g^om^triquement. 

Le  c6t6  de  Tim  de  ces  carr^s  est  —  1  ±  V^-~^,  et  le  c6t6 
de  Tautre,  +  1  ±  '^*-i  •  —  1  et  +  s/^^  indiquent  deux 
lignes  dont  Tune  est  perpendiculaire  k  Tautre.  Par  consequent 
si  ( — 1+\/— i)  indique  une  seule  ligne.  Tune  des  deux 
quantites  qui  composent  ( —  i±v^— i)  indique  la  longueur 
de  cette  ligne,  et  I'autre,  Vepaisseur  de  son  point  extreme.  EUes 
ne  peuvent  pas  exprimer.  Tune  la  longueur  et  Tautre  la  largeur, 
parcequ'il  est  de  Tessence  du  carr6  exprim6  alg6briquement 
que  sa  longueur  et  sa  largeur  aient  la  m6me  expression.  II  en 
est  de  m6me  de  +  1  +  \/^^. 
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Supposons  que  +  \/^^  soit  la  longueur  de  ces  c6t6s.  Alors 
+ 1  sera  Vepaisseur  du  point  extreme y  dans  un  des  carr^s  de- 
mand's, et  —  1  Vepaisseur  de  ce  pointy  dans  Tautre.  Soit 
(Fig.  8. )  AB  =  A?B  =  1.  On  aura  AA  =  AB  =  A7B'=  BF=r 
(arithm'tiquement)  V^.  Lat  longueur  du  c6t6  cherch'  sera 
done  AA',  et  Vipaisseur  de  son  point  extreme,  AB'. 

57.  II  s'agit  de  savoir  si  ces  valeurs  resolvent  la  question 
propos'e. 

La  premiere  condition  de  cette  question  est  que  le  cot6 
d'un  des  carr's  excdde  le  c6t6  de  Tautre,  de  deux  pi6s.  Pour 
savoir  de  combien  une  ligne  surpasse  une  autre  ligne,  il  faut 
les  poser  Tune  sur  Tautre,  Ce  qui  reste  d6couvert  est  Tex- 
c'dent.  Lorsque  ces  lignes  sont  les  c6t&s  de  deux  carr's,  ce 
sont  les  carr^s  qu'il  faut  poser  Tun  sur  Tautre, 

Faisons  done  cette  operation.  Pour  cela  j'61cve  le  plan  du 
carr'  ABA'B'  dont  le  c6t6  est  +  V^^  ou  —  V  ^  perpen- 
diculairement  au  plan  de  ce  papier,  de  sorte  que  son  c6t'  AB 
se  trouve  sur  ce  pa{ner  mdme,  comme  on  le  voit  en  AB", 
Figure  9.  J'applique  ensuite,  par  la  pens'e,  le  plan  du  second 
carr6  sur  celui  du  premier.  Ce  second  plan  est  aussi  =  ABA'B', 
et  son  c6t6  =  AS.  La  Figure  g.  nous  montre  les  c6t6s  AB 
de  nos  carr's  appliqu6s  Tun  sur  Tautre.  Uepaisseur  du  point 
extreme  de  Tun  est  Aa  =  B6  =  + 1  *  ^t  celle  du  point  extreme 
de  Tautre,  Aa's=B6'=— 1.  Ces  'paisseurs  restent  a  d6- 
couvert.  Leur  somme  est  -^  1  +  1  =  *  J  car  les  signes  -f  et 
—  que  portent  les  valeurs  de  ces  'paisseurs  repr'sentent  leurs 
directions^  puisqu'ils  sont  interpr6t6s  g6om6triquement.  lis  ne 
signifient  pas  que  Tune  doive  6tre  otce  de  Tautre. 

H2 
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58.  Ce  n'est  done  pas  la  difference  des  longueurs  des  cotfe 
qui  est  ^gale  a  2,  comme  le  demande  la  question,  mais  la 
somme  des  ipazsseurs  de  leurs  points  extremes.  Cette  solution 
peut  cependant  se  rapprocher  de  ce  que  demande  la  question, 
en  la  consid^rant  ainsi:  Texc^dent  du  c6t6  d'un  carre  sur 
Tautre  est  ^gal  a  la  difference  de  position  de  Tune  de  leurs 
extr^mit^s,  tandis  que  Tautre  extr^mit^  coincide,  dans  les 
deux  carr^s,  Ainsi,  dans  la  Figure  9,  ks  extr6mit6s  B  et  B 
coincident,  et  les  extr6mit6s  a  et  a'  sont  distantes  I'une  de 
Tautre,  d'une  longueur=  aa\  La  question  demande  que  cette 
distance  soit  =  2,  relativement  a  la  longueur  des  cot^s.  La 
solution  la  donne  =  s,  relativement  a  Vipaisseur  de  leurs  points 
extrimeSy  c'est-a-dire,  relativement  a  une  seconde  longueur 
perpendiculaire  a  la  premiere. 

59,  La  seconde  condition  de  notre  question  est  que  le: 
nombre  des  pi6s  carrfo  contenus  dans  les  deux  carr^s  pris 
ensemble  soit  1.  OvVepaisseur  des  c6t6s  ne  doit  entrer  pour 
rien  dians  ce  nombre  de  pi^s  carr^s,  puisque  des  pi6s  carr^is 
sont  des  surfaces  telles  que,  pour  les  mesurer,  on  ne  promdne 
la  mesure  que  dans  deux  dimensions; 

Gela  pos^,  le  c6t6  d'un  des  carr^s  est  +  1  ±  v^~^  (en  y 
comprenant  la  longueur  et  T^paisseur,  comme  on  le  doiti 
puisqu'ils  ont  une  ^paisseur)  et  le  cotd  de  Fautre  est 
— - 1  +  V — ^.     Les  deux  carr6s  sont  done      -        -        - 

Dans  ces  carr6s,  ^  et  ^  sont  les  carres  des  lo?tgueurs ;  +qV^^ 
et  +  3  \/— |:  sont  les  sommes  des  ipaisseurs  des  cotes  de  ces  carris^ 
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l*ar  consequent  i  ^t  ^  sont  les  faces.  Done  la  somme  des  faces 
des  deux  carr^s  est  1,  comme  la  question  le  demande. 

60.  Remarques.  1**.  On  a  vu  que,  dans  la  mesure  des  c6t6s, 
ce  sont  les  ipaisseurs  des  points  eztrimeSy  et  dans  celle  des 
carr^s,  les  faces  qu'il  faut  consid^rer.  Cette  drconstance  est 
indiqu^e  par  les  expressions  de  ces  cotes  et  de  ces  carres.    Les 

expressions  des  c6tes  (qui  sont  +i±V^— ^et— 1  +  y/ — -§-) 
indiquent  que  les  longueurs  (+  s/ — i)  sont  des  perpendicu- 
laires  etrangeres  a  la  question,  et  que  les  ipaisseurs  des  points 
extremes  n'^en  sont  pas.     Les  expressions  des  carris  (qui  sont 

i+sV^^  et  ^  +  2^ — ^)  indiquent  que  les  ipaisseurs  des 
cotes  sont  imaginaires,  et  deviennent  par  la  les  perpendicu- 
laires  Etrangeres  i  la  question,  et  que  les  faces  sont  r6elles, 
comme  elles  doivent  Tdtre,  puisqu'elles  sont  Tobjet  de  la 
question.  C'est  ce  que  reprdsentent  les  Figures  9  et  10. 
Dans  la  premiere,  les  epaisseurs  des  points  extrimes  ("Aa,  Aa') 
sont  sur  le  plan  de  ce  papier.     Dans  la  seconde,  ce  sont  les 

faces  (ABA'B').  Or,  dans  une  question  oii  il  s'agit  de  me- 
surer  des  lignes  et  des  surfaces  qui  sont  censees  decrites  sur 
un  m6me  plan,  on  ne  doit  mesurer  que  celles  qui  sont  sur  ce 
plan  suppose. 

61.  s**.     Les  c6tes  des  carr6s  sont  les  lignes  brisdes  aAB, 
a'AB   (Fig.  9).     Les  carres  m6me  sont  les  plans  brisks 

/j'A'A^6BB',  ^^A^Ac?B&  (Fig.  10).  Les  lignes  brisees  prd- 
sentent  deux  dimensions.  Les  plans  brisks  en  pr^sentent 
trois. 

62.  3"*.  Dans  la  Figure  10,  les  plans  qui  expriment  les 
ipaisseurs  des  c6tes  ne  sont  etablis  que  sur  deux^  des  c6t^  du: 
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carr^.  Mais  on  pourroit  les  ^tablir  sur  les  quatre  cot^s  sans 
que  la  solution  du  probl^me  en  souffrit.  C'est  une  suite  de 
rind^termination  dont  il  a  6te  parlc  au  No.  15.  Dans  ce  cas, 
les  deux  carr6s  que  demande  le  probl^me  se  trouveroient 
former  une  boite  dont  lis  seroient  les  deux  moiti^s.  Cette 
boite  ne  contiendroit  que  des  plans  sans  ^paisseur.  Les 
epaisseurs  des  cot^s  des  carr^s  demand^s  seroient  les  hauteurs 
des  ces  deux  moiti^s  de  boite,  Les  carrcs  demand^s  seroient 
ses  deux  fonds,  dont  Tun  sup^rieur  et  Tautre  inferieur. 

63.  Signes  +>  —  ^t  ±  t/— 1  interpr^t^s  arithm^tique- 
ment. 

+  \/^^  n'a  aucune  signification  arithm^tique  (No.  10); 
mais  ±  V^^  X  ±  V^  ( =  —  i* )  en  a  une  .  —  v  est  un 
carri  soustractif,  et  par  consequent  formant  un  vide  au  milieu 
d'une  surface  pleine.  De  la  il  suit  que,  lorsqu'il  s'agit  de 
carrcs  et,  en  general,  de  plans,  le  signe  +  v/I^a  peut  in- 
diquer  des  vides,  au  Ueu  de  perpendiculaires. 

64.  Mais  les  perpendiculaires  ne  diminuent  ni  n'augmentent 
les  longueurs  des  lignes  auxquelles  elles  sont  perpendiculaires. 
Si  done  on  substitue  des  vides  aux  perpendiculaires  et  des 
pleins  aux  lignes  auxquelles  elles  sont  perpendiculaires,  ces 
vides  ne  doivent  pas  diminuer  ces  pleins.  II  faut  done  faire 
une  addition  de  vide,  et  non  une  soustraction  de  plein.  Or 
aj  outer  des  vides  k  une  surface,  c'est  siugmenter  bqs  dimen- 
sions sans  augmenter  le  nombre  des  pi6s  carrcs  qu'elle  con- 
tient;  c'est  Taugraenter  geomHriquefnent,  sans  I'augmenter 
arithmHiquement.  De  m6me,  aj  outer  +  a\/^^  — aV^^  a 
une  quantity  qui  se  mesure  et  qui  se  compter  c'est  ajouter  k  sa 
mesure  sans  ajouter  a  sa  somme.     En  efFet,  les  signes  +  et  — 
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pris  giamitriquement  indiquent  des  directions  oppos^es,  en 
partant  du  mime  pointy  et  par  cons^uent  des  directions  qui 
s'ajoutent ;  au  lieu  que  ces  mdmes  signes  pris  arithmitiquement 
se  d^truisent  Tun  Tautre. 

65.  La  question  propos^e  contient  deux  parties,  Tune  g^o- 
m6trique,  Tautre  arithm^tique.  La  partie  geom^trique  est  la 
disposition  des  lignes  et  des  surfaces  (No.  »).  La  partie 
arithm^tique  est  le  calcul  de  nombre  des  pi^s  lin^aires  con- 
tenils  dans  les  cdt^s  qui  sont  des  lignes,  et  de  celui  des  pi^s 
carr6s  contenus  dans  les  carr6s  m£me  qui  sont  des  surfaces- 

Or,  dans  cette  seconde  solution, ovi  les  signes  + ,  — >  +  \/—  1 
sont  pris  arithmitiquement,  il  ne  peut  6tre  question  que  de  la 
partie  arithm^tique  du  probleme.  Je  puis  done  ajouter  tant 
de  vides  que  je  voudrai,  puisqu'ils  n'alterent  pas  la  solution 
arithm^tique.  Je  puis  done  r^soudre  la  question  propos^e  en 
r^duisant  les  deux  surfaces  carries  a  des  cadres  carr^s  tels, 
que  le  c6t6  de  Tun  surpasse  le  c6t6  de  Tautre,  de  deux  pi^s, 
et  que  chacun  de  ces  cadres  ait  une  surface  ^gale  k  un  demi 
pi6-carr6. 

66.  II  y  a  une  infinite  de  mani^res  de  r^soudre  la  question 
prop6s6e,  au  moyen  de  cadres  de  cette  espece,  puisqu'on  n*a 
que  deux  conditions  a  remplir  et  quatre  variables  pour  les 
remplir.  Les  deux  conditions  sont,  la  difference  des  c6t€s 
qui  doit  6tre  =2,  et  la  somme  des  carr^s  qui  doit  6tre  =1. 
Les  quatre  variables  sont,  i"*.  le  c6t6  du  premier  carr6,  2^ 
celui  du  second,  ^.  le  cdt6  du  carr6  vide  renferm6  par  Tun 
des  cadres,  jj^.  le  rapport  entre  la  surface  du  premier  cadre 
et  celle  du  second.  Dans  la  solution,  on  a  fait  ces  surfaces 
6gales  chacune  a  la  moitie  d'un  pi6  carr6 ;  mais  rien  n'oblige 
a  les  faire  ^gales. 
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67.  Remarques.  1°.  La  difference  entre  les  deux  solutions 
pr6c6dentes  consiste  en  ce  que,  dans  la  seconde,  la  difference 
des  c6t6s  est  exprim^e  par  la  diffhence  de  leurs  longueurs  qui 
est  une  quantity  arithmetique ;  au  lieu  que,  dans  la  premiere, 
elle  est  exprirn6e  par  la  difference  de  situation  de  ces  cbt^s  qui 
est  une  quantity  g^ometrique  (No.  s). 

68.  2*.  On  pourroit  r^unir  les  deux  solutions  pr^c^dentes 
et  r^soudre  le  probl^me  au  moyen  d'une  boite  carr^e  dont  les 
deux  fonds  contiendroient  en  somme  un  pie  carre  deplein  et 
tant  de  vides  qu'on  voudroit,  et  dont  les  hauteurs  seroient  cha- 
cune  d'un  pie  avep  tant  et  si  peu  de  plein  qu'on  jugeroit  k 
propos. 

On  voit  par  1^,  pour  le  dire  en  passant,  combien  la  questicm 
proposee  qui  sembloit  precise  Tetoit  peu.  II  est  certain  qu'eUe 
peut  etre  entendue  de  toutes  les  manieres  qu'offrent  les  solu- 
tions precedentes.  Si  cependant  on  ne  veut  pas  y  reconnoitre 
toutes  ces  significations,  on  doit  voir  du  moins  que  les  ex- 
pressions de  la  langue  algebrique  qui  correspondent  a  celles 
du  langage  ordinaire  sont  infiniment  plus  etendues  que  celles- 
d.  EUes  ne  sont  pas  vagues,  pmsqu'on  peut  en  trouver 
toutes  les  significations,  a  Taide  de  quelques  principes ;  mais 
idles  spnt  generales.. 

Trohlime  V. 

6g.  Un  marbrier  a  deux  cubes  de  marbre.  Le  c6te  d'lm 
•de  ces  cubes  excede  le  c6te  de  Tautre,  de  deux  pies,  et  le 
nombre  des  pies  cubes  contenus  dans  les  deux  est  28.  Quelles 
sont  les  dimensions  de  ces  deux  cubes  i^ 

Avant  de  donner  la  solutipn  de  cette  question,  j'ai  une 
•remarque  a  faire. 
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Cette  question  conduit  a  une  Equation  du  ge.  d^gr^.  Toute 
Equation  du  ge.  d6gr6  a  au  moins  une  Tacine  r6elle.  Pm 
consequent  si,  au  lieu  de  28,  qui  est  le  nombre  des  pi6s  cu- 
biques  contenus  4&ns  les  deux  cubes,  on  n'avoit,  par  exemple, 
que  3  pi^s  et  -^^  on  devroit  encore  avoir  une  solution  possible, 
C^tte  solution  donneroit  pour  le  nombre  des  pi6s  cubiques 
contenus  dans  un  des  cubes,  y,  et  dans  Tautre,  —  |.  Or, 
pour  que  ce  r^sultat  qu'on  appelle  possible  eut  un  sens 
raisonnable,  il  faudroit  supposer  qu'un  des  deux  cubes  fut  un 
vide  fait  dans  Tautre,  c'est-a-dire,  qu'il  faudroit  supposer  un 
cube  de  ^  pouces  cubiques  contenant  un  vide  de  i  de  pouce 
cubique.  Mais  cette  solution  est  toute  semblable  a  celle 
qu'ont  fournie  les  racines  imaginaires  deT^quation  du  problem© 
pr6c6dent.  Les  deux  solutions  ont  done  la  m6me  espece  de 
possibility,  quoique  Tune  soit  donn6e  par  un  r^sultat  ima- 
ginaire  et  Tautre  par  un  r^sultat  qui  ne  Test  pas. 

La  solution  meme  du  probl^me  pr^g^dent  r^pond  mieux  a 
r^nonce  de  la  question  que  la  solution  de  celui-ci ;  car,  dans 
la  premiere  de  ces  questions,  on  demande  deux  plans  carr^s, 
c'est-a-dire,  deux  6tendues  qui  aient  chacune  deux  dimensions 
^gales.  Or  une  6tendue  peut  6tre  vide.  Dans  la  seconde 
question,  au  contraire,  on  demande  deux  cubes  de  marbre.  Or 
un  cube  de  marbre  n'est  pas  un  cube  de  vide. 
70.  Revenons  a  n6tre  5e.  probl6me. 
Ce  probldme  ne  pr6sente  a  I'esprit  qu'une  solution  possible, 
et  l'6quation  du  ge.  d6gr6  qui  en  exprime  les  conditions  n'a 
qu'une  racine  r6elle. 

Gette  Equation  est  x'^  ( x  +  2  )*=  28         -        -        (  7 ) . 
Ses  trois  racines  sont        -        - 

MDCCCVI.  I 
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jr=5i.     -----  dont  le  cube  est  a:'=i ; 

a:=  —  s  +  \/^^  -  -  doht  le  cube  est  x'=  28  +  6\/^^; 

^  =  —  2  —  \/^   -  -    dont  le  cube  est  x'=  28  —  SsZ-^Q. 

Ces  racines  sont  les  c6t6s  des  cubes  x*. 

Les  c6t^s  des  cubes  (x  +  2 )'  sont 
•2^  +  2  =  3    -    -    dont  le  cube  est   (x  +  2  )'=  27  j 
X  +  2  =:  -f.  \/Il6  dont  le  cube  est   (x  -f  2)'=  —  Gv^^*; 
X  +  2  =  — .  \/Il6  dont  le  cube  est   (x  +  2 )•=  +  Qs/'^. 

En  raisonnant  sur  les  deux  dernieres  des  racines  x  et  x  +  2 
comme  on  a  raisonn^  sur  les  deux  racines  —  1  +  V^^  qui 
resolvent  Ja  question  pr6c6dente,  on  parviendra  a  des  rd- 
sultats  semblables.  Tun  g^om^trique  et  Tautre  arithm^tique. 
II  y  a  cependant  ici  quelques  remarques  a  faire. 

71.  l^  Pour  que  le  r6sultat  g6om6trique  soit  juste,  il  faut 
que  les  mesures  qu'il  fournit  remplissent  les  conditions  de  la 
question.  Or  si  Ton  raisonne  relativement  aux  cubes  comme 
on  Ta  fait  (No.  60.)  relativement  aux  carr6s,  on  verra  qu'il 
ne  faut  mesurer  que  ce  qui  ne  porte  pas  le  signe  V  —  1 .  De 
plus,  les  mesures  donn^es  par  les  termes  r6els  sont  justement 
ce  qu'il  faut  pour  satisfaire  aux  conditions  de  la  question.  II 
ne  faut  done  pas  mesurer  les  autres. 

Mais  il  se  pr6sente  ici  une  difficult^  qui  n'a  pas  lieu  dans 

le  cas  du  No.  60.  C'est  qu'un  des  cubes,  savoir,  -[-  v^—S  ou 

^ — >/ — 6*  est  tout  entier  sous  le  signe  \/^^.  II  ne  faut  done 
en  mesurer  aucune  partie.  II  est  done  Stranger  a  la  question. 
II  n'en  remplit  done  pas  les  conditions.  Les  conditions  de- 
mandent  deux  cubes,  et  Ton  n'en  trouve  qu'uli. 

II  faut  convenir  que,  dans  ce  cas,  les  deux  racines  imaginaires 
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d.e  r^quation  ne  donnent  que  des  solutions  impossibles,  si  on 
leS  consid^re  g6om6triquement,  c'est-a-dire,  si  Ton  s'en  tient 
aux  lignes  m6me  et  aux  positions  de  ces  lignes  fournies  par 
ces  deux  racines. 

72.  Elles  peuvent  cependant  r^soudre  la  question,  meme 
g^om^triquement,  elles  sont  m^me  les  seules  qui  le  puissent, 
si  Ton  ^nonce  cette  question  de  la  manidre  suivante : 

Un  marbrier  se  propose  de  tailler  deux  cubes  de  marbre. 
II  veut  que  le  c6t6  d'un  de  ces  cubes  excede  le  c6t6  de  1 'autre, 
de  deux  pi6s;  mais  il  ne  peut  y  employer  que  28  pies 
cubiques  de  marbre.  Cette  quantity  n'^tant  pas  suffisante 
pour  la  grandeur  des  cubes  qu'il  veut  avoir,  il  est  oblige  d'y 
joindre  de  faux  marbre  pour  remplir  les  vides  que  Taccroisse- 
ment  des  dimensions  doit  occasionner  entre  les  parties  <iu 
vrai  marbre.  Cependant  il  desire,  1°.  que  la  quantity  de  ce 
faux  marbre  qui  remplit  les  vides  laiss6s  par  le  vrai  marbre, 
soit  la  plus  petite  possible ;  2°.  qu'en  m6me  temps  T^tendue 
des  deux  cubes  soit  la  plus  grande  possible.  Quelle  doit  6tre 
la  quantity  de  faux  marbre  ou  de  vide  ?  et  quelles  doivent 
etre  les  dimensions  des  deux  cubes  ? 

73.  Puisque  la  quantity  de  faux  marbre  ou  de  vide  doit 
etre  un  minimum,  Taddition  faite  au  c6t6  du  cube  compost  de 
vrai  et  de  faux  marbre  doit  ^tre  aussi  un  minimum.  De  plus, 
puisque  cette  addition  est  6trangcre  au  vrai  marbre,  elle  doit 
fitre  ^trangere  a  ses  dimensions,  et  par  consequent  a  leur 
longueur.  Done  la  ligne  qui  exprime  une  quelconque  des 
dimensions  du  faux  marbre  doit  6tre  perpendiculaire  a  celle 
qui  exprime  la  dimension  correspondante  du  vrai  marbre. 
Done  le  c6t6  du  cube  form6  de  vrai  et  de  faux  marbre  doit 
tftre  une  ligne  bris^e, 

l2 
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Soit  cette  ligne  bris^e  (j:±^v^— t),x  6tant  la  partie  cor- 
respondante  au  vrai  marbre,  et  ±y>/^i  la  partie  corre-   * 
spondante  au  faux.    Nos  cubes  seront  done  (a:+^\/— i)* 

€t  (x  +  2  ±y  >/^^  y. 

Puisque  yV-^i  doit  6tre  un  minimum,  sa  variation  doit  6tre 
=  o.  Puisque  x  est  constant,  sa  variation  doit  aussi  6tre  =o- 
Mais  il  y  a  ici  une  remarque  a  faire. 

Si  Ton  prenoit  les  variations  ou  les  diiF6rentieIIea  de 
(•^  ±JV v^"— 1 )'  et  de  (x  +  2  ±y\/^^ y  a  Tordinaire,  on  re- 
garderoit  par  la  meme  x  et  +jy\/— i  comme  ayant  leurs 
variations  distinctes.  On  prendroit  {x±yV  HT ) ,  non  comme 
ime  seule  ligne  bris^e,  mais  comme  deux  lignes  distinctes.  Le 
faux  marbre  n'auroit  d'autre  minimum  que  z6ro,  et  la  question 
ne  seroit  pas  r^solue.  II  faut  done  lier  ±y^^^  ^  x.  Pour 
cela,  il  faut  les  regarder  comme  le  sinus  et  le  cosinus  d'un 
mdme  arc  et  que  cet  arc  seul  varie. 

74.  Soit  u  I'arc  dont  y  est  le  sinus  et  x  le  cosinus.  Soit  de 
plus^  le  nombre  dont  le  logarithme  hyperbolique  est  1 .  On  aura 
(•2:  ±y  V~  )'=  ^'(^-^'^"''ss  ^3^(^±:y^~)_^3ncos.«±sin.iivC:i) 

r  cbs.  w±sin.  ttl/ZT  ^        /  r  ,  /  .cos.  «±sin.  mV— i  \  -| 

/  I  Vcos.*  K+sin.*  u    J  ^  L  I  Vcos.*  u  +  sin.*  u  j  J 

'  e  zsze 

:(enremarquantque/2!i^±^£5:?S=  /£2i2*!lll:ii^=  +  u  y/~} 

L  11  Vcos.»K+sin.»i»  "yon  —  J 

=:e  ^  ^  =e    ^  ■' ,  dont  la  ditf e- 

rentielle  est  ±  grfw  v/IH  x  ^5^'"+^^^'  ±3«V=7^  ^u  ±  s^iw  vCH 

On    a    done   ±3f/«'V/;:r7    (xtyV^y    ±3</«V^ 
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.(x+2  ±JVV^ --i)'=o,  en  d^signant  par  u'  Tare  dont +^\/ — i 
est  le  sinus  et  x-j-d  le  cosinus.  L'int6grale  de  cette  Equation 
est  {x±yV'^yj^{x  +  2±y\/''^y+C  =  o.  Pour  de- 
terminer la  constante  C,  je  remarque  que,  quand  ^  =  o,  on 
doit  avoir  T^quation  (7).  Done  C  =  —  28,  et  Tdquation  du 
minimum  est  (ar+j'V^— 1)'+  (x+^v/— 1  +2)' — 28  =  0. 
Cette  Equation  donne  pour  X'\-yV^^  les  m€mes  valeurs 
que  r^quation  (7.)  pour  x.  On  a  done  -  -  - 
J^±y^  —  I  =  1,  ou  =  1  +  o  X  v^^^;  -  -  -  (8). 
x±;'v/"^=  — 2 +v^^^;  -  .  -  -  (9)* 
^±>'v^— 1=  —  2 — l/II5;      .        -        -        -        (10). 

75.  Ces  valeurs  de  (j:±^v^--i)  sont  des  thinima  et  non 
des  maxima. 

En  effet  T^quation  (10),  par  exemple,  c*est-^-dire, 
X  ±y  \^ — 1  +  ^  +^ — ^  =  o  ^st  la  radne  d'une  Equation  du 
second  d6gr6dont  Tautre  racine  est  x+yV — 1 4-2 — V  — 6=0. 
Cette  Equation  est  done  {x±y  V^^)  (^x+y  \/^^)=i 
_(2+v/I=6)  {4-a~v'Il6)  =  +  io.    .        •        - 

Faisons  (x+jy  V" — i)z=iz,  et  (x+yV^^)  :=  -\-v.  Nous 
aurons  zv^nOy  Equation  a  Thyperbole  entre  ses  assymptotes. 
Or  rhyperbole  est  toute  convexe  par  rapport  a  ses  assymp- 
totes. Si  done  une  de  ses  ordonn6es  ou  de  ses  absdsses  est 
ou  un  maximum  ou  un  minimumy  ce  ne  peut  6tre  qu'un  mini^ 
mum.  En  eflfet  l«s  diagonales  des  ligne  bris^es  {x±yV  —  1 ) 
et  [x  +y  >/ — 1)  sont  des  minima  par  rapport  a  cette  hyperbole. 

7^,  De  plus,  il  est  facile  de  niontrer,  d'aprcs  une  autre  con- 
sideration, que  la  quantity  du  faux  marbre  est  un  minimum. 
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En  efFet,  le  vrai  et  le  faux  marbre  sont  li&s  de  maniere  que 
leur  ensemble  forme  une  seule  unit6.  .  Par  consequent  les 
quantit^s  de  Tun  et  de  1 'autre  sont  en  mdme  temps  ou  des 
minima  ou  des  maxima.  Or  la  quantity  du  vrai  marbre  est 
z6ro  et  par  consequent  un  minimum  dans  Tun  des  cubes,  et  la 
quantity  du  faux  marbre,  dans  Tautre  cube,  est  aussi  un  m/- 
nimum ;  car  on  ne  peut  diminuer  cette  quantity  de  faux  marbre 
sans  diminuer  en  m6me  temps  les  28  cubes  du  vrai  marbre, 
ou  sans  alt^rer  la  forme  cubique. 

77.   J'ajoute  que,  si  Ton  construit  les  deux  cubes  comme  je 
vais  le  dire,  on  trouvera  que  leur  ^tendue  est  un  maximum 
parcequ'on  ne  pourroit  Taugmenter  sans  opdrer  une  solution 
de  continuity,  ou  sans  que  la  quantity  du  faux  marbre  ne 
cessdt  d'6tre  un  minimum. 

D'ailleursr^quation  (x±j^\/^)'+  (x+  2±^\/~)'— 28=0, 
qui  exprime  T^tendue  des  cubes  demand^s  et  qui  donne  un  mi^ 
nimum  pour  les  cdt^s  (x+jyV"— 1)  et  (x-f-2+^V^IIIi)  de 
ces  cubes,  donne  au  contraire  un  maximum  pour  leur  6tendue. 
En  effet  elle  se  r^duit  a  celle-ci :      -         -        -         -       - 

[x±yV'^--i)[[x±yV^^^/[,[x±yV::^)^io]=:o,o}x 

|j:+j,V^III+a+V'^}x{x±;/V^^+2~V^Il6}==o,ou 
(a  cause  de  Tind^pendance  des  signes  +  et  — ,  et  de  ce  qu'ils 
ne  marquent  ici  que  des  directions  qui  n'afFectent  point  les 
quantit6s)         ---.----- 
^x±yV^^  4.s4.V^Il6  J  X  [x+yV::^  +2-1^1:5 }=:o. 

Cette  derniere  Equation  donne        -        .  -        - 

i*".  (-^Ijyv^  — 1)  («r4:j'V'IIa)=:io,6quationarhyperbole;  (t  1) 
C'est  celle  du  No.  75 ; 
2**.  X* + y  =  1  o,  Equation  au  cercle        -        -        -       ( ^  *  )  • 
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Dans  r^quation  (ii ),  les  coordonn6es  bris6es  qui  expriment 
les  cdt^s  des  cubes,  ont  (comme  je  Tai  dit)  pour  diagonale, 
un  axe  d'hyperbole  qui  est  un  minimum. 

Dans  r^quation  (i2),le  premier  membre  qui  quoique  de 
deux  dimensions  seulement,  exprime  une  nouvelle  unit6  qui 
change  T^tendue  28  du  vrai  marbre  en  une  autre  6tendue 
plus  considerable,  ce  premier  membre^,  dis-je,  repr^sente  le 
carr6  du  rayon  d'un  cercle,  lequel  rayon  est  un  maximum. 

78.  Ainsi  les  deux  conditions  de  la  question  sont  exacfe- 
ment  remplies,  quoiqu'elles  semblent  contradictoires.  On 
voit  par  la  que  les  imaginaires  renferm6es  dans  Tdquation  du 
probldme,  bien  loin  de  confirmer  cette  contradiction,  four- 
nissent  les  moyens  de  concilier  ces  conditions. 

79.  II  ne  s'agit  plus  que  de  construire  les  cubes  donnas 
par  les  valeurs  de  x±y\/ —1  que  pr^sentent  les  Equations 
(8),(9)et(io).  Le  premier  qui  est  le  seul  appell6  reel  est 
spddalement  exclu  par  T^tat  de  la  question.  Construisons 
done  le  second  et  le  3e. 

Comme  le  faux  marbre  est  destin^  a  remplir  les  vides 
laiss6s  par  le  vrai  marbre,  il  ne  s'agit  que  de  voir  quels 
seront  les  vides  contenus  dans  les  cubes  ( — ^'\'V — 6y  et 
( — 2 — V — 6)^  Ces  cubes  sont  -  -  -  -  - 
— 8+i2V^Il6+36— 6v/Il6,  et  ^  ^  ^  . 
—8-.i2V'Il6  +36— 6v/Il6. 

Or  ces  cubes  renferment  deux  sortes  de  vides,  savoir,  i*: 
ceux  qu'indique  le  signe  — ;  2''.  ceux  qu'indique  le  signe 
V — 1.  Les  premiers  sont  des  pleins  soustractifs.  Les  se- 
conds sont  des  vides  ahsolus. 

80.  En  effet  i*",  ~8  est  un  cube  qui  a  ses  trois  dimensions 
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et  qiii  par  cons^uent  estpleinj  et  comme  il  porte  le  signe  — , 
il  est  smstractif.  s*".  Au  contraire  ~6\/^^  n'a  que  deux 
dimensions  pleines. 

Pour  le  prouver,  je  remarque  que  ±6V — 6  =-}- 1/6. 
— .v^^.  4:t/IIirv/6!  Or  le  signe  VHT  attache  a  VS 
marque  (No.  lo.)  que  \/ — i  s/6  est  perpendiculaire a  ce qu'il 
seroit,  s'il  ne  portoit  pas  ce  signe ;  et  s'il  ne  portoit  pas  ce 
signe,  pn  auroit  -[- VS  .  — \^6  .  qp  VfS  =  ±  (  \/6  Y  qui  est  un 
cube  dont  les  trois  dimensions  sont  pleines.  Puisque  les  trois 
dimensions  de  ±(v^6  )'  sont  pleines,  les  trois  lignes  marquees 
par  +v^6^,  —  v^§"et +v^6^sont  perpendiculaires  entr'elles 
et  la  ligne  marqu6e  par  +v^6'est  perpendiculaire  au  plan  des 
deux  lignes  marquees,  par  -f-v^^  ^t  — V6.  Si  donc  +  Vfi 
devient  ±\/ — i  .  s/%  la  ligne  marquee  par  +t/IIIi  .  V§" 
se  trouvera  n^cessairement  dans  le  plan  des  deux  autres 
lignes.  Le  cube  se  trouvera  done  r6duit  a  un  plan.  II  ne 
sera  done  plein  que  dans  deux  de  ses  dimensions.  La  troisieme 
dimension  sera  done  ou  vide  ou  nuUe. 

81.  Maintenant  je  dis  qu'elle  sera  vide  et  non  pas  nulle,  ou 
plut6t,  qu'elle  sera  vide  gcometriquement  et  nulle  arithme-' 
tiquement. 

Comme  cette  distinction  est  un  point  fondamental  darts  les 
principes  que  j 'expose,  il  faut  que  je  Texplique. 

Si,  apres  avoir  parcouru  une  toise  dans  un  sens  quelconque^ 
je  la  parcours  une  seconde  fois  en  revenant  au  point  de  depart, 
le  nombre  des  toises  que  je  parcourrai  sera  =»•,  et  la  quantity 
dont  je  m'61oignerai  du  point  de  depart  sera  =0.  Ces  deux 
r^sultats  donnent  les  deux  significations  de   +1 — 1.    Le 
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premier  donne  sa  signification  geometrique^  et  le  second,  sa 
signification  ^/ftmA/^^.  Le  premier  exprime  les  operations, 
et  le  second  en  exprime  la  cons^uence.    Le  premier  repr*- 
sente  les  mesures  prises  qui  sont  les  donnas  du  calcul  a  faint ^ 
et  le  second  repr^sente  le^  calcul  fait  d'apres  ces  donndes. 
Pour  savoir  done  si  ae  sont  les  donn^es  pu  leur  cons^uence 
qu'exprime  -^-s/W.  — \/6 .  q/ix/ZZi  V&l  il  faut  examiner  oe 
qui  est  demand^  par  la  question.     Or,  la  question  est  de  coa- 
struire  un  cube  et  de  determiner  ce  qu'il.contient  de  mati^rt 
rdelle^    Mars*  pour  construire  un  cube,  il  faut  avoir  son  c6t^ 
et  retendre  dans  les  trois  dimensions.    Pour  determiner^  oe 
qu'il  contient  de  matiere  r^elle  (Jorsqu'on  sait  d'ailleurs  qu'il 
en  peut  contenir  qpine  le  soit  pas)  il  faut  savoir  combien  de 
matiere  rdelle  s'etend  dans  ses  trob  dimensions.    Le  premier 
point  de  la  question,  qui  consiste  a  mesurer^  est  geometrique.. 
Le  second,  qiii  consiste  a  compter^  est  ariihmetique.     Or  la 
r^ponse  au  premier  point  de  la  question  donne  //tow  dimen- 
sions, et  celle  au  second  point  n*en.  donne  que  deux.    Lai 
troisieme  dimension  est  donn6  rcelle  gcomctriquement  et,  nulle 
arithmetiquement.     Cependant ,  elle  ne  peut  pas  6tre  rielle  et: 
nullie  en  meme  temps.     Elle  renferme  done*  deux:  choses 
dont  Tune  est  r^elle  et  Tautre.  nulle.     C'est  done  un  vide  et 
non  une  nullity  absolue.    La  matiere  est  nulle ;  mais  Tespace 
est  r6eL    La  39,  dimension  est  done  vide  geometriquement  et 
nulle  arithmetiquement.     Done  le   signe   s/ — 1    mis  devant: 
I'expression  d'un  cube  ou  d'un  paralldipipede  marque  un  vide' 
dont  retendue  est  6gale  a,  celle  de  ce  cube  ou  de  ce  parallel 
lipipede. 
.82.   II  s'agit  maintenaiit  d'expBquer  la  difference  qui  se 
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trouve  entre  ce  que  j'ai  appeUiplein  soustractif  et  ce.qae  ydi 

nomm6  vide  ahsolu.*    Le  plein  soustractif  est,  comme  je  I'ai 

dit,  design^  par  le  sjgne  — ,  et  le  vide  absolu,  par  le  dgne 

V  —  1.    La'  diffi§rence  entre  le  plein  soustractif  et  le  vide 

absolu  n'est  done  que  la  difference  de  ce  qu'expriment  les 

signes  —  et  \/I^ .    Le  signe  s/ — i  appliqu^  k  un  espace 

qui  s'^tend  dans  les  trois  dimensions,  marque  par  lui-meme 

la  destruction,  non  pas  de  Tespace  qui  a  ^t^  rempli,  inais 

de  la  mati^re    qui   le  remplissoit    Le  signe   —  marque 

cette  mdme   destruction,  mais  non  par  lui^meme.    II   faut, 

pour   qu'il    la    marque,    qu'il   sdt   accompagn^    du   signe 

4-.     Ainsi,  par  exemple,  dans  le  cube  — 8 — i^V — 6  +36 

4-ffv^— &,  pour  que  —8  repr^sente  un  vide,  il  faut  ^crire  ce 

cube  ainsi :  —8 — 12\/— 6  +8-1-28+6^/115.    Or  je  dis  que 

—8  +  8  d^signe  un  vide  dont  la  partie  —  8  s'6tend  selon  la 

-direction  marquee  par  — ,  et  la  partie  +8  s'^tend  selon  la 

direction  marquee  par  +.    Cons6quemment,  Tespace  — 8+8 

+28  consid6r6  gcometriquementj  c'est-a-dire,  par  rapport  k 

son  etendue  abstraite,  renferme  les  trois  espaces  ddsign^s  par 

28,  — 8  et  +8,  savoir,  28  pieds  cubiques  dans  le  sens  +,8 

cubiques  dans  le  sens  +  et  8  pieds  cubiques  dans  le  sens  — . 

II  renferme  done  44*  pieds  cubiques.     Mais  ce  m6me  espace 

consider^  arithmetiquement,  c'est-a-dire,  par  rapport  k  son 

etendue  materieUe  ne  cohtieht  que  Tespace  marqu6  par  la  valeur 

•  (N*.)  Cc»  considerations  sur  le  plein  et  Ic  vidcpcuvent  paroitre  plus  que  sin- 
gulieres  dans  une  question  de  geometrie ;  mais  puisque  j'introduis  dans  mon  analyse 
des  signes  qui  ont  deux  significations  independantes  Tune  de  l^autre*  il  faut  bien  que 
j^obtienne  des  resultats  de  deux  cspeces,  c'esi-i-dire,  des  resultats  dont  Tun  ait  un 
$aractere  que  Tautre  n*a  pas.  La  prdsence  et  Vabsenct  de  ce  caractere  sont  ce  que 
j'appelle^/Wff  et  videt  quel  que  soit  ce  caractere. 
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arithm^tique  de  — 8+8+28  qui  est  =a8.  Ainsi,  tandis  q(ue 
+6t/6  V'ZIi  repr6sente  un  vide  cublque  tszSVUl  — 8  conduit 
^  un  vide  =^8  X  a. 

83,  Ce  r^sultat,  tout  paradoxal  qu'il  est,  est  la  consequence 
d'une  propriety  remarquable  des  quantit^s  imaginaires,  savoir, 
d'etre  des  logarithmes. 

N\  Qu'il  me  soit  permis  ici  dlnterrompre  mon  sujet,  pour 
m'arrSter  un  peu  sur  les  propri^tds  logarithmiques  du  signe 

84.  [Proprictis  logarithmiques  du  signe  V^^^.  Je  dis 
qu'en  g^n^ral,  si  I'on  regarde  V^^^  non  comme  la  racine 
(racine  impossible)  du  carri  arithmctique  — 1  (carr6  pareille- 
ment  impossible),  mais  comme  le  signe  de  Y operation  geo^ 
metrique  par  laquelle  on  6I6ve  une  perpendiculaire,  on  aura 
(v'=II)-=:4.n(v/:=i). 

Pour  le  prouver,  supposons  d'abord  n  un  hombre  entier 

impair.   Nous  aurons  V — 1=  ^ ^ =  e  * 

.Donc(l/— 1)"=:^"        =^^*      *      *  ' 

Mais  quepeut  signifiercetexposant  (90*4-90'*+  &c;)V^^  ? 
Dans  ax',  Texposant  n  marque  que  x  multiplie  a  autant  de 
fois  que  n  renferme  d'unit^.  Ainsi,  dans  ojf,  n  est  un  signe 
d'op^rations  arithm^tiques.  Mais  aucune  operation  arithmc- 
tique ne  peut  etre  dCsignCe  par  (9o'*+9o''+ &c.)  V^^. 
Get  exposant  est  done  le  signe  d'opCrations  purement  geo^ 
frietriques  (No.  a),  c*est-a-dire,  d'op^rations  oil  Ton  n'a  en 
vu&quQ  les-direetions,  sans  consid^rer  les  longueurs. 

Ka 
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85.  11  n'y  a  nulle  analogie  entre  une  multiplication  et  unc: 
direction.  Comment  done  se  faire  une  id6e  claire  d'un  ex-* 
posant  qui  indique  une  somme  de  directions^  quand  Tidde  qu'on 
a  coutume  d'attacher  exclusivement  a  un  exposant  est,  qu'il 
indique  une  somme  de  multiplications  ? 

\Jn  seul  moyen  se  pr^sente.  C'est  de  trouver  ime  id^e 
complexe  qui  renferme  les  deux  id^es  de  multiplication  et  de 
direction.  Or  la  mesure  de  Vetendue  pr6sente  cette  id^e 
.cx)mplexe  (No.  2). 

Prenons  pour  exejnple  le  carr^  ABCD  (Fig.  11}.  Pour 
mesurerjce  ozxxt^je  porte  la  mesure  de  A  en  B,  puis  de  B  en 
D,  dans  une  direction  perpendiculdire  a  celle  de  AB.  Voila 
Tidde  de  direction.  Ensuite  je  compte  s<6par6ment  les  parties 
de  AB  et  les  parties  de  BC,  puis  je  multiplie  le  nombre  des 
premieres  par  celui  des  secondes.  Voila  I'id^ede  multiplication^ 
De  ces  deux  iddes  ne  conservons  que  la  premiere,  puisque  la 
seconde  est  exclue  par  le  signe  V^^.    Dans  ce  cas,  Tex- 

posant  (90"*+  go'^-f-  &c)  ^^—l  exprimera  un  simple  arc  de 
cercle  perpendicuiaire  au  rayon  ^  et  le  nombre  des  multipfi^ 
cations  qu'ii  ^xprimera  sera  =2=  o.  De  la  il  suit  que,  pour 
ramener  I'exposant  (90**+  90"*+  &c.)  \/^^  aux  exposans 
ordinaires,  c'est-4-dire,  aux  exposans  qui  sont  des  signes 
<Je  multiplications,  il  faut  le  multiplier  par  o.    On  aura  done 

r=5  i  +  ox^  •9o^\/IIia  , /^=(voy^s  la  note  cy  dessous)* 
1  -|-o  X  ;^ ,  90VIIIX, 

*  On  peut  objecter  coiiere  cette  equation  que  le  o  que  j'ai  t^oxxti  au  tenne 
n  .  9oV^  ne  k  oend  point  nul»  et  que  par  consequent  U  rcritable  ^uation  n'est 

pai  #®X'*-9<^*'^'-"  =:j+OK»-9oV^,mais.      -       -       -       •       -     / 
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L'expression  o  x  n .  90^1/^  renferme  deux  parties,  savoir, 

Soit  (Fig.  11.)  Tare  AEI=«  .  gd'v/^.    Le  signe  v^— 1 

que  renferme  n  ^gd's/^^  marque  que  AEI  est  perpendicu- 
laire  au  plan  de  ce  papier-  En  effet  si  n  .  gd",  ne  portoit  pas 
le  signe  \/ — 1,  il  seroit  d^ja'perpendiculaire  au  rayon  CA. 
Or  le  signe  \/— 1  ne  peut  pas  le  faire  cesser  d'etre  per  pen- 
diculaire  a  ce  rayon,  pwsqu'il  ne  peut  pas  le  faire  cesser  d'etre 
un  arc  de  cerde  d^ciit  de  ce  rayon.    Done  le  signe  v^-^J 


€"> 


Pour  jH'evenir  cette  objection,  je  remarque 

1^  Que  cc.qui  est  representc  par  une  serie  ne  peut  ctre  que  le  resultat  d^une  suite 
<l*operatiens  purement  arithmetiques ;  que  par  consequent  on  n'y  doit  considerer 
que  la  valeur  arithmetique.    Or  oxn  .  90^v^— i   est  arithm^tiquement    • 

rso X n  . po^v^— I  +  \         *  ^  ,„  '^,    .f.  &c.    C^est -ce  qti*il  ert  fecile  de  montrcr. 

En  efFet  si  n  .  90^1/— i  exprime  qaelque  chose*  ce  ne  peut  etre  qu'un  arc  indefini 

A£l  (Fig.  II.]  qui  (comme  je  le  prouverai  dans  le  texte)  dolt  etre  perpeodiculaire  au 
plan  de  ce  papier.  Cet  arc  est  purement  descriptif.  La  chose  dont  il  determine  la 
position  est  la  settle  qu^)n  doive  considerer  dans  la  serie  pr^c^dente.   Mais  quelle  est 

cette  chose  dont  Tare  AEI  determine  la  position  f  Cette  cliose*  quelle  qu'elle  soit, 

doit  etre  sur  le  plan  de  ce  papier.  Or  Tare  AEI  etant  perpendiculaire  au  plan  de  ce 
papier  ne  peut  determiner  sur  ce  plan  que  deux  points.  La  chose  qu*ll  y  deter- 
snioe  se  reduit  done  4  deux  points  dont  la  valeur  Aritbmtiqut  est  nuUe.  Done  tous 
les  termes  de  la  serie  prec^deote,  I  Texception  du  premier  (qui  est  1)  sont  aritbme- 
tiqueroeitt  nuls. 

Je  remarque  a^  que  les  termes  qui,  dans  cette  serie  suirent  le  terme  o  x  » .  90^1/ JIT 
fi*ajoutent  rien  &  #^  vahur  descriptivf.  £n  effet  tous  ces.  termes  sont  rendus 
descriptifs  par  l^  ^igne  descriptif  n  .  90^^-^!  qu'ils  contiennent,  Cbacun  de  ces 
termes  se  reduit  done  au  signe  de&criptif  n  •  pc^v^ITT  r^pete  uil  nombre  quelconque 
lie  fois.    Cette  r^pititbn  modiSe  a  la  rerite  Tetendue  Je  Tare  AET,  mais  die  ne  lui 
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joint  au  signe  de  Tare  de  ceitle  n .  gd"  njarque  une  d<n4>Ie 
perpendicularity,  c'est-a-dire,  la  perpendicularit|§  a  up  plan. 
Or  ce  plan  ne  peut  6tre  que  celiri  de  ce  papier.  A  TiSgard  de 
o,  nous  Tavons  pos6  pour  exprimer  une  nullitc  de  multiplica'' 
Hon  .  o  X  m  X  90*"^^^  n'exprime  done  qu'une  trace  de  ligne 
raise  au  bout  de  la  ligne  CA  et  qui  lui  est  perpendiculaire. 

Done,  en  repr^sentant  o  x  «  .  gd'y/^i  par  T  (AEI)  qui  sigr 

signifie    trace   de   AEI,    nous    aurons    (suppos6   CA=s:i) 

i  +  oxn.9oVIIT  =  CA  +  T(AEI).     Done 

/  CA+T(AbT)  \        /  CA-T(AEI)  )  . . 

=i ^^ i  -  i J i=T(AEI) 

86.  Ainsi,  quoiqu'on  ait 1^^ ~  ^"^'  ^^hon 

+T(AE1)      -TfAEI) 

a^        ■   "J^ =:T(AEI).    Pour  que  ce  point  paroisse 

fait  pas  decrire  d'autres  points  sur  le  plan  de  ce  papier.    £Ile  n'ajoute  done  rien  i,  sa 
valeur  descriptive. 

Je remarque  3^  que  la  serie precedente  est  z=cos.QXff*90<'±sin.oxn,9o^V^!iri=:i. 
Or  cette  meme  serie  =1+  une  suite  de  termes  dont  oxf  •  90**v'ZT  est  un  des 
fecteurs.  Designons  cette  suite  de  termes  par  T.  Puisque  ox»  •  po^v^HT  est  un 
des  facteurs  de  T>  T  est  done  (arithmetiquement)  r:o.  II  est  done  purement 
descriptif.  Or  le  rayon  i  exprime  la  distance  du  cercle  et  la  circonference.  Done  la 
serie  enticre  (i+T)  traduite  en  langage  descriptif  signifie:      •        •        .        . 

la  distance  i  plus  la  description  de  Pare  A£I,  ou,  en  d'autres  termes ;        •        - 

la  trace  de  Pare  AEI  d^crit  d  la  distance  i  d^ttn  point pris  comme  centre* 

Or  e*^^^'*  •  9^^^^^  et  i+cxn.  jo^V-ITont  Tun  et  Tautre  cette  mfime  signi- 

jfication.    Done  Tiquation  «®  ^  "  •  9<^*^—  *  =:  i  +0  x  »  •  90<> VZTi  est  une  equation 
identique. 
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clw*)  U  'Siiffit  de  remarguer,  l^  que  ce  qui  est  exprimd  par 

AEI  renferme  deux  id^s,  savoir  celle  de  nombre  et  celle  de 
direction ;  %"".  que  lorsqu'on  determine  un  sinus ^  c'est  sa  valeur 
numerique  seule  qu'on  determine ;  3^  que  le  signe  >/ — 1  ex- 
clut  toute  id^e  de  nombre  aussi  bien  que  le  ^gne  o ;  4"^.  <pi'il 
«i  est  de  in£me  de  ce  que  je  me  suis  propose  de  designer  par 

T  (  AEI ) ;  ^  que  ^ -^ ,  en  an^antissant  le  signe 

>/ — 1  de  Texposant  par  le  signe  >/l^  du  d^nominateur,  et 
en  n'admettant  pas  le  sig^e  o,  ne  laisse  que  la  valeur  nu- 

+T(AE1)      -.T{AE1) 

merique;  6*.  qu'au  contraire  ^ — ,  en  n'an^antis- 

sant  pas  le  signe  V^^  qui  exclut  toute  id6e  de  nombre,  et 
en  admettant  le  signe  o,  ne  laisse  subsister  que  la  valeur 
descriptive. 
87.    On   peut  done  poser  pour   principe   g^n^ral,    que 

-^ ^i divise  par  V^^  est  =  sin.  nx,  tandis  que 

1^      "^  ^on  divise  par  V  —1  e^  =  n  .  T  (x). 

Or  je  n'm  mis  le  signe  o  que  pour  6ter,  par  un  signe  connu, 

toute  id^e  de  multiplication ;  mais  le  signe  V — 1  seul  suffit 

pour  exclure  cette  id^e.    On  peut  done  supprimer  le  z^ro. 

Doncf =j =  nT(j:).    Done  (1/111)-  = 


{n  ^tant  un  nombre  entier  impair)  = 


=  n.T(.^)=«(t/i:r). 
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88.  Cette  Equation,  toute  singtriiere  qu*eHe  pent  paroitrej 
n'est  que  Texpression  alg^brique  du  principe  pos^  au  oom<« 
mencement  de  ce  m^moire,  savoir,  que  VZZl  est  h  signt  de 
la  perpendicularite\  abstraction  faite  de  toute  longueur  de  ligne. 
En  effet  le  premier  membre  {V — i)^  marque  que  le  signe 
V—i  de  la  perpendicularite  est  r6pet6  n  fois,  c'est-a-dire,  est 
attach^  n  fois  a  la  raeme  ligne  i.    Le  sd-  membre  n  .  T  f-jj 

marque  que  Tare—  qiui  est  la  mesure  de  la  perfendiadarili  est 
trac6  n  fois. 

89.  J'ai  suppose  n  un  nombre  entier  impair,  afin  que  le  signe 
'y/'^^  ne  s'an^antit  pas.  Si  n  ^toit  un  nombre  entier  pair,  le 
signe  v/^^  s'an6antiroit,et  Ton  pourroit  croire  qu'alors  T^qua- 
tion(v^^^y=n  -TfYJ  n'auroit  pas  lieu,  puisque  (No.  86) 
j'ai  fond6  la  v6rit6  de  cette  Equation  sur  ce  que  le  signe  V" — 1 
qu'elle  renferme  exclut  toute  id6e  dfe  nombre.  Mais  cette 
difficult^  n'est  qu'apparente.  En  effet  lorsque  n  est  un  nombre 
entier  pair,  ce  n'est  pas  le  sigrte  V — 1  qui  disparoit,  mais  le 
sinus  de  Varc  n  .  ~  qui  devient  =0.  Alors,  Tid^e  de  nombre, 
bien  loin  de  se  trouver  r^tablie,  se  trouve  doublement  exclue, 
savoir,  une  fois  par  le  signe  V — 1  qui  subsiste  toujours,  et 
une  seconde  fois  par  Tan^antissement  de  la  valeur  num^rique 
du  sinus,  Je  dis  que  le  signe  V — 1  subsiste  toujours,  parce- 
qu'on  ne  pent  Tan^antir  qu'en  le  divisant  par  lui-meme. 

90.  L'equation  ( \/ — 1  )"=«  •  T  f-^j  est  done  aussi  vraie, 
.lorsque  n  est  un  nombre  entier  positif.  Maintenant  je  dis 
qu'elle  est  egalement  vraie,  quel  que  soit  w,  entier  ou  frac- 
tionnaire,  positif  ou  n^gatif .     Pour  cela^  il  suffit  de  substituer 
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k  rid^e  de  perpendicularity  lld&e  d'une  inclinaison  quelccxnqueJ 

Dans  ce  cas,  les  deux  membres  de  Ti^quation      -        -      - 

±i 

( 1/— 1 )    *"  =a  +i  .  t(-^)  exprimeront  rinclinaison  ^  rt- 

p^t6e  n  fois  dans  le  sens  -{-  ou  dans  le  sens  — . 
91.  De  ce  qui  vient  d'lfitre  dit  je  tire  deux  consequences. 
Premiere    consequence.    Sdt   R   un  rayon   quelconque. 

R  (  \/^i  Y  exprime  la  trace  d'un  arc  quelconque  ^  d^crit  du 

rayonR.  Si  R=:-i-et»=^  xo,-J^  (t^Hi/^'*  exprime  la 
trace  d'une  figne  droite  quelconque.  Par  Ik  an  peat  ecrirt 
algcbriquement  et  calculer  d  la  maniere  des  logarithmes  les  traces 
d'un  nambrequelcanqae  de  Ugnes  avec  leurs  hngumrs  et  leurs  pa^ 
sitions.  Je  regrette  de  ne  pouvoir  m'^tendre  ici  sur  cette 
propriety  du  signe  V — 1  qui  paroit  devoir  Atre  d'une  grande 
utility  dans  la  g^ometrie  descriptive.  * 

93.    Seconde    consequence.     Pour  passer   du    logarithme 
+  ~ .  T I  ^1  a  son  exponentielle,  il  suffit  de  diviser  ce  logarithme 

par  s/ — 1.  voyez  le  No.  86. 

93.  Revenons  I  hos  cubes  de  vrai  et  de  faux  marbre. 

Ces  cubes  sont  =  — 8  ±  12  \/^  +  36  — 6  %/§;    Pour 
avoir  le  faux  marbrequ'ils  contiennent, il  faut  les  exprimer  ainsi : 

quidonne  (No.  84.)        -        -        -        - 
(«.8±i».V6'+o.36— 6t^6")l/1IT.    Le  signe  y^ 
narque  ici  que  les  signed  -f-  et  —  ne  sont  pas  des  signes 
d'tdditkm  et  de  soustraction:    Par  consequent  la  quantity  du 
6ux  marbre  est  2 .  8  +  ii%/6'+6\/6"=s  16  +  iWUl 

MDCCCVI,  L 
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Pour  avoir  le  vrai  marbre qus^  cgfntiennent  nos  cubes,  ilikut 

les  exprimer  ainsi ;         ----.-.-. 

-8+12^/6  C;±T(f)]+3e+ev/e[;-T(f)].  Or  (No.  86.) 

le  signe  tI—\  an^antit  toute  valeur  numerique:  Done  la  quan- 
tity du  vrai  marbre  se  r^duit  a  —8  +  36=28,  comme  le 
probl6me  Texige. 

^.    Regkgenerale.  Etant  donn^  une  expression  telle  que 

u 

(A  +  Bv'^y^  dont  le^divelop^^nent  ^0Bti«nt  des  tenaea 
afiect^s  du  signe  v^— 1  et  des  termes  qui  ti^en  aont  fstB 
afiect^s/on  cohnoitra  la  somrae  xies  termes  nteU^nent  al^ 
fect^s   de  ce  signe,  par  la  regie  suvante  :  O^v^oppez 

(A ±81/ ^)  "*  suivant  la  formule  du  binome,^  en  observant,, 
l^  de  donner  I  V^  les  ^xposans  indiqu^  par  cette  formule^ 
«•.  que  ( V^^^)^*  (/  ^tant  un  nombre  entier  quelconque  po- 
sitif  out  n^gatif)  fait  le  m^me  effet  que  o;  3*.  Qu'il  ne  faut 
faire  aucune  autre  reduction  que  celle  de  4/  a  o.  Cela  fait, 
tous  les  termes  qui  ne  seront  pas  afiect^s  de  (v^-^^)^ 
resteront.  Leur  somme  sera  done  celle  des  quaidkto  r^Ue^ 
ment  a%ct^s  thi  signe  V — 1. 

On  voit  que,  dans  ce  cas,  -^  l^  se  rtnmve  (fttre  oe  qu'en 
appellenn  carr4  imaginaire. 

95.  Sur  la  solution  du  ge.  probl^me  (No.  70),  je  remarqud 
ft^  ^e  r^uation  (7.)  qui  est  du  ^e.  d^gr^  n'est  pas  dans  1q 
e&6  itreductiUe.  On  peut  eependant  k  Taide ;des  imaginairess 
la  r(6soUdre  comme  celles  qui  sont  dsaxs  oe  cas.  C^est  ^  qull 
faut  mbntrer. 
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Cette  ^uation  d^velopp^e  donne  celle  ci :;      n- 
^'+8^+6x— 10  =  0        -        -        -  '     -        -      (13). 
Ja.fais  z=^  — 1,  pour.an6aatir  le  fietoadteme^^Qe'qiiiiQe 
donne  y+ ay  — 14  =  0        .---.-     (14). 

En  imitant  le  proc^d^  dont  on  fait  usage  dans  le  cas  in^- 
ductible,  si  Fonreprfsente  par  aV^^  Tangle  dont  le  sinus 
est  — 14  et  le  raypn  iv/^^,  on  aura  pour  les  treis  radnes  de 

r^quation  (i4)>^=:sin.  22Ei,^=sin.{^6o*~f )  }v/-=I, 
et:>.=-siii.{(6d-+-l)vC:7},     .   ^       .        .        . 

ou  bien  (ea  midtlpliaht  ccff:  sinus  -par  leuc  rajiton  sv^^^, 
pour  les  ramenar  au  rayon  des  tables  qae;je  suppose  ssi) 

>=2%/r:i:  x  sin,^,;^=:a V~ x  sin:{ (6o*^  t)^"}* 

et>=— «\/^xsin.[(6o*+— )V^^}. 

On  verra  dians  la  question  suivante  (No.  105.)  ce  que  c'est 
que  ces  sinus  ima^aires  plus  grands  que  leur  rayon.  En 
attendant^  it  faut  montrer  analytiqaehi^nt  que  les  trois  racines 
qui  viennent  d'etre  poshes  resolvent  T^qnatioQ  (14). 

96.  Pour  donner  a  cette  recherche  toute  la  g^n^ralit^  pos- 
^Ue,  supjposens  que  r^qiiatifm  propose  seit  y*f/>  +  9'=^^ 
( 15)*  et  que  cette.^uation  ne  soit  pas  dans  le  cas  irr^ductil^Ie, 
et  meme  qUe^  soit  positif. 

Je  d^signe  par  iil/^^  Tangier  dcmt  le  sinns^  est  ^  (qui,  pour 
T^quation  (14},  s£  r^duit  i  ~i4)  et  dont  le  raypn  est 

^J  —  ^  (qui,  pour  T^uation  (i4)/se  reduit  k  «v^^);  et 
j'ai  poor  T^^uation  (I5),  comme  pour  T^quation  ( 14), 
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y=i+9y/^  i.  X  sin.  ~=i ; 

97.  Pour  mpntrer  que  ces  trcMS  racines  sont  les  vraies  ra?- 
cines  de  T^uation  ( 15)^  il  faut  les  d^velopper. 


XSUl.' 


-  +  COS.  i^)  +  (sin.  2^  -  COS. 

3     '        ^  3 


X  sm,  — ; — h 


'" -)  }• 

Or  suppcMons  que  le  plan  sur  lequel  Tare  ~  est  dicnt  sort  pep- 
pendiculaire  k  celud  de  ce  papier.  Si  le  sinus  de  cet  arc  est 
parall^Ie.  au  plan  de  ce  papier  (comme  on  est  maitre  de  le 
supposer,)  son  cosinus  sera  perpendicul^re  a  ce  m^me  plan. 

Mors  yZI     -  '^~ 


X  sin. restera  comme  il  est,  parceque  les 

deux  signes  de  perpendicularity  que  ce  terme  renferme  se  d^- 
truisent  Tun  Tautre  .  ^  — -jx  cos.      7^',  au  contraire^  se 

changera  en  %/—  -f  x  cos.  -7.    Done        .        -  - 

j,=  +  V<rT{  (sin.  £2|I  +  COS.  f^)+(8in.fi^- COS.  2:^) 


3 
3 


4.cos.j)+(sm.-^ *^^T=      -      -    - 

=  +  \/---|-{(sin.at/— icos.a)*+(sin.*'-^  — cos.|)^}=    -      - 

=  +\^-'j{  (sin.(at/i::T)+v/rayon— (sin.(tfy'IIi))*)*4.(8in.(a\/=r 

— v^rayon*— (sin.(at/— i))")^  }= 
=  +\/—  -f  {  (sin-at/Hi + v'  i  +sin.*tf )  * + (sin.«v/m— v^  i + sin.'tf)^  }=s= 
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+[.ta.(at'=T)  X  JX^-JT^]'+^'<- f )■]*• 

98.  Piusque  aV^^  est  Tangle  dont  le  sinus  est  ^  etle 
'  raydn  »  ^  —  — ,  on  a  pour  le  rayon  1, 

;  +sm:*l/^=i^W=-^^^     De  plus  sin.  (aV'^T) 
*={sm  tf)V^^.  'P^  <tons6quent  sm/(tfV^ — ^1)=  — sin*<i. 

r    ,     *:  .  .r  >-.    :     ::  .        (^if     (iV 

:  Ainsi.  sin.'-a  =  —  sm-.*C^yr— 1 )  :^  ^  IlJy  ^JI^ ' 
•  Y^leur  ra^cedent^  de  y  Hevient  done       -        "      •"   ■    - 

99.  Mais  cette  valeur  de  y  tire  son  origine  d'un  arc  perpendi- 
culaire  au  plan  d^  ce  papier,  aussi  bien  que  son  cosinus  qui  est 

-J  '^{^l-^lil  ou'J^lf  )'+(•?)'  xV-^I.  Si' I'on  remet  cet 
.ard:sur*le  pl^  de  ce  papier,  son-co^  s'y  trouvera  et  son 
sinus  y  restera.  Le  sinus  conseiyera  done  son.  signe,  mais  le 
eo«nu8  perdra  le  sien  ^ui  est  %/=?.  On  aura  done  en  demi6re 
.analyse        -  -  .      -  '  ' ,     ",,■,  .^  " 

C'est  la  formule  connue  sous  le  nom  de  formule  de  Cardan. 
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.      +(«n.(6o°-.^).}i/=I--<^s:(«o°~|}]= 

=  y  —  i.[(cos.'6o'»+  sin.  epVUTi)  (cos.  J  —  sin.  jV^^) 
^cos.6o°---an.6o'%/f^)(c6s.  »^  +  an.  -^v^— -i)  ]== 

.^J-rr  •^E(£DS^q°4:Bin.6oV3]^)  (eos.tfr^iii.ay'~)t— 

+4(^s.  ed'.-BLSin.  fi^o'v^^)  (oos.a+sin.  a\/Iirr)i]= 

=s(cos.6l>'4-sin.  6b!y'^)x—  J  — *  Y(sin.  av^^^— cos.«)» 


Or  COS.  6o'='i ;  siii.  6o*=  ^ ; 


— y  ~  |-(sin.a  V'— 1  +cos.d)*=(Nos.  ^7,  $8, 59)  [+  f  ± 

C'est  la  formule  g^n^rale  pour  la  seconde  ratine  de  I'^ua- 
tion  (15).  * 

101.    3%  II  est  facile  maintenant  de  voir  de  la  ge.  racine 
de  cette  Aquation^  laquelle  racine  est        -  .-  - 

y  ==2y/— |.  X  sin,  [  (6o'+  j)  \/IIT  } ,  devient 

H^=^)(i+y(F+iif)*+(^Hf^  - 
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{i^Y    C*est  la  fonnule  g&n^rale  pour 

la  se.  racine  de  T^quation  (i^)^ 

102.  On  voit  dojic  jpar  ce  detail  que  les  formules  (17)*^ 
(18)  et  (19)  qui  sont  les  formules  g^n^rales  pour  la  r^solu- 
tign  des  Equations  du  3e.  d^gr^,  sont  les  mdmes  que  les 
formules  (i6),  Mais  c^es-d  tie  dHFirent  des  formules  pour 
la  i^soluticm  de  oes  ^miStnes  iquadons,  4a]iis.  le  cas  irr^u($ible» 
qci-en  ceque  Tare  et  le  raj^on  portent  le-^igne  \/^^,  c^est-a** 
dte^  qu'ils  ttont  dans.im  plfo  ^perpeDcGculaire  a  celin  oiiilr 
sefoient  dans. ce. cas.  J'ai  done  prouvi^  ce  que  j'^avois  intention 
de  prouver^  savoir,.  qu'on  pent  h^udre  les  Equations  du  se. 
d^gr^,  dans  tous  les  cas^  de  la  mdme  mani^re  qu'on  le  fait 
dans  le  cas  irr^ductible,  c^est-a-dire,^^  un  sinus. 

103.  II  ne  me  reste  plus  qu'un  point  k  discuter  sur  cette 
ipatidre;  c^est.de  savoir  ce  que  sigrufient  des  sinus  ou  des 
cosinus  imaguiaires  plus  grands  que  leurs  rayons.  C'est  ce 
que  je  vais  faire  dans  la  question  qui  suit. 

Prohlime  VI. 

104.  Que  deviennent  les  courbes  du  dd.  di^r^,  c'est-a- 
dire,  les  sections  ccmiques,  lorsque  leurs  ordonn^es  deviennent 
imaginaires  ?  . 

Commen^ons  par  le  cercle.  Son  ^nation  est,  en  mettant 
an  centre  rorigine  des  coordonn^es,  yy^=aa — xx.  Lprsque 
x>ajOmyy::^^^{xx  —  aa)^  et>  =  ±>/xx  —  aa.  1/.— 1, 

ou  faien  yV^^  =5;  ^\f  xx^^aa.  Si  F^uatioi^  j^=:  ±\/aa-'r^xx 
exprime  Tordonn^e  d'un  cercle  d^crit  sur  le  plan  de  ce 

papier,  avec  un  rayoo  ss:  a^  T^uation  yV'^^  ss  4:  Vxx^aa 
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^xprime  Tordonn^e  d'une  hperhole  i^uilat^re  d^Crite  sur  un 
plan  perpendiculaire  a  celui  de  ce  papier,  et  ayant  a  pour  la 
vs^eur  de  chacun  de  ses  deux  demi-axes. 

105.  SoitADBE  (Fig.  la)  le  cerde  dont  rordoiin^e  est 
ysz±  Vaa — xx,  et  AC  ^=  a,  le  rayon.  hmnOpq  est  Thy- 
perbole  ifiquilatire  dent  Tordonn^e  est  >=  ±\/xx — aa .  V — 1 , 
ou  y  \/^^  zssi^V xz  —  aa.  Cette  h3rperbole  est  suppos^e. 
d^crite  €ur  un  plan  perpendiculaire  a  celui  du  cercle.  AC» 
iCD,  sont  6^aux  a  ses  deux  derm-axes.  atCdf  et  hfCd  sont 
ses  assymptotes.  Ces  assyinptotes  font  avec  Taxe  AB  le 
n^iSme  angle  que  les  lignes  aCdj  ^c,  ifont  avec  ce  miSme  axe, 
c'est-a-dire,  un  angle  de  45^ 

Or  X  et  j^  coordonn^es  du  cercle  sont  le  sinus  et  le  cosinus 
de  Tare  qui  leur  correspond.  Done  x  et  j^  coordonn^es  de 
rhyperbole  iquilatere  d^rite  sur  un  plan  perpendiculaire  a 
celui  du  cercle  sont  ce  que  deviennent  le  sinus  et  le  cosinus, 
lorsque  le  sinus  devieht  lui-mdme  plus  grand  que  le  rayon. 

106.  Hyperbole  ^quilatcre. 

Faisons  tourner,  par  la  pens6e,  la  Figure  12  de  maniere 
que  i'hyperT)ole  AmnBpq  se  trouve  sur  le  plan  de  ce  papier. 
Ce  mouvement  rendra  le  cercle  ADBE  perpendiculaire  k  ce 
m^me  plan.  Par  la,  Tordonnfee  yV^^  =:  +  Vxx — aa  de 
cette  hyperbole  cessant  d'y  ^tre  perpendiculaire,  perd  son 
signe  v^ — 1,  et  Ton  a  ^  =  +\/xx  —  aa^  ou  yy^zxx-^^aa. 
Lorsque  x  <  tf,  on  a  ^j^  =  —  [aa  —  xx),  qui  donne  yV^^ 
i=  ±\/aa — XX,  equation  k  un  cercle  perpendculaire  au  plan* 
de  ce  papier. 

L'6quation  yy=,  —  aa^xx  donne  (^v^^)* — [x^'^Ti )% 
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qui  diffdre  de  T^quation  (7)  /=  (^.v^ZITy  —  ;^*  (No.  43, 
Probl.  11. )  en  ce  que,  dans  cette  demiere  Equation,  Tabscisse 
z  est  r6elle,  au  lieu  que,  dans  T^quation  y*s=(^aV — 1)*— • 
— (xt/ — 1)',  Tabscisse  xV — 1  est  imaginaire.  Cela  vient 
de  ce  que  T^quation  du  No.  43  est  celle  d'un  cercle  d6crit 
d'un  mouvement  conique,  par  une  ligne  bris6e,  au  lieu  que 
r^uation  du  present  num^ro  est  celle  d'un  cercle  d6crit  sur 
un  plan  perpcndiculaire  k  celui  de  ce  papier. 

Ce  num^ro-ci  et  les  deux  pr6c6dens  montrent  que  le  cercle 
devient  une  hyperbole  ^quilat^re  perpendiculaire,  et  Thyper- 
bole  6quilatere,  un  cercle  perpendiculaire,  lorsque  leurs  or- 
donn^es  deviennent  imaginaires, 

107.  Ellipse  et  hyperbole  non-6quilat6re. 

Siipposons  que  toute  la  Figure  12  tourne  egalement  autour 
de  Taxe  AB,  sans  que  ce  papier  tourne  en  mfime  temps. 
Alors,  au  lieu  d'un  cercle  et  d'une  hyperbole  equilatere,  on 
aura,  d'abord  par  la  projection  du  cercle  sur  ce  papier,  une 
ellipse,  ensuite  par  la  projection  de  Fhyperbole  6quilatere  sur 
un  plan  perpendiculaire  a  ce  papier,  une  hyperbole  dont  I9 
grand  axe  sera.= AB,  et  dont  le  petit  axe  sera  <  DE.  . 

Les  diamdtres  ady  be,  deviendront  des  diametres  conjugufe 
6gaux  Tun  a  Tautre.  Leur  angle  restera  6gal  k  Tangle  as- 
symptotique,  quoiqu'alors  <  90"*. 

108.  L'^quation  de  cette  ellipse  rapport^e  k  ses  diametres 
conjugues  egaux  sera  la  mdme  que  celle  du  cercle,  savoir, 
yy=iaa  —  xx;  mais  ses  coordonn^es  feront  entr'elles  un 
angle  £gal  a  celui  des  diametres  conjugues. 

II  en  sera  de  mSme  des  coordonn^s  de  Thyperbole  rap* 
port^e  k  ses  assymptotes. 

MDCCCVI,  M 
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On  peut  done  raisonner  sur  cette  ellipse  et  cette  hyperbole, 
comme  nous  Tavons  fait  sur  le  cercle  et  Thyperbole  6qui-* 
latere*    On  y  trouvera  les  mcmes  analogies. 

log,  Parabole, 

Son  Equation  est  yy  =:/x.  Si  x  est  n^gatif,  on  a  -^yy  =/jr, 
qui  donne  yV — i  =  +px.  Cette  seconde  Equation  repr6sente 
une  seconde  parabole  qui  est  perpendiculaire  au  plan  de  ce 
papier  et  qui  s'6tend  dans  la  partie  negative  de  Taxe  de  la 
premiere  parabole  suppos^e  d^crite  sur  le  plan  de  ce  papier. 
Les  sommets  des  deux  paraboles  se  touchent,  et  les  directions 
de  leurs  axes  sont  opposees.. 

110.  Prenons  maintenant  une  vue  gen^rale  de  toutes  ces 
sections  coniques  a  ordonnees  imaginaires,  que  j'appellerai 
appendices  des  sections  coniques. 

i"*.  L'hyperbole  6quilatere  est  I'appendice  du  cercle.  Lliy- 
perbole  non-^quilatere  est  celui  de  Tellipse,  et  la  parabole 
celui  de  la  parabole.  Or  comme  les  courbes-appendices  sont 
perpendiculaires  a  leurs  coiirbes  origfinales,  celles-ci  le  sont 
a  celles-1^.  Done  le  cercle  est  Tappendice  de  Thyperbole 
^uilat^re,  &c. 

111.  a'*.  L'axe  commun  ^  la  courbe  originale  et  k  la 
courbe-appendice  est  la  projection  de  chacune  de  ces  deux 
courbes  sur  le  plan  de  son  appendiee. 

112.  3**.  Comme  toutes  ces  courbes  ont  deux  axes,  savoir, 
celui  des  abscisses  et  celui  des  ordonnees,  il  faut  dire  relative- 
ment  au  second  axe  tout  ce  qui  vient  d'etre  dit  relativement 
au  premier. 

113.  4*".  Comme  les  courbes  appendices  ont  les  mdmes 
axes  que  leurs  courbes  originales,  ces  axes  ont  dans  toute 
leur  ^tendue,  c'est-^-dire  depuis  -f  00  jusqu'a  +  00  ,  des 
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ordoimdes  qui  leur  correspondent.  Or  il  est  facile  de  voir  que 
ce  que  j'ai  dxt  des  sections  coniques  peut  se  dire  ^galem^tit  de 
toute  autre  courbe,  soil  alg^brique,  soit  transcendante.  Done, 
supposant  Taxe  d^it  sur  le  plan  de  ce  papier  et  appellant 
ordonnees  deux  esp^ces  de  perpendiculaires  a  cet  axe,  savoir, 
celles  qiri  sont  sur  ce  papier  et  celles  qui  y  sont  perpendicu* 
laires,  je  suis  autorisc  a  ^tablir  cette  proposidoi  g^n^rale: 
Un0  courbe  quelconque  a  dans  toute  I'etendue  de  chacun  de  ses 
hx^SyC'est-^^reydepuis^^  cojusqu'd^  ocyOutantd^ordonnies 
que  le  digri  de  son  Equation  contient  d'unites,  et  comme  le  dcgri 
d'une  courbe  transcendante  est  infini,  le  nombre  de  ces  erdonnkes 
dans  tout  le  coyrs  de  chaque  axe  est  infini. 

P.  S.  Depuis  la  composition  de  ce  Metnoire,  j'ai  lu,  dans 
le  ler.  Tome  des  Memoires  de  la  Society  de  Turin,  un  M^- 
moire  de  Mr.  De  Foncenex  intitule :  Reflexions  sur  les 
Qiiantitis  imaginaires^  ou  se  trouve  Tarticle  suivant  : 

"  No.  6.  Si  Ton  r^flechit  sur  la  nature  des  racines  ima- 
*'  ginaires  qui,  comme  on  sait,  impHquent  contradiction  entre 
"  les  donn^es,  on  concevra  cvidemment  qu'elles  ne  doivent 
"  point  avoir  de  construction  g^om^trique  possible,  puisqu'il 
"  n'est  point  de  mani^re  de  les  consid^rer  qui  l^ve  la  contra- 
^'  diction  qui  se  trouve  entre  les  donn6es  immuables  par 
^*  elles-mSme. 

"  Cependant,  pour  conserver  une  certaine  ahalogie  avec  les 
"  quantites  negatives,  un  auteur  dont  nous  avons  un  cours 
"  d'algdbre  d'ailleurs  fort  estimable  a  pr^endu  les  devoir 
*'  prendre  sur  une  ligne  perpendiculaire  k  celle  ou  Ton  les 
^*  avoit  suppos^es.  Si,  par  exemple,  on  devoit  couper  la  ligne 

Ms 
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"  CB  ( Fig.  1 )  =  2a  de  £39011  que  le  rectangle  des  parties 
"  x  X  ( sa  —  :r )   fut  6gal  a  la  quantity   sa*,  on  trouveroit 

^*  a:  =  a+\/— a\  Pour  trouver  done  cette  valeur  de  x^ 
"  qu'on  prenne  sur  la  ligne  CB,  la  partie  AB  =  a,  partie 
^^  r^elle  de  la  valeur  de  x,  et  sur  la  perpendiculaire  DD',  les 
*'  parties  AD,  AD',  aussi  =  a,  on  aura  les  points  D,  D',  qui 
*'  resolvent  le  probldme  en  ce  que  BD  x  DC,ou  BD'x  DC'=2a*; 
"  mais  puisque  les  points  D,  D',  sont  pris  hors  de  la  ligne  CB, 
"  et  qu'une  infinite  d'autres  points  pris  de  m^me,  auroient 
**  aussi  une  propriety  semblable,  il  est  visible  que,  si  cette 
"  construction  ne  nous  iriduit  pas  en  erreur,  elle  ne  nous  fait 
**  absolument  rien  connoitre.  C'est  cependant  la  un  des  cas 
*^  ou  elle  pourroit  paroitre  plus  sp6cieuse ;  car  le  plus  sou  vent 
**  on  ne  voit  absolument  pas  comment  le  point  trouv6  pourroit 
^'  resoudre  la  question,  quelque  changemens  qu'on  se  permit 
'*  dans  r6nonc6  du  probl^me, 

"  Les  racines  imaginaires  n'admettent  done  pas  une  con- 
"  struction  g^om^trique,  et  on  ne  peut  en  tirer  aucun  avan-^ 
**  tage  dans  la  resolution  des  probl6mes.  On  devroit  par 
"  consequent  s'attacher  a  les  ^carter  autant  qu'il  est  possible 
*^  des  equations  finales,  puisque  prises  dans  quelque  sens  que 
''  ce  soit,  elles  ne  peuvent  pas  resoudre  la  question,  comme 
''  les  racines  negatives  dont  toute  la  contradiction  consiste 
"  dans  leur  mani^re  d*6tre  a  regard  des  positives." 

Void  les  reflexions  que  cet  article  m'a  sugger^es. 

i"*.  La  question  expos^e  par  Mr.  de  Foncenex  est  a  peu 
prcs  la  meme  que  celle  propos^e  par  Mr.  Car  not  et  qui  est 
le  ad  probleme  du  present  ecrit.  Je  ne  connoissois  pas  les 
objections  de  Mr,  de  Foncenex;   mais  quand  je  les  aurois 
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connues,  j'aurois  dit  exactement  tout  ce  que  j'ai  dit,  et  rien  de 
pliis.* 

a"*.  Ecarter  les  quantit^s  imaginaires  des  <5quations  finales^ 
comme  Mr.  de  Foncenex  le  d^sire^  est  une  chose  impossible, 
pass6  le  second  digri,  a  moins  qu'on  ji'CTiploye  les  sinus  ou 
les  cosihus,  et  je  prouverai  ailleurs  que  Texpression  jfw>  des 
sinus  et  des  cosinus  renferme,  non  seulement  de  fait,  mais 

nicessairementy  le  signe  s/ — i.'f 

On  a  vu  aux  Nos.  95  et  suiv.  comment  la  supposition  d'un 
rayon  portant  le  signe  V^  —  1  m'a  conduit  aux  formules  cbnnues 
pour  les  Equations  du  3e.  d^gr^,  dont  la  premiere  ne  renferme 
plus  ce  signe*  Si  ce  rayon  ne  portoit  pas  le  signe  V — 1, 
alors  ce  signe  reparoitroit  necessairement  dans  cette  premiere 
formule  qui  alors  repr^senteroit  le  cas  appell6  irriductihle. 

3*.  Dans  les  problemes  que  je  me  suis  proposd,  je  crois 
avoir  fait  voir  que  les  racines  imaginaires  en  donnoient  des 
solutions  qui  n*6toient  pas  absurdes.  On  a  m^me  vu  ur^ 
problcme  du  36.  d6gr6,  et  par  consequent  possible,  qui  ne 
pouvoit  6tre  r6solu  par  la  racine  r6elle,  et  qui  T^toit  sans 
absurdity  par  les  deux  racines  imaginaires. 

4**.  On  a  vu  un  problSme  ( c'est  le  se. )  qui  paroissoit  ab- 

*  •  Je  n*ffl  pas  crn* devoir  parler  d*un  Mem^ire  de  Mr.  Khun  qui  se  trouve  dans 
k  3e.  tome  des  nouveaux  Memoires  de  Petersbourg^  od  ce  Professeur  entreprend  de 
coQStruire  les  quan tires  HnagiDitres*  parcequ'il  y  suppose  tacitemet  l/^i  r:  —  VT. 

f  Mr.  WooDHOusB,  dans  un  exellent  Memoire  sur  les  quantites  imaginaires 
insere  dans  les  Transactions  Pbilosopbiques  de  I0oi»  veut  qu'on  subscitue  aux  signes 
g/cm/triques  sin.  cos.  Sec,  les  expressions  finies  hnagintifts  dont  je  parle  ici>  et  i} 
regarde  ces  expressions  qi|i  renfemnent  le  eigne  I^Hi  comme  representatives  de  series 
infinies  ariibmetiqwfM.  Tout  cela  est  parftiteoieiit  consequent  au  principe^  que 
Valgdbrc  n'esi  qu^nne  arUbm^Uqm  mittrsiltc. 
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surde  et  dont  la  solution  (pair  des  racines  imagin^res)  avoh 
un  sens  qui  ne  T^toit  pas.  Ce  probMme  n'^toit  absurde  qu'en 
apparence.  C'^toit  une  ^nigme.  Les  racines  imaginaires  in- 
terpr^t^es  selon  les  principes  de  ce  mi&moire  en  ont  donnd  le 
mot.  R^soudre  ainsi  un  probl^me,  ce  n'esrt  pas  en  changer 
Tteonc^,  c'est  Texpliquer ;  ce  n^-est  pas  seukment  r^pondre 
a  une  question  propos^e,  c'est  encore  dire  comment  elle 
devoit  r^tre.  Enfin,  quelque  sens  qu'on  lut  en  vue,  en  pro* 
posant  uiie  question  qui  mene  a  des  racines  imaginmres,  ces 
racines  y  satisfont.  Si  c'est  un  sens  raiscMinable^  elles  le 
donnent  et  Texpliquent.  Si  c'est  un  sens  absurde  ( ce  qui 
n'arrive  que  quand  on  prend  ces  racines  arithm^tiquement) 
elles  en  montrent  V  absurdity,  mais  elles  ne  Texpliquent  pas ; 
car  ce  qui  est  absurde  est  inexplicable. 

5"*.  J'ai  dit  que,  pour  r6soudre  alg^briquement  une  question, 
trois  choses  6toient  n^cessaires ;  i"".  traduire  la  question  en 
langage  alg^brique;  2*".  traduire  T^nonc^  alg^brique  de  la 
question  en  sa  solution  alg^brique;  g^  traduire  cette  solu- 
tion alg^brique  en  une  solution  ^x^cutive. 

Rien  ne  fait  plus  d'honneur  a  Tesprit  humain  que  la  sagacity 
ct  I'addresse  qu'on  a  mises  dans  la  seconde  espcce  de  ces 
traductions. 

La  m6thode  des  variaitions  de  Mr.  La  Grange  et  Tusage 
qu'il  en  fait  dans  sa  mecanique  ztnalytiqm  offrent  des  modules 
admirables  de  la  premiere  espcce ;  mais  ily  manque  un  point 
essentiel  qu'il  etoit  impossible  k  Talgebre-arithm^tique  d'ob- 
tenir.  Je  m'explique,  Les  questions  de  mecanique  roulent 
sur  des  quantit6s  concretes. .  La.  manie«i  m€me  dont  ces 
quantit^s  sont  conofetes  fait  partie^ie  c8s  questions.  Ainsi 
traduire  ces  quantit^s  concretes  en  c^uantit^s  abstraites,  c'est 
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Us  traduire  iraparfaitement.  Dela  rimpossMit^  presque 
continuelle  de  parvenir,  a  Taide  de  ces  traductions,  aux  solu- 
tions demand^s.*  Dans  les  cas  meme  ou  Ton  a  r6ussi,  ce 
n'a  €t&  qu'avec  une  difficult^  extreme.  Quelle  profondeur, 
quelle  addresse,  quelle  sagacitd  n'a  t'il  pas  fallu  a  Mr.  La 
Place  pour  poser,  avec  le  seul  secours  des  Equations  difF^ren- 
tielles  connues  (expliqu^esa  la  maniere  ordinaire)  la derniere 
pierre  a  T^difice  Newtonien  !  Avec  les  seuls  signes  -|-  et  — , 
on  ne  peut  traiter  que  la  g^om^trie  mensurative ;  eependant 
les  probl^mes  de  m^canique  n'appartiennent  pas  plus  k  cette 
g^om^tuie  qu'a  la  g^om^trie  descriptive. 

A  regard  de  la  3e.  esp^ce  de  traduction  qui  n*est  pas  la 
moins  importante,  on  s'en  est  beaucoup  moins  occupy  que  des 
deux  autres.  Aussi  je  puis  citer  un  probl^me  c616bre  en  m6ca- 
nique  (celui  des  cordes  vibrahtes)  dont  la  solution,  quoiqu'elle 
fasse  le  plus  grand  honneur  aux  g^ometres  c^l6bres  qui  Tont 
donn6e,  n'est  certainement  pas  complette.   En  efFet,  ils  ont 

r6solu  Tequation  aux  differences  partielles  [-j^|=:  f-^|,    et 

leur  solution  donne  la  courbe  ind^termin^e  qui  peut  6tre 
form^e  par  la  longueur  de  la  corde  ;  mais  ils  ne  resolvent  pas 

r^quation  —  (-^j^  —[jp\  ^^^  ^^*^^  veritable  Equation  du 
probl^me  et  qui  donneroit  la  courbe  decrite  par  un  point  quel- 
conque  de  cette  corde,  dans  un  plan  perpendiculaire  k  son 

axe.  L'^quation  —  |^)=— [^)  est  la  m^me  (arithm^- 

*  On  a  regarde  cotnme  un  trait  de  genie  dans  Mr.  La  Grangb  d'etre  i)arvenu  i, 
traiter  de  la  mecanique  la  plus  sublime^  sans  figures.  C'en  a  ete  un  plus  grand 
d'avoir  vu  qu'il  n*en  falloit  pas.  En  cfFet,  traiter  la  mecanique  alg^briquemcnt, 
c'ctoit  (dans  le  systcme  d*algcbre  gcncralement  adoptc)  ne  la  traiter  qu*arithm6* 
tiquement.    Or  rarithmetique  n'a  pas  besoin  des  fignres  de  la  geometrie. 
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tiquement  que  T^quation  +  (-^)==  +(4^)  5  mais  elle  n'est 

pas  la  m6me  relativement  a  la  g6om6trie  descriptive.     L'in- 
t^grale  de  la  premiere  est  tres  diffi&rente  de  Tint^grale  de  la 
seconde.    Elle  est  beaucoup  plus  bom^e,  (N''.  24,)  a  cause  du 
signe  —  qui  oblige  de  lui  donner  la  forme        -        -        - 
( ^_f^y     _  )=(      ^_^^y  ^_  },     La  solution  qu'on 

tire  de  cette  derniere  Equation  «st  a  peu  prds  semblable  a  celle 
que  Newton  a  donn6e  d'un  probleme  analogue,  dans  la  476. 
proposition  du  second  livre  de  ses  Prindpes,  et  qui  a  paru 
peu  satisfaisante  aux  g6om6tres  qui  sont  venus  depuis  ce 
grand  homme.  Oserois-je  ajouter  qu'ils  n'en  ont  pas  saisi  le 
vrai  sens  ? 

L'explication  que  j'ai  donn^e  du  signe  i^r-i  me  paroit 
devoir  applanir  bien  des  difficult^s^ 
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IV.    Chemical  Experiments  on  Guaiacum.    By  Mr.  William 
Brande.    Communicated  by  Charles  Hatchett,  Esq.  F.  R.  S. 


Read  December  19,  1805. 

Amo^g  the  numerous  substances  which  are  comprehended 
under  the  name  of  resins,  there  is  perhaps  no  one  which 
possesses  so  many  curious  properties,  as  that  now  under 
consideration;  and  it  is  remarkable  that  no  more  attention 
has  been  paid  to  the  subject,  since  many  of  the  alterations 
which  it  undergoes  when  treated  with  different  solvents,  have 
been  mentioned  by  various  authors. 


§1. 

Guaiacum  has  a  green  hue  externally ;  is  in  some  degree 
transparent ;  and  breaks  with  a  vitreous  fracture. 

When  pulverised  it  is  of  a  gray  colour,  but  gradually  be- 
comes greenish  on  exposure  to  air. 

It  melts  when  heated,  and  diffiises  at  the  same  time  a 
pungent  aromatic  odour. 

It  has  when  in  powder  a  pleasant  balsamic  smell,  but 
scarcely  any  taste,  although  when  swallowed  it  excites  a  very 
powerful  burning  sensation  in  the  throat. 

Its  specific  gravity  is  1.9289. 
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§n. 

1.  When  pulverised  guaiacum  is  digested  in  a  moderate 
heat  with  distilled  water,  an  opaque  solution  is  formed,  which 
becomes  clear  on  passing  the  whole  through  a  fiker. 

The  filtrated  liquor  is  of  a  greenish-brown  colour ;  it  has  a 
peculiar  smell,  and  a  sweetish  taste. 

It  leaves  on  evaporation  a  brown  substance,  which  is  soluble 
in  alcohol,  nearly  soluble  in  boiling  water,  and  very  little 
acted  Mpon  by  sulphuric  ether. 

This  solutaon  waji  examined  by  the  following  re-agents- 

Muriate  of  atumiiia  occasioned  a  brown  insoluble  precipi- 
tate after  spme  hours  had  elapsed. 

Muriate  of  tin  formed  a  brown  flaky  precipitate  under  the 
sam6  circumstances. 

Nitrate  of  silver  gave  a  copious  brown  precipitate. 

Suspecting  the  presence  of  lime  in  the  solution,  I  added  a 
few  drops  of  oxalate  of  ammonia,  when  the  liquid  imme- 
diately became  turbid,  and  deposited  brown  flakes,  which, 
after  having  been  treated  with  boiling  alcohol,  yielded  traces 
of  oxalate  of  lime. 

These  effects^  therefore^  indicate  the  presence  of  a  sub- 
stance in  guaiacum,  which  possesses  the  properties  of  extract;* 
the  action  of  the  res^ent  is  however  somewhat  modified,  by 
a  small  quantity  of  lime  which  is  also  in  solution. 

One  hundred  grains  of  guaiacum  yielded  about  nine  grains 
of  this  impure  extractive  matter. 

•  By  the  term  extract^  I  mean  that  substance,  which  by  chemists  is  called  the 
Extractive  Principle  of  Vegetables.  Vide  Thomson's  Syst.  of  Chemisty,  2d  edit. 
Vol.  IV.  p,  2/6. 
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2.  Alcohol  dissolves  guaiacum  with  facility,  leaving  some 
extraneous  matter,  which  generally  amounts  to  about  5  per 
cent. 

This  solution  is  of  a  deep  brown  colour ;  the  addition  of 
water  separates  the  resin,  forming  a  milky  fluid  which  pasi«s 
the  filter. 

Acids  produce  the  following  changes : 

A.  Muriatic  add  throws  down  an  ash-coloured  precipitate, 
which  is  not  re-dissolved  by  heating  the  mixture.  In  this 
case  the  resin  appears  but  little  altered. 

B.  liquid  oxy-muriatic  acid  when  poured  into  this  solution, 
forms  a  precipitate  of  a  very  beautiful  pale-blue  colour,  which 
may  be  preserved  unaltered. 

C.  Sulphuric  acid,  when  not.added  in  too  large  a  quantity, 
separates  the  resin  of  a  pale  green  colour. 

D.  Acetic  acid  does  not  form  any  precipitate.  This  add 
is  indeed  capable  of  dissolving  most  of  the  resins. 

E.  Nitric  acid  diluted  with  one-fourth  of  its  weight  of 
water,  causes  no  predpitate  till  after  the  period  of  some  hours. 
The  liquid  at  first  assumes  a  green  colour,  and  if  water  be 
added  at  this  period,  a  green  precipitate  may  be  obtained ; 
the  green  colour  soon  changes  to  blue,  ( when  by  the  same 
means  a  blue  precipitate  may  be  obtained ; )  it  then  becomes 
brovm,  and  a  brown  precipitate  spontaneously  makes  its  ap- 
pearance, the  properties  of  which  will  be  afterwards  men- 
tioned. 

The  changes  of  colour  produced  by  nitric,  and  oxy-muriatic 
acids,  in  the  alcoholic  solution,  are  very  remarkable,  and  I 
believe  peculiar  to  guaiacum :  there  is.  moreover  much  reason 
to  suppose  that  the  above  alterations  in  colour  are  occasioned 
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by  oxygen.*  It  likewise  appears  from  that  which  has  been 
stated^  that  the  blue  and  green  oxides  (if  they  may  be  so 
called  by  way  of  distinction)  are  soluble  in  the  mixture  of 
nitric  acid  and  alcohol^  while  the  brown  precipitate  is 
insoluble. 

F.  Alkalis  do  not  form  any  precipitate  when  added  to  the 
solution  of  guaiacum  in  alcohol. 

3.  Guaiacum  is  less  soluble  in  sulphuric  ether  than  in 
alcohol ;  the  properties  of  this  solution  nearly  coincide  with 
those  just  mentioned. 

4.  Muriatic  acid  dissolves  a  small  portion  of  guaiacum,  the 
solution  assuming  a  deep  brown  colour ;  but  if  heat  be  ap- 
plied, the  resin  melts  into  a  blackish  mass,  preventing  any 
farther  action  from  taking  place. 

5.  Sulphuric  acid  forms  with  guaiacum  a  deep  red  liquid, 
which,  when  fresh  prepared,  deposits  a  lilac  coloured  preci- 
pitate on  the  addition  of  water ;  a  precipitate  is  also  formed 

•  The  following  experiments  appear  to  verify  this  supposition : 
Fi%  grains  of  freshly  pulverised  guaiacum  were  introduced  into  a  glass  jar  con- 
taining 60  cubic  inches  of  oxy-nrariaticacid  gas.  The  resin  speedily  assumed  a  brown 
colour,  having  passed  through  several  shades  of  green  and  blue.  Liquid  ammonia 
was  poured  on  this  brown  substance,  while  yet  immersed  in  the  acid ;  the  whole 
became  green ;  it  therefore  seemed  thus  to  be  deprived  of  part  of  the  oxygen  which 
it  apparently  had  acquired  by  the  preceding  experiment.  An  equal  portion  of  the 
same  guaiacum  was  exposed  under  similar  circumstances  to  the  action  of  oxy*muriatic 
acid,  excepting  that  the  glass  in  which  the  experiment  was  made,  was  covered  with  a 
black  varnish^  and  placed  in  a  dark  apartment.  On  examining  the- result  of  this 
experimentt  the  resin  was  found  to  have  undergone  precisely  the  same  changes  as 
when  exposed  to  light.    Ammonia  had  also  the  same  effect. 

Guaiacum  was  also  exposed  over  mercury  to  oxygen  gas ;  the  resin  assumed  after 
some  days  the  green  colour  which  a  longer  exposure  to  the  atmosphere  produces : 
this  change  was  likewise  found  by  a  second  experiment  to  be  effected  without  the 
presence  of  light. 
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by  the  alkalis.  If  heat  be  employed  in  forming  this  solution » 
the  resin  is  speedily  decomposed ;  and  if  the  whole  of  the 
add  be  evaporated,  there  remains  a  black  coaly  substance, 
together  with  some  sulphate  of  lime. 

6.  Nitric  acid  appears  to  exert  a  more  powerful  action  on 
guaiacum  than  on  any  of  the  resinous  bodies. 

jioo  grains  of  pure  guaiacum  previously  reduced  to  powdw, 
were  cautiously  added  to  two  ounces  of  nitric  acid,  of  the 
specific  gravity  of  1.39.  The  resin  at  first  assumed  a  dark 
green  colour,  a  violent  effervescence  was  produced,  attended 
with  the  emission  of  much  nitrous  gas,  and  the  whole  was 
dissolved  without  the  assistance  of  heat,  which  is  not  the  case 
with  the  resins  in  general,  for  when  these  bodies  are  thus 
treated  with  nitric  acid,  they  are  commonly  converted  into  an 
orange-coloured  porous  mass. 

The  solution  thus  formed,  yielded  while  recent,  a  brown 
precipitate  with  the  alkalis,  which  was  redissolved  on  the 
application  of  heat,  forming  a  deep  brown  liquid. 

Muriatic  add  also  separated  the  guaiacum  from  this  solu- 
tion, not  however  without  having  undergone  some  change. 

Sulphuric  acid  caused  no  precipitate. 

After  this  solution  of  guaiacum  in  nitric  acid  had  remained 
undisturbed  for  some  hours,  a  considerable  proportion  of 
crystallised  oxalic  acid  was  deposited. 

When  guaiacum  was  treated  with  dilute  nitric  acid,  the 
results  were  somewhat  different.  A  slight  effervescence  took 
place,  and  part  of  the  resin  was  dissolved,  the  remainder 
being  converted  into  a  brown  substance,  resembling  the  pre- 
cipitate obt^ied  from  the  alcoholic  solution  as  above  men- 
tioned. (2.  E,) 
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This  brown  substance  appears  to  be  guaiacum,  the  pro- 
perties of  which  are  materially  altered,  by  its  combination 
with  oxygen ;  and  I  am  led  to  think  that  the  changes  of 
colour  produced  by  nitric  and  oxy-muriatic  acids,  are  the 
consequence  of  the  different  proportions  of  oxygen  with 
which  the  guaiacum  has  been  united ;  for  we  know  that  the 
colours  of  metallic,  and  many  other  bodies,  are  greatly  in- 
fluenced by  the  same  cause. 

The  brown  substance  was  separated  by  filtration  ;  the  fil- 
trated liquor  yielded  yellow  flocculent  precipitates  with  the 
alkalis,  and  on  examination  was  found  to  hold  nitrate  of  lime 
in  solutioh. 

The  undissolved  portion  was  of  a  deep  chocolate-brown 
colour.  A  similar  substance  may  also  be  obtained,  by  eva- 
porating the  recent  nitric  solution  to  dryness,  taking  care  not 
to  apply  too  much  heat  towards  the  end  of  the  process. 

The  substance  obtained  by  either  of  these  means,  possesses 
the  properties  of  a  resin  in  greater  perfection  than  guaiacum ; 
it  is  equally  soluble  in  alcohol  and  sulphuric  ether,  insoluble  in 
water,  &c. ;  but  when  burned  it  emits  a  peculiar  smell,  more 
resembling  animal  than  vegetable  bodies.  If,  however,  fresh 
portions  of  nitric  acid  be  added  three  or  four  times  succes- 
sively; or  if  a  large  quantity  be  employed  to  form  the 
solution;  the  product  obtained  by  evaporation  is  then  of  a 
very  different  nature;  for  it  has  lost  all  the  characteristic 
properties  of  a  resin,  having  become  equally  soluble  in  water 
and  alcohol ;  the  solution  of  it  in  this  state  having  an  astringent 
bitter  taste.* 

•  Vide  Mr.  Hatch ett's  two  Papers  on  an  artificial  Substance  which  possesses 
the  principal  characteristic  Properties  of  Tannin.  Phil.Trans.  1805,  p.  211,  and  285. 
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7.  Guaiacum  is  copiously  soluble  in  the  pure  and  carbonated 
alkalis,  forming  greenish-brown  liquids. 

Two  ounces  of  a  saturated  solution  of  caustic  potash  took 
up  rather  more  thjui  65  grains  of  the  resin ;  the  same  quantity 
of  liquid  ammonia  dissolved  only  25  grains. 

Nitric  add  formed  in  these  solutions  a  deep  Ijrown  pred- 
pitatie,  th^  shades  of  which  varied  according  to  the  quantity  of 
acid  which  had  been  employed. 

This  predpitate  was  found  on  examination  to  possess  the 
properties  of  that  formed  by  nitric  acid  in  the  solution  of 
guaiacum  (2.  E. )  in  alcohol. 

Dilute  sulphuric  acid,  when  poured  into  any  of  the  above 
alkaline  solutions,  formed  a  flesh-coloured  curdy  precipitate. 
Muriatic  acid  produced  the  same  effect. 

The  two  last  mentioned  precipitates  differ  from  guaiacum, 
in  being  less  acted  upon  by  sulphuric  ether  and  more  soluble 
in  boiling  water,  their  properties  therefore  approach  nearer  to 
extract.  Moreover,  when  these  precipitates  were  redissolved 
in  ammonia,  and  were  again  separated  by  muriatic  acid,  the 
above  mentioned  properties  became  more  evident. 
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§111. 

loo  grains  of  very  pure  guaiacum  in  powder,  were  put 
into  a  glass  retort,  to  which  the  usual  apparatus  was  adapted. 
The  distillation  was  gradually  performed  on  an  open  fire, 
until  the  bottom  of  the  retort  became  red  hot. 

The  following  products  were  obtained  :  Grains. 

Acidulated  water        -        -  -  -  5.5 

Thick  brown  oil,  becoming  turbid  on  cooling    24.5 
Thin  empyreumatic  oil        -  -  -        30.0 

Coal  remaining  in  the  retort     -        -        -      30.5 
Mixed  gases,  consisting  chiefly  of  carbonic  acid 
and  carbonated  hydrogen        -        -        -      g,o 

995 

The  coal,  amounting  to  30.5  grains,  yielded  on  incineration 

3  grains  of  lime.  To  discover  whether  any  fixed  alkali  was 
present,  200  grains  of  the  purest  guaiacum  (that  in  drops) 
were  reduced  to  ashes ;  these  were  dissolved  in  muriatic  add, 
and  precipitated  by  ammonia ;  the  whole  was  then  filtrated, 
and  the  clear  liquor  evaporated  to  dr3mess,  but  not  any  trace 
of  a  neutral  salt  with  a  basis  of  fixed  alkali  was  perceptible. 

§IV. 

From  the  action  of  different  solvents  on  guaiacum,  it 
appears,  that  although  this  substance  possesses  many  pro- 
perties  in  common  with  resinous  bodies,  it  nevertheless  differs 
from  them  in  the  following  particulars  : 

1 .  By  affording  a  portion  of  vegetable  extract. 

s.    By  the  curious  alterations  which  it  undergoes  when 
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subjected  to  the  action  of  bodies,  which  readily  communicate 
oxygen,  such  as  nitric  and  oxy-muriatic  acids ;  and  the  rapi- 
dity with  which  it  dissolves  in  the  former. 

3.  By  being  converted  into  a  more  perfect  resin  ;  in  which 
respect  guaiacum  bears  some  resemblance  to  the  green  resin 
which  constitutes  the  colouring  matter  of  the  leaves  of 
trees,  &(?.* 

4.  By  yielding  oxalic  add,. 

5.  By  the  quantity  of  charcoal  and  lime  which  are  obtained 
from  it  when  subjected  to  destructive  distillation. 


§v. 

From  the  whole  therefore  of  the  above  mentioned  pro- 
perties, it  evidently  appears  that  guaiacum  is  a  substance  very 
different  from  those  which  are  denominated  resins,  and  that 
it  is  also  different  from  all  those  which  are  enumerated 
amongst  the  balsams,  gum  resins,  gums,  and  extracts :  most 
probably  it  is  a  substance  distinct  in  its  nature  from  any  of 
the  above,  in  consequence  of  certain  peculiarities  in  the  pro- 
portions and  chemical  combination  of  its  constituent  ele- 
mentary principles ;  but  as  this  opinion  may  be  thought  not 
sufficiently  supported  by  the  facts  which  have  been  adduced^ 
we  may  for  the  present  be  allowed  to  regard  guaiacum  as 
composed  of  a  resin  modified  by  the  vegetable  extractive 

« 

•  This  substance  was  ibund  by  Phovst  to  be  insoluble  in  water,  and  soluble  in 
alcohol.  When  treated  with  oxy-muriatk  acidj  it  assumed  the  colour  of  a  withered 
leaf,  acquiring  the  resinous  properties  in  greater  perfection*  Vide  Thomsok's 
Syst.  of  Chemistry,  ad  edit.  Vol.  IV.  p.  31S. 
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principle,  and  as  such,  perhaps  the  definition  of  it  by  the  ternj 
of  an  ExtractO'Resin  may  be  adopted  without  impropriety, 

P,  S.  I  have  observed  that  the  action  of  oxygen  on  some 
of  the  other  resinous  bodies  is  very  remarkable.  It  is  well 
known  that  by  digesting  mastich  in  alcohol,  a  partial  solution 
only  is  formed,  and  there  remains  an  elastic  substaftce,  which 
is  generally  said  to  possess  the  properties  of  pure  caout- 
chouc ;  it  appears  however  to  differ  from  this  substance  in 
becoming  hard  when  dried  by  exposure  to  air.  Moreover,  I 
have  remarked  that  the  part  of  mastich  which  remains  dis- 
solved by  alcohol,  may  be  again  precipitated  by  water,  and, 
on  examination,  I  found  the  precipitate  to  possess  the  properties 
pf  a  pure  resin :  but  when  a  stream  of  oxy-muriatic  acid  gas 
was  made  to  pass  through  the  solution,  a  tough  elastic  sub- 
stance was  thrown  down,  which  became  brittle  when  dried, 
and  was  soluble  in  boiling  alcohol,  but  separated  again 
as  the  solution  cooled:  its  properties,  therefore,  somewhat 
aK>roached  to  those  of  the  original  insoluble  part. 
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V.  On  the  Direction  of  the  Radicle  and  Germen  during  the 
Vegetation  of  Seeds.  By  Thomas  Andrew  Knight,  Esq. 
F.  R.  S.  In  a  Letter  to  the  Right  Hon.  Sir  Joseph  Banks, 
K.  B.  Ps  R,  o. 


Read  January  9,  i9o6. 

MY  DEAR  SIR, 

It  can  scarcely  have  escaped  the  notice  of  t^e  most  inatten-' 
tive  observer  of  vegetation,  that  in  whatever  position  a  seed  is 
placed  to  germinate,  its  radicle  invariably  makes  an  eifolt  to 
descend  towards  the  centre  of  the  earth,  whilst  die  elongated 
germen  takes  a  precisely  opposite  direction ;  and  it  has  been 
proved  by  Du  Hamel*  that  if  a  seed,  during  its  germination, 
be  frequently  inverted,  the  pointis  both  of  the  radicle  and 
germen  will  return  to  the  first  direction.  Some  naturalists 
have  supposed  these  opposite  efiects  to  be  produced  by  gra- 
vitation ;  and  it  is  not  Afficult  to  conceive  that  the  same  agents 
by  operating  on  bodies  so  differently  organized  as  the  radicle 
and  germen  of  plants  are,  may  occasion  the  one  to  descend 
and  the  other  to  ascend. 

The  hypothesis  of  these  naturalistsdoesnot,however,appear 
to  have  been  much  strengthed  by  any  facts  they  were  able 
to  adduce  in  support  of  it,  nor  much  weakened  by  the  argu« 
ments  of  theu*  opponents ;  and  therefore,  as  the  phenomena 

•  Physique  dts  Arbns. 
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observable  during  the  conversion  of  a  seed  into  a  plant  are 
amongst  the  most  interesting  that  occur  in  vegetation,  I 
commenced  the  experiments,  an  account  of  which  I  have  nov^ 
the  honour  to  request  you  to  lay  before  the  Royal  Society. 

I  conceived  that  if  gravitation  were  the  cause  of  the  descent 
of  the  radicle,  and  of  the  ascent  of  the  germen,  it  must  act 
either  by  its  immediate  influence  on  the  vegetable  fibres  and 
vessels  during  their  formation,  or  on  the  motion  and  conse- 
quent distribution  of  the  true  sap  afforded  by  the  cotyledons : 
and  as  gravitation  could  produce  these  effects  only  whilst  the 
seed  remained  at  rest,  and  in  the  same  position  relative  to 
the  attraction  of  the  earth,  I  imagined  that  its  operation  would 
become  suspended  by  constant  and  rapid  change  of  the  posi- 
tion of  the  germinating  seed,  and  that  it  might  be  counter-* 
acted  by  the  agency  of  centrifugal  force. 

Having  a  strong  rill  of  water  passing  through  my  garden, 
I  constructed  a  small  wheel  similar  to  those  used  fbr  grinding 
corn,  adapting  another  wheel  of  a  different  construction,  and 
formed  of  very  slender  pieces  of  wood,  to  the  same  axis. 
Round  the  circumference  of  the  latter,  which  was  eleven 
inches  in  diameter,  numerous  seeds  of  the  garden  bean,  which 
had  been  soaked  in  water  to  produce  their  greatest  degree  of 
expansion,  were  bound,  at  short  distances  from  each  other. 
The  radicles  of  these  seeds  were  made  to  point  in  every 
direction,  some  towards  the  centre  of  the  wheel,  and  others 
in  the  opposite  direction;  others  as  tangents  to  its  curve, 
some  pointing  backwards,  and  others  forwards,  relative  to  its 
motion;  and  others  pointing  in  opposite  directions  in  lines 
parallel  with  the  axis  of  the  wheels.  The  whole  was  inclosed 
in  a  box,  and  secured  by  a  lock,  and  a  wire  grate  was  placed 
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td  prevent  the  Ingress  of  any  body  capable  of  impeding  the 
motion  of  the  wheels. 

The  water  being  then  admitted,  the  wheels  performed 
something  more  than  150  revolutions  in  a  minute ;  and  die 
position  .of  the  seeds  relative  to  the  earth  was  of  course  as 
often  perfectly  inverted,  within  the  same  period  of  time ;  by 
which  I  conceive  that  the  influence  of  gravitation  must  have 
been  wholly  suspended^ 

In  a  few  days  the  seeds  began  to  germinate,  and  as  the 
truth  of  some  of  the  opinions  I  had  communicated  to  you,  and 
of  many  others  which  I  had  long  entertained,  depended  on 
the  result  of  the  experiment,  I  Watched  its  progress  wdth 
some  anxiety,  though  not  with  much  apprehension;  and  I 
had  soon  the  pleasure  to  see  that  the  radicles,  in  whatever 
direction  they  were  protruded  from  the  position  of  the  se^d^ 
turned  their  points  outwards  from  the  circumference  of  the 
wheel,  and  iri  their  subsequent  growth  receded  nearly  at  right 
angles  from  its  axis.  The  germens,  on  the  contrary,  took 
the  opposite  direction,  and  in  a  few  days  their  points  all  met 
in  the  centre  of  the  wheel.  Three  of  these  plants  were  suf- 
fered to  remain  on  the  wheel,  and  were  secured  to  its  spbkes^ 
to  prevent  their  being  shaken  off  by  its  motion.  The  stems 
of  these  plants  soon  extended  beyond  the  centre  of  the  wheel  : 
but  the  same  cause,  which  first  occasioned  them  to  approach 
its  axis,  still  operating,  their  points  retiurned  and  met  again  at 
its  centre. 

The  motion  of  the  wheel  being  in  this  experiment  vertical^ 
the  radicle  and  germen  of  every  seed  occupied,  during  a 
minute  portion  of  time  in  each  revolution,  precisely  the  same 
position  they  would  have  assumed  had  the  seeds  vegetated  at 
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rest ;  and  as  gravitation  aad  centrifugal  force  al3t>  acted  in 
Knes  parallel  with  the  vertical  motion  and  surface  of  the 
wheel,  I  conceived  that  some  sUgjht  objections  might  be  urged 
against  the  conclusicHis  I  felt  inclined  to  draw.  I  therefore 
added  to  the  machinery  I  have  described  another  wheel, 
which  moved  horizontally  over  the  vertical  wheels ;  and  to 
this,  by  means  of  multiplying  wheels  of  diifFerent  powers,  I 
was  enabled  to  give  many  different  degrees  of  velocity* 
Round  the  circumference  of  the  horizontal  wheel,  whose  dia- 
meter was  also  eleven  inches,  seeds  of  the  bean  were  bound 
as  in  the  experiment,  which  I  have  already  described,  and  it 
was  then  made  to  perform  250  revolutions  in  a  minute.  By 
the  rapid  motion  of  the  water-wheel  much  water  was  thrown 
upwards  on  the  horizontal  wheel,  part  of  which  supplied  the 
seeds  upon  it  with  moisture,  and  the  remainder  was  dis-^ 
persed,  in  a  light  and  constant  shower,  over  the  seeds  in  the 
vertical  wheel,  and  on  others  placed  to  vegetate  at  rest  in 
different  parts  of  the  box. 

Every  seed  on  the  horizontal  wheel,  though  moving  with 
great  rapidity,  necessarily  retained  the  same  position  relative 
to  the  attraction  of  the  earth ;  and  therefore  the  operation  c^ 
gravitation  could  not  be  suspended,  though  it  might  be  counr 
teracted,  in  a  very  conaidierable  degree,  by  centrifugal  force : 
md  the  difference,  I  had  anticipated,  between  the  effects  of 
rapid  vertical  and  horizontal  motion  socm  became  sufficiently 
obvious.  The  radicles  pointed  downwards  about  ten  degrees 
below,  and  the  gi^mens  as^iba^y  degrees  above,  the  hcMrizontal 
line  of  the  wheel's  Haotion ;  cmtxifugal  force  having  made 
both  to  deviate  80  degrees  from  the  perpendicular  direction 
each  would  .have  taken,,  had  it  vegetated  at  rest.    Gradually 
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idiminishing  the  rapidity  of  the  motion  of  the  horizontal 
wheel,  the  radicles  descended  more  perpendicularly,  and  the 
germens  grew  more  upright ;  and  when  it  did  not  perform 
more  than  80  revolutions  in  a  minute,  the  radicle  pointed 
about  45  degrees  below,  and  the  germen  as  much  above, 
the  horizontal  line,  the  one  always  receding  from,  and  the 
other  approaching  to,  the  axis  of  the  wheel. 

I  would  not,  however,  be  understood  to  assert  that  the 
velocity  of  950,  or  of  80  horizontal  revolutions  in  a  minute 
will  always  give  accurately  the  degrees  of  depression  and 
elevation  of  the  radicle  and  germen  which  I  have  mentioned ; 
for  the  rapidity  of  the  motion  of  my  wheels  w&s  sometimes 
diminished  by  the  collection  of  fibres  of  conferva  against  the 
wire  grate ;  which  obstructed  in  some  degree  the  passage  of 
the  water :  and  the  mabhinery ,  having  been  the  workmanship 
of  myself  and  my  gardener,  can  not  be  supposed  to  have 
moved  with  all  tlie  regularity  it  might  have  done,  had  it  been 
made  by  a  professional  mechanic.  But  I  conceive  myself  ta 
have  fully  proved  that  the  radicles  of  gertainating  seeds  are 
"made  to  descend,  and  their  germens  to  ascend,  by  some  ex- 
ternal cause,  and  not  by  any*  power  inherent  in  vegetable 
life :  and  I  see  little  reason  to  doubt  that  gravitation  is  the 
principal,  if  not  the  only  agent  employed,  in  this  case,  by 
nature.  I  shall  therefore  endeavour  to  point  out  the  means 
by  which  I  conceive  the  same  agent  may  produce  effects  so 
dia^metritally  opposite  to  each  other. 

The  radicle  of  a  germinatmg  seed  (as  many  naturali^ 
have  observed)  is  increased  m  length  only  by  new  parts 
successively  added  to  its  apex  or  point,  and  not  at  all  by  any 
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general  extension  of  parts  already  formed;  and  the  nev/ 
-matter  which  is  thus  successively  added  unquestionably  de- 
scends in  a  fluid  state  from  the  cotyledons.*  On  this  fluid, 
and  on  the  vegetable  fibres  and  vessels  whilst  soft  and 
flexible,  and  whilst  the  matter  which  composes  them  is 
changing  from  a  fluid  to  a  solid  state,  gravitation,  I  conceive, 
Nvould  operate  sufficiently  to  give  an  inclination  downwards 
to  the  point  of  the  radicle ;  and  as  the  radicle  has  been  proved 
to  be  obedient  to  centrifugal  force,  it  can  scarcely  be  con- 
tended that  its  direction  would  remain  uninfluenced  by  gra- 
vitation. 

I  have  stated  that  the  radicle  \s  increased  in  length  only  by 
parts  successively  added  to  its  point:  the  germen,  on  the 
contrary,  elongates  by  a  general  extension  of  its  parts  pre- 
viously organized ;  and  its  vessels  and  fibres  appear  to  extend 
ihemselves  in  proportion  to  the  quantity  of  nutriment  they 
receive.  If  the  motion  and  consequent  distribution  of  the  true 
sap  be  influenced  by  gravitation,  it  follows,  that  when  the 
germen  at  its  first  emission,  or  subsequently,  deviates  from  a 
perpendicular  direction,  the  sap  must  accumulate  on  its  under 
side :  and  I  have  found  in  a  great  variety  of  experiments  on 
the  seeds  of  the  horse  chesnut,  the  bean,  and  other  plants, 
when  vegetating  at  rest,  that  the  vessels  and  fibres  on  the 
under  side  of  the  germen  invariably  elongate  much  more 
rapidly  than  those  on  its  upper  side ;  and  thence  it  follows 
that  the  point  of  the  germen  must  always  turn  upwards. 
And  it  has  been  proved  that  a  similar  increase  of  growth 
takes  place  on  the  external  side  of  the  germen  when  the  sap 

.  •  Sec.  PhU.  Tranj^  of  1S05. 
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is  impelled  there  by  centrifugal  force,  as  it  is  attracted  by 
gravitation  to  its  under  side,  when  the  seed  germinates  at 
rest. 

This  increased  elongation  of  the  fibres  and  vessels  of  the 
under  side  is  not  confined  to  the  germens,  nor  even  to  the 
annual  shoots  of  trees,  but  occurs  and  produces  the  most  ex** 
t^fisive  effects  in  the  subsequent  growlh  of  their  trunks  and 
branches.  The  immediate  eflfect  of  gravitation  is  certainly  to 
occasion  the  further  depression  of  every  branch,  which  extends 
horizontally  from  the  trunk  of  the  tree ;  and,  when  a  young 
tree  inclines  to  either  side,  to  increase  that  inchnation :  but  it 
at  the  same  time,  attracts  the  sap  to  the  under  side,  and  thus 
occasions  an  increased  longitudinal  extension  of  the  substance 
of  the  new  wood  on  Aat  side:*  The  depression  of  the  lateral 
branch  is  thus  prevented ;  and  it  is  even  enabled  to  raise  itself 
above  its  natural  level,  when  the  branches  above  it  are 
removed ;  and  the  young  tree,  by  the  same  means,  becomes 
more  upright,  in  direct  opposition  to  the  immediate  action  of 
gravitation :  nature,  as  usual,  executing  the  most  important 
operations  by  the  most  simple  means. 

I  could  adduce  many  more  facts  in  support  of  the  preceding 
deductions,  but  those  I  have  stated,  I  conceive  to  be  suffi^^ 
ciently  conclusive.  It  has  however  been  objected  by  Du 
Hamel,  (and  the  greatest  deference  is  always  due  to  his 
opinions,)  that  gravitation  could  have  little  influence  on 
the  direction  of  the  germen,  were  it  in  the  first  instance 
protruded,  or  were  it  subsequently  inverted,  and  made  to 

*  This  eflfect  does  not  appear  to  be  produced  in  what  are  called  weeping  trees ; 
the  cause  of  which  I  have  endeavoured  to  point  out  in  a  former  Memoir.  Phil. 
Trans.  1804. 
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point  perpendicularfy  downwards.  To  enable  myself  ta 
answer  this  objection,  I  made  many  experiments  on  seeds  of 
the  horse  chesnut,  and  of  the  bean,  in  the  box  I  have  already 
described ;  and  as  the  seeds  there  were  suspended  out  of  the 
earth,  I  could  regularly  watch  the  progress  of  every  effort 
made  by  the  radicle  and  germen  to  change  their  positicms; 
The  extremity  of  the  radicle  of  the  bean,  when  made  to  point 
perpendicularly  upwards,  generally  formed  a  consideraUe 
curvature  within  three  or  four  hours,  when  the  weather  was 
warm.  The  germen  was  more  sluggish;  but  it  rarely  or 
never  failed  to  change  its  direction  in  the  course  of  twenty- 
four  hours ;  and  all  my  efforts  to  make  it  grow  downwards, 
by  slightly  changing  its  direction,  were  invariably  abortive. 

Another,  and  apparently  a  more  weighty,  objection  to  the 
preceding  hypothesis,  (if  applied  to  the  isubsequent  growth 
and  forms  of  trees,)  arises  from  the  facts  that  few  of  their 
branches  rise  perpendicularly  upwards,  and  that  their  roots 
always  spread  horizontally ;  but  this  objection  I  think  may 
be  readily  answered. 

The  luxuriant  shoots  of  trees,  which  abound  in  sap,  in 
whatever  direction  they  are  first  protruded,  almost  uniformly 
turn  upwards,  and  endeavour  to  acquire  a  perpendicular  di- 
rection; and  to  this  their  points  will  immediately  return,  if 
they  are  bent  downwards  during  any  period  of  their  growth; 
tiieir  airvature  upwards  being  occasioned  by  an  increased 
extension  of  the  fibres  and  vessels  qf  their  under  sides>  as  in 
the  elongated  germens  of  seeds.  The  more  feeble  and  slender 
shoots  of  the  same  trees  will,  on  the  contrary,  grow  in  almost 
every  direction,  probably  because  their  fibres,  being  more 
dry,  and  their  vessels  less  amply  supplied  with  sap,  they  are 
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\!tB&  afiected  by  gravitation.  Their  points,  however,  generally 
shew  an  inclination  to  turn  upwards ;  but  the  operation  of 
light,  in  this  case,  has  been  proved  by  Bonnet*  to  be  very 
considerable. 

The  radicle  tapers  rapidly,  as  it  descends  into  the  earth, 
and  Its  lower  part  is  ixmch  compressed  by  the  greater  solidity 
of  the  mould  into  which  it  penetrates.  The  true  sap  also  con* 
tmues  to  desc^id  from  the  cotyledons  and  leaves,  and  occa- 
sions a  continued  increase  of  the  growth  of  the  upper  parts  of 
the  radicle,  and  this  growth  is  subsequently  augmented  by 
the  eflfects  of  motion,  when  the  germen  has  risen  above  the 
ground.  The  true  sap  is  therefore  necessarily  obstructed  in 
its  descent;  numerous  lateral  roots  are  generated,  into  which 
a  portion  of  the  descemfing  sap  enters.  The  substance  of 
diese  roots,  like  that  of  the  slender  horizontal  branches,  is 
much  less  succulent  than  that  of  the  radicle  first  emitted,  and 
they  are  in  consequence  less  obedient  to  gravitation:  and 
therefore  meeting  less  resistance  from  the  superficial  soil, 
than  from  that  beneath  it,  they  extend  horizontally  in  every 
direction,  growing  with  most  rafHdity,  and  producing  the 
greatest  number  of  ramifications,  wherever  they  find  most 
.warmth,  and  a  soil  best  adapted  to  nourish  the  txe^.  As  these 
horizontal,  or  lateral,  roots  surround  the  base  of  the  tree  on 
evary  side,  the  true  sap  descending  down  its  bark,  enters 
almost  exclusively  into  them,  and  the  first  perpendicular 
root,  having  executed  its  qffice  of  securing  moisture  to  the 
plant,  whilst  young,  is  thus  deprived  of  proper  nutriment, 
and,  ceasing  almost  wholly  to  grow,  becomes  of  no  import-* 
ance  to  the  tree.    The  tap  root  of  the  oak,  about  which  sa 

*  lUcberebit  sur  PUsagg  d§9  FguilUs  dans  Us  Plantes. 
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much  has  been  written,  will  possibly  be  adduced  as  an  excei>- 
tion ;  but  having  attentively  examined  at  least  20,000  tre^s 
of  this  spedes,  many  of  which  had  grown  in  some  of  the 
deepest  and  most  favouraUe  soils  of  England,  and  never 
having  foimd  a  single  tree  possessing  a  tap  root,  I  must  be 
allowed  to  doubt  that  one  ever  existed. 

As  trees  possess  the  power  to  turn  the  upper  surfaces  of 
their  leaves,  and  the  points  of  their  shoots  to  the  light,  and 
their  tendrils  in  any  direction  to  attach  themselves  to  conti-- 
guous  objects,  it  may  be  suspected  that  their  lateral  roots  are 
by  some  means  directed  to  any  soil  in  their  vicinity  which  is 
best  calculated  to  nourish  the  plant,  to  which  they  belong ; 
and  it  is  well  known  that  much  the  greater  part  of  the  roots 
of  an  aquatic  plant,  which  has  grown  in  a  dry  soil,  on  the 
margin  of  a  lake  or  river,  have  been  found  to  point  to  the 
water ;  whilst  those  of  another  species  of  tree  which  thrives 
best  in  a  dry  soH,  have  been  ascertained  to  take  an  opposite 
direction :  but  the  result  of  some  experiments  I  have  made  is 
not  favourable  to  this  hypothesis,  and  I  am  rather  inclined  to 
believe  that  the  roots  disperse  themselves  in  every  direction, 
and  only  become  most  numerous  where  they  find  most  em- 
ployment, and  a  soil  best  adapted  to  the  species  of  plant. 
My  experiments  have  not,  however,  been  sufficiendy  varied, 
or  numerous,  to  dedde  this  question,  which  I  propose  to 
make  the  subject  of  future  investigation. 


Elton,  Nov.  It,  1805. 


I  am,  &c. 

T.  A.  KNIGHT. 
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VL  A  third  Series  of  Elxperiments  on  an  artificial  Sub$tanc$^ 
which  possesses  the  principal  characteristic  Properties  of  Tannin ; 

^  mth  some  Remarks  oh  Coal.  By  Charles  Haftehett,  Esq. 
F.R.S. 

Read  January  16,  1806. 

§1/ 

In  my  former  Papers  upon  this  subject,  some  account  has 
been  given  of  the  ei&cts  produced  by  sulphuric  acid  upon 
turpentine,,  resin,  and  camphor ;  and  I  shall  now  state  the 
results  of  other  experiments  made  with  the  same  acid  upon  a 
great  niunber  of  the  resins,  balsams,  gum  resins,  and  gums, 
the  greater  part  of  which,  afiS:)rded  that  modification  of  the 
artifidal  tanning  substance,  which  for  the  sake  of  distinction, 
I  have  in  the  precedio^  papers  denominated  the  third  variety. 

The  process  was  simple  digestion  in  sulphuric  acid,  after 
which,  the  residuum  was  well  edulcorated,  and  was  then 
digested  in  alpohoL  This  was  separated  by  distillation,  the 
dry  substance  which  remained  was  infused  in  cold  distilled 
water,  and  the  portion  dissolved,  was  examined  by  solution  of 
isii^lass,  muriate  of  tin,  acetite  of  lead,  and  sulphate  of  iron. 

Much  sulphureous  acid,  carbonic  add,  several  of  the  vege- 
table acids,  particularly  benZiCHc  acid,  (when  the  balsams  were 
emjdoyed,)  and  apparently  water,  were  produced  during  the 
operation ;  but  in  this  Paper  I  shall  only  notice  two  of  the 
products,  namely,  the  tanning  substance  and  the  coal. 
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The  sulphuric  acid  almost  immediately  dissolved  the  resms^ 
and  formed  transparent  brown  solutions,  which  progpressively 
became  black. 

The  same  efl^  was  produced  on  most  of  the  otfier  sub- 
stances, but  the  solutions  of  the  balsams  and  of  guaiacum* 
were  at  first  of  a  deep  crimson,  slightly  inclining  to  brown. 

Caoutchouc  and  elastic  bitumen  were  not  dissolved,  but 
after  having  been  digested  for  more  than  two  months,  w^^ 
only  superficially  carbonized. 

The  gums  and  the  saccharine  substances  required  many 
evaporations  and  filtrations  before  the  whole  of  their  car- 
bonaceous residua  could  be  obtained. 

These  were  the  principal  effects  observed  during  the  ex- 
periments, and  I  have  stated  them  in  this  manner,  that  tedious 
and  useless  repetitions  may  be  avoided. 

Turpentine,  common  resin,  elemi,  tacamahac,  mastich,  co- 
pmba,  copal,  camphor,  benzoin,  balsam  of  Tolu,  balsam  of 
Peru,  asa  foetida,  and  amber,  yielded  an  abundance  of  the 
tanning  substance. 

Oil  of  turpentine  also  afibrded  much  of  it;  asphaltum 
yielded  a  small  portion ;  some  slight  traces  of  it  were  even 
obtained  from  gum  arable  and  tragacanth;  but  none  was 
produced  by  guaiacum,  dragon's  blood,  myrrh,  gum  ammo- 
niac, olibanura,  gamboge,  caoutchouc,  elastic  bitumen,  liquorice, 
and  manna.  I  am  persuaded,  however,  that  many  of  these 
would  have  afforded  the  tanning  substance  had  not  the  di- 
gestion been  of  too  long  a  duration. 

Olive  oil  was  partly  converted  into  the  above  mentioned 
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substance,  and  also  linseed  oil,  wax,  and  animal  fat ;  but  the 
three  last  appear  to  merit  some  attention. 

Linseed  Oil. 

'  This  oil  with  sulphmic  acid  very  soon  formed  a  thidc 
bhick]sh*-brown  liquid,  which  after  being  long  digested  in  a 
sand-bath,  was  still  partly  soluble  in  cold  water,  and  passed 
the  filter.  This  solution  precipitated  gelatine;  the  resi^ 
duum  was  a  tough  black  substance,  which  became  hard  on 
exposure  to  mr.  A  great  part  was  soluble  in  alcohol,  and 
formed  a  brown  liquid,  wluch  became  turbid  by  the  addition 
of  wjiter.  When  this  was  evaporated,  a  brown  substance 
remained,  which  was  partially  dissolved  by  cold  water,  and 
the  solution  thus  formed,  was  rendered  turbid  by  gelatine. 

The  undissolved  portion  left  by  the  alcohol,  was  of  a 
blackish-brown ;  it  was  soft  and  tenacious,  and  appeared  to 
retain  many  of  the  properties  of  an  inspissated  fat  oiL 

Bleached  Wax. 

That  which  was  employed  in  this  experiment,  was  the 
white  wax  of  the  shops,  which  is  sold  in  the  form  of  small 
round  cakes.  It  formed  with  sulphuric  add  a  thick  black 
nlagma,  and  wa$  not  acted  upon  by  cold  distilled  water  when 
^washed  y^ith  it  upon  a  filter.  Upon  being  digested  with 
alcohol  in  a  sand-bath,  a  brownish  solution  was  formed, 
which  upon  cooling  became  very  turbid,  and.  appeared  as  if 
filled  with  a  white  floc^jlent  substance.  The  same  operation 
was  repeated  with  difierent  portions  of  alcohol  until  this 
ceased  to  aa.    Hie  whole  of  the  solutions  in  alcohol  were. 
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dten  nUixed,  a  large  quantity  of  distiUcifl  wttte.  was  adcfed, 
and  the  alcohol  was  separated  by  disdUation.' 

On  the  surface  of  the  remaining  liquor,  when  cold,  a  white 
crust  was  formed,  which  being  separated,  was  found  to  pos- 
sess the  propeirttes  of  spermaceti,  ajiM' weighed  18  grains. 
The  filtrated  liqtior  was  then  evaporateid.tp  ia  small  quantity, 
became  of  a  pale  brown  colour,  and  was  rendered  turbid  by 
solution  of  isinglass. 

Animal  Fat. 

THs  experimient  was  made  upon  the  kidney  fat  of  Veal,  but 
I  cannot  take  upon  me  to  assert  that  the  results  would  have 
been  the  same  with  every  kind  of  fat.  100  grains  of  it  with 
one  ounce  of  concentrated  sulphuric  add,  after  some  time, 
formed  a  blackish  soft  mass ;  a  second  ounce  of  sulphuric  acid 
was  th^i  added,  and  the  whole  was  digested  and  occasionally 
heated  during  nearly  three  months.  Six  ounces  of  distilled 
water  were  poured  upon  the  black  pulpy  mass,  and  formed  a 
thick  uniform  liquid,  which,  after  digestion  for  six  or  seven 
days,  was  when  cold  filtrated.  The  hquor.  which  passed  was 
of  a  brown  colour,  and  upon  evaporation  became  black,  leav- 
ing a  considerable  portion  of  a  blackish  substance  upon  the 
filter,  which  was  added  to  that  which  had  been  collected  by 
the  first  filtration.  The  whole  was  washed  with  cold  waterg 
which  passed  colourless.  Boiling  water  was  then  poured 
upon  the  filter^  by  which  a  considerable  portion  was  rapidly 
dissolved,  and  a  brownish-black  solution  was  formed,  whidi 
copiously  i»*ecipitated  gelatine. 

The  re^duum  on  the  filter  was  then  dried,  and  being  cdk 
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lected,  was  digested  in  alcohol,  which  dissolved  the  greater 
part. 

The  solution  in  alcohol  was  filtrated,  but  (  apparently  by  the 
effect  of  air )  a  considerable  deposit  was  formed  on  the  filtjer, 
which  was  again  dissolved  by  alcohol.  Water  rendered  the 
solution  turbid,  and  a  black  light  flaky  substance,  which 
weighed  41  grains,  remained  upon  the  filter.  The  filtrated 
liquor  was  then  evaporated,  and  left  a  grayish-black  substance, 
which  weighed  30  grains.  This  last  substance  was  highly 
inflammable,  and  when  burned,  emitted  a  very  peculiar  odour^ 
resembling  partly  that  of  fat  and  partly  that  of  asphaltum.  It 
easily  melted,  and  also  immediately  dissolved  in  cold  alcohol, 
from  which,  like  the  resinous  substances,  it  was  precipitated 
by  water. 

The  black  light  flaky  residuum,  which  weighed  41  grains, 
was  found  to  consist  partly  of  the  substance  above  mentioned 
and  partly  of  coal,  but  the  proportion  of  this  last  Was  not 
ascertained. 

Coagulated  albumen  and  prepared  muscular  fibre  were  also 
separately  exposed  to  the  action  of  sulphuric  aci<i  In  the 
manner  above  described,  but  did  not  afibrd  any  substance  by 
which  gelafine  could  be  precipitated,  coal  being  the  only 
product  which  remaned. 

Almost  every  one  of  the  bodies  which  have  been  employed 
in  these  experiments,  seem  to  be  in  some  measure  difllerent 
in  respect  to  the  progressive  effects  produced  upon  them 
by  sulphuric  acid ;  and  all  other  circumstances  being  similar, 
there  appears  to  be  a  certam  period  of  the  process  when  the 
production  of  the  tanning  substance  has  arrived  at  its  maxi- 
mum, after  which,  a  gradual  diminutk)n  of  it  takes  place,  and 
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at  length  total  destruction.    These  effects, are  mioduced  at    . 
different  periods,  according  to  the  substance  which  'may  be 
the  subject  of  the  experiment,  and  therefore  it  is  imj^ssibjie. 
at  present  to  state  the  utmost  quantity  of  .the  tanr)iing^  sub- , 
stance  which,  under  equal  circumstances,  may  be  obtained, 
from  each  of  the  resins,  balsams,  &c. 

The  tanning  substance  appears  to  be  always  the  ^ame, 
whether  obtained  from  turpentine,  or  common  resin,  or  from 
the  balsams,  or  from  sisa  foetida,  or  camphor,  or  indeed  frojnj , 
an  V  of  the  bodies  which  have  been  enumeratjed ;  its  efi^cts  on,, 
the  different  reagents  are  similar;  by  the  addition  of  a  small  . 
portion  of  nitric  acid,  and  subsequent  evaporation,. it  is  conr 
verted  into  that  which  1  have  called  the  fir§t  variety ;  ,or  if   ^ 
digested  with  sulphuric  acid,  it  is  speedily  destroyed,*  and    , 
becomes  mere  coal.    In  the  latter,  case,  thor^fgre,  the  $anie, 
agejit  which  at  first  produced  it  becomes  at  l^n^th  the  cause 
of  its  destruction,  and  thus  we  find,  that  altl^ougli  a  tanning 
substance  may  be  obtained  from  resinous  and  other  bpdies  by 
means  of  sulphuric  and  by  nitric  acid,  yet  in  the  formejr  cas^  ' 
the* product  is  variable,  and  is  formed,  at  or  about  the  mean'' 
period  of  the  operation,  whilst  the  latter  is.  an  jiltimate  and 
invariable  effect,  beyond  which,  no  apparent  change  can  be  , 
produced  by  any  continuation  of  the  process,* 

^         §111.  \; 

I  have  already  stated,  that  caoutchouc,  and  elastic  bitumen, 
were  only  superficially  acted  upon  when  digested  for  a  very 

•  In  the  former  Papers  upon  this  subject  I  have  observtjdi  that  the  tanning  sub^    '  ^ 
stance  produced  t>y  sulphuric  acid,  \%  yery  ioferior  in  energy  to  that,  which  is  lohneB"    .  . 

by  nitric  acid.  .  , 
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-  fong dmein  siilpliurk  acid;  arid  it  is  Veniarkable,  that  these 
'  iubstahces,'  wTiicIi  in  their  external  characters  so  much  re- 
"seiiible  eacn  other /'should  be  similar  in  their  habits  when 

^  Exposed  to  the  effects  of  this  acid ;  for,  unlike  the  resins  and 
most  of  the  other  bodies  which  were  subjected  to  the  pre- 

"  ceding  ekperiments,  and  which  .were  almost  immediately 
'  dissotvea  when  the  acid  was  poured  upon  them,  these  on  the 

^  contrary^  remained  undissolved,' and  only  became  partially 

*  cartJoriized  on  their*  surfaces.    Even  nitric  a9id  does  not  so 
'^rapidly  effect  ^'change  in^t^^  elastic  bitiinien  as  it*  does  when 

*  applied' to^  the  ot^er  bituminous  sulJstarices,       * 

'  'iob  gfmris  of  pure  soft  elastic  fctumeri  were^digested  during 
three  weeks  in  one  ounce  of  nitric  acid,  dSIut'ed  with  an  ^qiial 
quantity  of  water ;  a  tough  and  slightly  elastic  orange-coloured 
mass  then  remained.  Another  ounce  of  the  acid,  not  diluted, 
was  poured  upon  this  mass,  and  the  digestion  was  continued 
unfil^the* whole  was  evaporated.  The  residuum  was  tenacious, 
and  of  the  colour  above  mentioned.  Water  partially  dis- 
solved It,  and  formed  a  deep  yellow  liquid,  which  copiously 
predjpitated  gelatine,  and  possessed  the  other  properties  of 
the  tanning  substance  which  is  producer!  from  the  resins,  &c. 
by  nitric  acid. 

Ah  orange-coloured  mass  still  remained,  which  livas  speedily 
dissolved  by  alcohol,  and*  was  precipitated  from  it  by  a  large 
addition  of  water. 

This  siibistarice  in  many  of  its  properties  resembled  the 
resins,  but  in  others,  seemed  to  approach  those  wBch  cha- 
racterize the  vegetable  extractive  matter.    It  appeared  to 
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be  similar  to  that  which  has  been  cursorily  mentioned  in  my 
first  Paper,  and  which  was  obtained  from  many  of  the  pit- 
coals  and  bitumens  when  treated  with  nitric  add.  I  have  since 
paid  more  attention  to  this  substance  during  the  following 
experiments: 

Kilkenny  coal  was  digested  with  nitric  add^  and  progress 
^vely,  although  with  difficulty,  was  converted  into  that 
variety  of  the  tanning  substance  which  has  ao  often  been 
mentioned.  Similar  experiments  w^re  made  on  the  same  sort 
of  coal  from  Wides,  which  was  given  to  me  by  my  friend  Mr. 
T^NMAKT,  as  well  as  upcMi  a  coal  $ent  to  me  by  Professor 
WooDHousE,  which  was  from  Pensylvania,  and  is  there  caUed 
Leigh  high  ooal.  All  of  these  were  converted  into  the  tan- 
ning substance,  but  they  did  not  yield  any  product  similar  to 
that  obtained  from  tlie  elastic  bitumen* 

The  contrary  however  happened  when  the  comm<Hi  pit- 
coal,  or  Cannel  coal,  or  asphaltum,  were  employed.  For  when 
these  were  treated  in  the  way  which  has  been  described,  and 
when  the  digestion  was  not  too  long  continued,  then  I  ob- 
tained from  loo  grains  of  each  of  the  above  substances  (after 
the  reparation  of  the  tanning  matter)  a  residuum  as  follows  : 

From  loo grains  of  the  common  Newcastle  coal   g  grains. 

From  loo  grains  of  Cannel  coal     *        -      -     g^  grains. 

From  lOo  grains  of  pure  asphaltum  -*  **  37  grains. 
.  The  substances  thus  obtained,  were  very  similar  in  thdr 
external  characters,  being  of  a  pale  brown,  approaching  to 
Spanish  snuff  colour ;  their  internal  fracture  was  dark  brown, 
with  a  considerable  degree  of  resinous  lustre.  When  exposed 
to  heat  they  did  not  easily  melt,  but  as  soon  as  inflamed,  they 
emitted  a  resinous  odour  mixed  with  that  of  fat  oil,  and  pro- 
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dttoetl  a  vwy  fighf  «baU  madi  exceeding  the  bulk  of  the  ori-* 
gmiJ  substance.' 

Alcohol  coin[detely  dissolved  them,  and  if  water  in  a  large 
proportion  was  added  to  a  saturated  solution,  a  precipitate 
was  obtained,  but  after  each  predpitation,  a  portion  always 
remained  diksolved  by  the  water,  which  acted  upon  the  dif- 
ferait  rei^ents  in  a  manner  similar  to  the  solutions  of 
FqgetaUe  extractive  matter.  The  flavour  was  also  Ixtter,  and 
in  some  degree  aromatic,  so*  that  the  residua^  whether  ob- 
tained from  pit-coal,  from  Cannel  coal,  or  iVom  asphaltum, 
Mened  to  possess  properties  intermediate  between  those  of 
re^,  sknd  those  of  the  vegetable  extractive  substance.  They 
appeared  however,  to  be  removed  only  by  a  very  few  degrees 
from  the  tanning  substance ;  for  if  digested  in  a  small  quan- 
ti^  of  nitric  acid,  and  subsequently  evaporated,  tiley  were 
immecfiately  converted  into  it ;  or  if  digested  with  sidphuric 
add,  they  speedily  became  reduced  to  coaL 

S IV. 
In  the  5tli  Slection  of  my  second  Paper,  some  remarks  were 
made  on  the  decoctbns  obtained  from  vegetable  substances 
which  had  been  previously  roasted;  and  although  (excepting 
one  instance)  these  decoctions  did  not  afford  any  permanent 
precipitate  with  gelatine,  yet  I  have  there  stated,  that  I  did 
nbt  think  it  right  to  conclude,  that  similar  decoctions  made 
under  certain  circumstances,  might  hot  occasionalty  possess 
those  {xroperties  which  characterize  the  tanning  substances. 
Moreover  I  also  observed  in  the  same  Paper,  thisit  all  of  those 
decoctkms,  iqxm  the  Addition  of  a  smaB  pordon  of  nitric  acid 
and  subsequent  evaporation,  became  converted  into  that  variiety 
of  tanning  matter  which  is  {nnoduced  by  the  actk)n  of  nitric 
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asid::«pon  carbohacedus  aribsianoes.  :  thkfiA  idnofe  ^jsbmkd 
these  experiments,  and  shall  here  give  someaotwtoiticif  ^ta. 

1.  •.  ,,  ,. 

3oo,gruna  of  the-  fresh  pe^s  of'.bf|igse,^eBiu(ts  mtei^  di- 
gested for- about  12  hours  .in  three  owpo^s-jaf  dostiiled'^wa^r. 
The  liquor  .was  of  a:  pale,  brown,  -and  f<N:Biad  ar  ^ig^  -fide 
brown  precqpdtatewb^i  solutim  oi'mtgif^armunfMltd  to  it. 

'  •   ».  ,  •  ., 

». 

,  .j»poff6ains  of the->wnnfi.p«M^w<tre  inodwiately  yoaiiM/^wd 
.t>eipg  afterwar|d&  d^^e^ed  with  thre^  ouaoes-of  water,  fotmed 
ad^zic.bxown  decoction,^  w^cti-wasinotrmdcmdi-tiufbid-by 
gelatine.  1 

•      '  !:8.  ■'.  •  : .  .   '  ■  ■  •  .♦ 

The  above  foentiiraed  roasted^paebi,  after )^: tufmMifin 
of  the  preceding  expf liipftQt,  w^e  a^^  for!kb9'4ns^p9ili4er«f 
the  filtrated  liquor.  A  quarter  of  an  ounce  of  nitric  acid  was 
poured  upon  the  whole,  wliib^  was  then  digested  and  eva- 
porated to .dr3mesj8.  .Thertna^s  wasaftjqi^i^jnjij^-fi^Mtedin wiiter, 
and  a  dark  reddish-brown  liquid  was  obtaincd/whiphicopiQt^y 
.pre(?pitated;soluticn'of  isinglaas*  . )  .'  '   r.. 

)4v  ,   •     ■-      .  .'  •••    •  -i 

soo  grains  pf  hcurse  cheenqts,  from,  wioqh  th^  pM^  im- 
ployed  in  the  former  ^^^wimeots  had  been,  talsen*  W^ie 
bruisedi^  and  wez«  d^pasted  ,>mth;tbre«:  o^coces  i^  water. .  The 
liquor  M^  turbid,  and  of  ^  pa)&  fe4  GokMir.  IC  ^a^  .fiXttfitfUit 
and  som&- solution  o^-iawglaps  wast  a4(kKU  ibut.  w^iout -ao^ 
effect. 
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800  grains  of  the  same  horse  chesnuts  W^irer  lood^tefy ' ' 
ro%flied»-fa]^  J^dngtinatfBclrdK  i0)«reiud««»9be4>  with  wsfteH 
yi6Uf<lm4la):fcdimvaidietoctiini^hidl^vvb^  ' ' 

by4wl^««.o,-  =•.  A'  I,  '   ^-    i  •.• 

'iV-l'iV.'.  •«•'    I  .'  \)  <"<v;;4    ''       •  0»-M>  •  ■'    -v.- 

Th9\iiqsleif|iaiiuiB,  whidi^hftdlMiM  «mpliiytld'  ki  die  -pre" ' 
cedi||^Q)t|ffl^^l(ari1^-ithe<ltetoait^ 
witjiiOiltfiiflitBofij^prsancttlcif  faliridtacid  fiAiil>*th0^;dAle'was  * 
beqat|iQ<4i$cv  ,  Watte  9Ml9li)eir(pou^ed»U(pdif>4€>,  wa»«Bg6Med,' -' 

derable  precipitate  by  the  addition  4yf  ■i^ution<6f  IsMgiis^i  -  • 

I)K>tiddi«p<«Kp«iidieiiti'Qe  a|^pe«ii*Sy«hatv^  8         pdi^Scki 
of  t^tminiiiihicfa  t)be)taiinpi^  chsMMi)»^t»ioV^ 
wasfiite^trjagwdibyi tbe;^praoe«fi{i0ri«tf)iMil^; ^ihat<>tfie^%i'dWn '  ' 
deQQ4tioiti^i;Aaaiueiillylobtatned^'f)toM'theroasted<p^^ 
from  i^ttentqi^Kfiiats,  «lidi  ifdf^ wt'  lipdh  ^htt&i^,  'but  that 
these  were  speedily  converted  inttvtlie  A^ti^ciid  t^^ining  snl>-    - 
stai^»hy  to  addidoa  «0  ^rsititdt  ptJiftionofilitiric  add  and  srib> 
seq)Wfiie(va9)i9ral9ani.^'.c  ?  /    <  ' 

Thcoftrat>|Bm«fmiwi^  lOf  tlle  ^rtiftcilil  tanning  substance 
whipblJuive  WsnoiKKitfonadiii'thefetm^  Papers,  were  made 
from  coal  of  differ^t  .dlMSii]fti6ns  dlge^ed-with  nitric  acid, 
aIM^taBiIiUan^pIlf>dqotlk  iuve^lw^ 'obtained  by  the  same  acid 
from  «iaaiaB9dbc<ktkMisi0firalusted'V<egetabie  substances,  there 
canBQli'tbciCjui.y.)di»ubl(»>4liati<V£(gMaAte  bodies  when  roasted, 
yield  solutions  by  d^filtoiii^}wat»<j  which  essentially  consist 
<rf  carbon  approaching  to  the  state<of  coal,  although  not  abso- 
lutefcjKconwrted  int»  i^tfor-'if  80,  all  sdlubility  in  water  would 
cease. 

BUtdcoalis/.a^ipapeiitLy  nothing  more  than  carbon  oxidized 
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to  a  certain  degree,  and  may  be  formed  by  die  humid  as  wdl 
as  by  the  dry  way* 

Examples  have  been  already  stated  respecting  operations 
in  which  sulj^uric  add  has  produoed  this  eflfect^  but  the 
same  likewise  appears  to  be  produced  with  some  modifiea- 
tions,  whenever  vegetable  matter  undergoes  the  putrefactive 
process;  for  when  this  takes  place,  as  in  ifangfaiUs,  &c/a 
large  proportion  of  the  carix>n  of  the  original  vegetable  siAh 
stances  appears  to  be  Combit^d  widi  oxygen  sufficient  to 
communicate  to  it  many  of  the  properties  of  coal,  whilst  the 
compound  nevertheless  is  capable  of  being  dissolved  by  water 
with  the  most  perfect  facility. 

It  must  not  however  be  understood  that  by  tlus  process  all 
the  other  elem^itary  principles  are  separated,  so  that  only 
the  carbon  remains  combined  with  oxygen,  but  merely,  that 
the  other  prindples  are  so  far  diminished,  that  these,  namely, 
carbon  and  oxygen,  predominate  in  a  state  apjMroaGfaing  to 
coal,  although  soluble  in  water. 

Such  solutions,  I  have  every  reascm  to  believe,  are  nearly 
similar  to  those  afibrded  by  vegetable  substances  which  have 
been  previously  roasted,  and  although  I  have  examined  but  a 
few  of  them,  yet  I  shall  relate  aome  experiments  v^ch  I 
have  lately  made  on  the  peels  of  walnuts. 

It  is  well  known  that  when  these  are  kept  in  small  heaps 
for  a  short  time,  they  become  soft,  and  break  down  Into  a 
black  mass,  which  affords  a  brownislv*black  liquor.  On  these 
I  therefore  made  the  following  experiments : 

1- 

About  one  ounce  of  walnut  peels,  which  were  become  soft 
and  black,  was  digested  in  water. 

A  dark  brown  liquor  was  thus  formed,  and  being  filtrated. 
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v^as  examined  by  a  solution  of  isinglass,  but  not  any  apparent 
effect  was  produced. 

9. 

On  an  equal  quantity  of  the  walnut  peels,  in  the  same  soft 
black  state,  a  small  portion  of  nitric  acid  was  poured,  and 
after  being  digested  for  about  five  hours,  the  whole  was 
evaporated  to  dryness.  The  residuum  was  of  a  brownish 
orange  colour,  and  yielded  a  similar  coloured  solution  to 
water  when  digested  with  it  This  was  filtrated,  and  upon 
the  addition  of  solution  of  isinglass,  became  turbid,  and  depo- 
sited a  tough  precipitate,  which  was  not  dissolved  by  boiling 
water. 

3- 
Another  portion  of  the  walnut  peels  was  moderately  roasted, 

and  was  then  digested  in  water ;  the  brown  solution  was  fil- 
trated, and  formed  a  slight  predpitate  with  gelatine. 

4- 

On  the  residuum  of  the  last  experiment,  a  small  quantity 
of  nitric  acid  was  poured,  some  water  was  then  added,  the 
whole  was  digested  during  about  five  hours,  and  until  it 
became  perfectly  dry. 

Water  formed  with  this  a  brown  liquor,  which  yielded  a 
very  abundant  precipitate  by  the  addition  of  dissolved  isinglass. 

Upon  these  experiments  we  may  remark,  that  the  solution 
in  the  first  instance  contained  carbon  in  a  state  approaching 
to  coal,  for  when  treated  with  nitric  acid  in  the  second  expe- 
riment, a  portion  (ahhough  small)  was  produced  of  the  same 
tanning  substance  which  is  formed  from  the  different  kinds  of 
coal  by  nitric  acid. 
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The  third  experiment  appears  tx>  shew,  that  a  small  quaxi* 
tity  of  a  substance  approaching  to  tannin  was  produced  by 
the  simple  process  of  roasting ;  and  the  fourth  experiment 
corroborates  those  already  described,  in  which,  the  artificial 
tanning  matter  was  copiously  produced,  whenever  roasted 
vegetable  substances  were  treated  with  nitric  add. 

In  respect  to  vegetable  substances,  especially  those  which 
contain  tannin,  I  shall  here  relate  a  few  other  experiments. 

It  has  been  remarked  in  my  second  Paper,  (p.  a88,)  that 
the  tannin  of  galls  was  immediately  destroyed  by  nitric  acid. 
Since  that  time,  I  have  made  the  following  additional  ex- 
periments : 

1. 
.  *   ico  grains  of  galls  reduced  to  powder  were  infused  with 
fowr  ounces  of  water,  and  part  of  the  infusion  upon  the  addi* 
tion  of  solution  of  isinglass  afforded  (as  usual)  a  copious 
precipitate  of  a  brownish-white  colour. 

A  quarter  of  an  ounce  of  nitric  acid  was  added  to  one  ounce 
of  the  above  infusion,  which  then,  was  not  in  any  manner 
affected  by  the  dissolved  isinglass. 


lOo  grains  of  the  same  galls  were  slightly  roasted,  and 
being  digested  with  four  ounces  of  water,  formed  a  brown 
liquor,  which  was  filtrated. 

Solution  of  isinglass  was  then  added  to  a  part  of  the  above 
liquor,  and  produced  a  precipitate  not  very  unlike  the  former, 
but  much  less  in  quantity. 

After  this,  a  quarter  of  an  ounce  of  nitric  acid  was  added  to 
one  ounce  of  the  same  liquor,  and  some  dissolved  isinglass 


Digitized  by 


Google 


which  possesses  the  characteristic  Properties  of  Tannin.     123 

was  subsequently  poured  into  it,  by  which  it  was  rendered 
turbidy  and  a  small  porticm  of  a  dark  brown  precipitate  was 
jH-oduced,  resembling  that  which  is  commonly  afforded  by  the 
artificial  tanning  substance. 

The  remainder  of  the  above  mentioned  liquor,  with  the 
residuum  of  the  roasted  galls,  were  digested  with  a  quarter 
of  an  ounce  of  nitric  acid  until  the  whole  had  become  dry. 
Water  was  then  poured  upon  it,  and  formed  a  dark  brown 
solution,  which  yielded  a  copious  brown  precipitate  by  the 
addition  of  dissolved  isinglass. 

From  these  experiments  oa  galls  it  appears,  that  the  natural 
•tannin  contained  in  them  is  destroyed  by  nitric  acid ;  that  the 
tannin  is  also  diminished,  (and  I  may  add,)  is  ultimately 
destroyed  by  the  process  of  roasting ;  that  when  galls  have 
not  been  so  far  roasted  as  to  destroy  the  whole  of  the  tannin, 
then  the  remsunder  of  this  seems  to  be  destrqyed  by  the  ad- 
dition of  nitric  acid,  whilst  at  the  same  time  a  small  portion 
of  the  artificial  tanning  substance  is  produced ;  and  that  this 
last  is  always  plentifully  afforded  by  roasted  galls  when 
digested  with  nitric  acid,  similar  to  other  vegetable  bodies 
when  thus  treated. 

These  remarks  are  also  partly  confirmed  by  the  following 
experiments  upon  oak  bark. 

1. 

200  grains  of  oak  bark,  reduced  into  very  small  fragments, 
were  infused  in  about  four  ounces  of  water,  after  which  the 
infusion  was  examined  by  dissolved  isinglass,  and  yielded  a 
con^erable  precipitate. 

Rs 


Digitized  by 


Google 


i2i^        Mr.  Hatchett's  Experiments  on  a  Substance^ 

200  grains  of  the  same  sort  of  bark  were  slightly  roasted, 
and  afterwards  digested  in  water;  a  much  darker  coloured 
liquor  was  obtained  than  in  the  former  case  ;  but  although  it 
afforded  precipitates  by  the  addition  of  muriate  of  tin,  acetite 
of  lead,  and  sulphate  of  iron,  yet  not  the  smallest  eflfect  was 
produced  by  solution  of  isinglass. 

3- 

The  residuum,  with  the  remaining  part  of  the  above  men- 
tioned liquor,  was  then  digested  with  a  small  portion  of  nitric 
acid ;  this  was  completely  evaporated,  and  a  brown  solution 
was  formed  by  water,  which  abundantly  precipitated  gelatine. 

4- 
One  ounce  of  oak  bark,  reduced  into  very  small  fragments, 
was  repeatedly  digested  in  different  portions  of  water  until 
the  whole  of  its  tannin  was  extracted.  The  residuum  or  ex- 
liausted  bark  (as  it  is  called  by  the  tanners)  was  dried,  and 
was  afterwards  moderately  roasted.  It  was  then  moistened 
with  diluted  nitric  acid,  which  was  evaporated  in  a  heat  not 
much  exceeding  300*  until  the  bark  was  become  perfectly 
dry.  This  was  digested  in  water,  and  speedily  formed  a 
yellowish-brown  liquor ,which  abundantly  precipitated  gelatine. 

5- 
The  bark,  which  after  being  exhausted  of  its  natural  tannin, 
had  thus  afforded  the  artificial  tanning  substance,  was  repeat- 
edly treated  with  water  until  the  whole  of  this  last  was  ex- 
tracted. The  bark  was  then  again  slightly  roasted,  was  again 
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moistened  with  nitric  acid,  and  was  gently  heated  and  dried 
as  before.    Water  being  poured  on  it  and  digested,  formed  a 
.  brown  solution^  which  copiously  precipitated  gelatine. 


The  whole  of  the  artificial  tanning  substanqe  was  extracted 
by  different  portions  of  water,  and  the  remainder  of  the  bark 
thus  exhausted,  was  again  treated  in  the  manner  above  de- 
scribed, and  again  afforded  a  considerable  quantity  of  the 
tanning  substance,  so  that  these  processes  evidently  might 
have  been  continued  until  the  whole  of  the  bark  had  been 
converted  into  it. 

This  might  also  have  been  accomplished,  if  in  the  first 
instance,  the  exhausted  bark  had  been  converted  into  char- 
coal, and  digested  in  nitric  acid,  as  described  in  my  first  Paper; 
but  then,  the  effects  would  have  been  more  slowly  produced, 
and  much  more  nitric  acid  would  have  been  consumed.  I  am 
now  therefore  fully  convinced,  not  only  by  the  results  of  the 
experiments  related  in  this  Paper,  but  also  by  many  others 
which  it  would  have  been  superfluous  to  have  stated,  that  the 
most  speedy  and  most  economical  of  all  the  processes  which 
I  have  described,  is  that  of  treating  roasted  vegetable  sub- 
stances in  the  way  which  has  been  mentioned,  and  considering 
that  all  refuse  vegetable  matter  may  be  thus  converted  into  a 
tanning  substance  by  means  the  most  simple,  and  without 
any  expensive  apparatus,  I  cannot  help  entertaining  much 
hope,  that  eventually  this  discovery  will  be  productive  of 
some  real  public  advantage. 
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•§v. 

In  my  first  Paper  I  have  remarked,  that  I  suspe€ted  tlie 
tannin  of  the  peat  moors  to  have  been  produced  during  the 
imperfect  carbonization  of  the  original  vegetable  substances. 
Whether  this  has  been  the  case,  or  whether  the  tantiin  has  at 
time?  been  afforded  by  heath  and  other  vegetables  growing 
upon  or  near  the  peat,  still  appears  to  me  to  be  uncertain ; 
but  whatever  may  be  the  origin,  I  never  have  yet  been  able 
to  detect  any  tanning  substance  in  peat,  although  I  have  exa- 
mined a  considerable  number  of  varieties,  some  from  Berk- 
shire, and  many  from  Lancashire,  which  were  obligingly 
sent  to  me  for  this  purpose  by  my  friend  John  Walker,  Esq. 
F.  R.  S.  Mr.  Jameson  has  also  made  the  same  observation,* 
so  that  there  cannot  be  any  doubt  ( whatever  the  origin  of 
the  tanning  matter  may  have  been )  that  it  has  speedily  been 
extracted  and  drained  from  the  substances  which  at  first 
contmned  it. 

This  effect  is  a  natural  consequence  of  the  great  facility 
with  which  tannin  is  dissolved  by  water,  and  extends  even  to 
the  most  solid  vegetable  bodies  ;  I  shall  here  give  an  example. 

In  the  Philosophical  Transactions  for  1799,  Dr.  Correa 
DE  Serra  has  given  an  account  of  a  submarine  forest  at  Sutton, 
on  the  coast  of  Lincolnshire,  where  submerged  vegetables  are 
fouhd  in  great  abundance,  including  trees  of  different  descrip- 
tions, especially  birch,  fir,  and  oak.  At  the  time  when  I  was 
engaged  in  those  experiments  on  the  Bovey  coal,  and  other 
substances  of  a  similar  nature,  which  have  been  printed  in 
the  Philosophical  Transactions  for  1804,  Sir  Joseph  Banks 

•  An  Outline  of  the  Mineralogy  of  the  Shetland  Islands,  &c.  Svo,  edition,  p.  174. 
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had  the  goodness  to  send  me  a  piece  of  the  oak,  >vhich  was 
perfect  in  all  of  its  vegetable  characters,  and  did  not  appear  to 
have  suffered  any  change  excepting,  that  it  was  harder,  and 
of  a  darker  colour  than  recent  oak  wood.  From  some  expe- 
riments which  I  then  made,  I  found,  that  after  incineration  it 
afforded  potash,  similar  to  the  recent  wood>  and  ccmtrary  to 
substances  like  the  Bovey  coal,  which  retain  the  vegetable 
external  characters,  although  imperfectly  converted  into  coal.* 

In  the  course  of  ray  experiments  on  tannin,  I  reduced  about 
an  ounce  of  this  submerged  oak  into  shavings,  and  digested 
them  in  water.  A  brown  decoction  was  formed,  which  with 
muriate  of  tin  afforded  a  pale  brown  predpitate ;  with  acetite 
of  lead,  a  precipitate  of  a  deeper  brown ;  with  sulphate  of  iron, 
a  copious  brownish^black  pred^Htate ;  but  with  solution  of  isin- 
glass not  any  effect  was  produced. 

The  tannin  of  this  oak  wood,  had  therefore  either  been 
separated  by  solution,  or  had  been  decomposed ;  so  that  the 
only  substance  which  remained  capable  of  being  dissolved  by 
water,  was  the  extractive  matter.  This  last,  in  the  present 
case,  was  most  probably  the  origmal  extractive  matter  of  the 
oak,  but  in  some  other  instances,  (such,  for  example,  as  that 
which  was  found  in  the  alder  leaves  contained  in  the  Iceland 
schistus,-f )  I  am  much  inclined  to  believe,  that  an  extractive 
substance  of  secondary  formation,  if  I  may  be  permitted  to 
employ  such  a  term,  is  produced  during  the  process  of  car- 
bonization. If  a  substance,  therefore,  so  compact  and  solid  as 
oak  timber  can  by  long  submersion  be  deprived  of  its  tannin, 
it  naturially  follows  that  the  same  effect  must  be  more  speedily 
produced  by  the  action  of  water  on  the  smaller  vegetable 

•  Phil.  Trans,  for  1804,  p.  399.  f  Ibid.  p.  391, 
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bodies,  which  present  an  extensive  surface,  and  also  on  porous 
and  bibulous  substances  such  as  peat. 

But  although  peat,  as  I  have  already  observed,  does  not 
contain  any  tannin,  yet  the  imperfect  carbonization  which  it 
has  undergone,  renders  it  like  the  roasted  ligneous  bodies, 
peculiarly  susceptible  of  being  converted  into  the  artificial 
tanning  substance  when  exposed  to  the  action  of  nitric  acid. 
It  would  be  useless  to  enter  into  a  detail  of  the  different  ex- 
periments which  I  have  made  upon  it,  as  they  were  similar  to 
those  already  related,  and  I  shall  therefore  only  here  state, 
that  when  seven  ounces  of  well  dried  peat  had  been  twice 
moistened,  and  digested  with  diluted  nitric  acid,  (to  the  amount 
of  rather  more  than  two  ounces,)  and  subsequently  dried,  I 
obtained  by  water  a  solution  of  the  artificial  tanning  substance, 
which  when  evaporated  to  dryness  weighed  two  ounces.  I 
am  convinced,  that  much  more  might  have  been  obtained 
from  the  residuum  of  the  peat,  had  I  thought  proper  to  have 
repeated  the  operation ;  and  I  am  also  certain,  that  less  nitric 
acid  would  have  been  sufficient,  had  the  process  been  con- 
ducted in  close  vessels,  and  with  other  economical  precautions, 
which  at  that  time,  were  for  the  sake  of  expedition  and  con* 
yenience  omitted, 

§  VI. 

It  has  been  generally  stated,  even  by  modem  chemists, 
that  the  adds  act  but  little,  if  at  all,  upon  resinous  substances. 

The  contrary  has  however  been  proved,  not  only  in  the 
three  Papers  upon  the  present  subject,  but  also  in  some  others 
which  I  have  formerly  had  the  honour  to  lay  before  this 
learned  Society. 
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In  my  experiments  on  lac,  printed  in  the  Phil.  Trans,  for 
1804,  p.  ao8, 1  have  particularly  endeavoured  to  shew,  how 
powerfully  the  acetic  acid  acts  upon  resin,  gluten,  and  some 
other  substances ;  so  that  it  may  justly  be  regarded,  as  a 
valuable  agent  in  the  chemical  analysis  of  vegetable  bodies. 
In  this  point  of  view,  it  is  as  a  solvent  to  be  the  more  highly 
appreciated,  because  it  appears  to  dissolve  the  resins,  &c. 
without  affecting  their  respective  qualities,  and  thus  by  proper 
predpitants,  diese  substances  may  be  separated  from  it  pure 
and  unaltered. 

I  am  induced  therefore  to  consider  acetic  acid  to  be  the  true 
acid  solvent  of  the  resinous  subistances,  as  it  dissolves  them 
speedily,  without  producing  any  apparent  subsequent  change 
ill  their  natural  properties. 

Sulphuric  acid  also,  almost  immediately  dissolves  the  resinsr, 
balsams,  &c.  and  forms  transparent  brown  or  sometimes 
crimson  solutions,  the  latter  colour  being  most  commonly 
characteristic  of  the  balsams. 

These  solutions,  however,  are  different  from  those  made  iii 
the  acetic  add,  by  not  being  permanent,  for  from  the  moment 
when  the  solution  is  completed,  progressive  alterations  appear 
to  be  produced  in  the  body  which  is  dissolved ;  thus  turpen- 
tine is  almost  immediately  converted  into  resin,  then  into  the 
third  variety  of  the  tanning  substance,  and  lastly  into  coal. 

Without  being  under  the  necessity  of  adducing  other  ex- 
amples, we  may  therefore  state  sulphuric  acid  to  be  a  solvent 
of  the  resinous  substances,  but  which  continues  afterwards  to 
act  on  their  principles,  so  as  to  decompose  them,  coal  being 
the  ultimate  product. 

Nitric  acid,  as  I  have  shewn  in  the  course  of  these  Papers, 
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and  likewise  on  some  former  occasions^  dissolves  the  resins^ 
but  the  progress  of  its  effects  seems  to  be  conversely  that  of 
sulphuric  acid ;  in  the  latter  case,  solution  precedes  decompo^ 
sition ;  but  v^hen  nitric  add  is  employed,  decomposition  to  a 
certain  degree  precedes  solution ;  for  it  at  first  converts  the 
resins  into  a  pale  orange*coloured  brittle  porous  substance^ 
then  into  a  product,  which  apparently  possesses  the  interme- 
diate characters  of  vegetable  extractive  matter  and  of  resin, 
and  lastly,  this  is  converted  into  the  first  variety  of  the  tan- 
ning substance,  beyond  which  I  have  not  been  able  to  effect 
any  change. 

As  coal  therefore  appears  to  be  the  ultimate  efiect  produced 
by  sulphuric  add  upon  the  resinous  bodies,  so  does  the  first 
variety  of  the  tanning  substance  seem  to  be  the  terminating 
product  aiForded  by  the  same  when  acted  upon  by  nitric  add. 
This  efiect  of  nitric  acid  has  been  already  amply  discussed, 
neither  does  it  aj^ar  necessary  that  I  should  here  repeat  the 
remarks  which  have  been  made  on  some  of  the  simultaneous 
products,  such  as  the  vegetable  adds ;  but  amongst  the  efiects 
produced  by  sulphuric  add,  the  coal  which  is  formed  seems 
to  merit  some  attention. 

§VIL 

After  the  tanning  substance  and  the  other  products  had 
been  obtained  from  the  resins,  balsams,  &c.  which  have  been 
mentioned  in  the  beginning  of  this  Paper,  the  following  pro- 
portions of  coal  remained.* 

*  The  weight  of  the  coal  obtained  from  each  of  the  above  mentioned  substances^ 
wai  estimated  after  the  complete  separation  of  every  other  product^  and  after  the 
moisture  had  been  expelled  by  a  red  heat,  in  close  vessels. 
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Coal. 

100  grains  of  Copal        -        -  -      -        67  grains. 

Mi-^ii^  f-  Mastidi        ^        •  -          66 

—   Balsam  of  Peru  -^          ^       64 

*'  Elemi        -        ^  -        -      63 

■ n^v  Tacamahac      *  1-        -        62 

'  Guaiacum      -        -        -  58 

■u    ■»     ■  Gum  ammoniac  -         ^       58 

■  ■  Amber        -        -         -  ^Q 

■p ■  Olive  oil          -  -         -      55 

■  Balsam  of  Tolu  -         •        54 

Asafoetida        ■»-  -         -      5^ 

^  Wax      -        -  -        -         go 

■  ■ Dragon's  blood  r.         -      48 

■  Benzoin  -^  -  ^  48 
--*^^...— •  Qlibanum  »  .-  -  ^ 
~-^  p"  ■  ■  Myrrh        ^        -         *  ^o 

.-^— *-  Asphaltiun        -        -  -      40 

Gamboge      *-        -        ^  31 

-— -^ Elastic  bitumen      -        -  31 

~>»-  ■!  ■  Gum  arabic        *        -  •  -     «9 

*— —  liquorice        -        -        •  «5 

— .^— ~  Manna      -       -         -  -      25 

— — f^  Tragacanth         -r          -  22 

■      Caoutchouc        -        -        -      12* 

The  coal  obtained  from  the  resinous  bodies  by  means  of 
sulphuric  acid,  is  in  a  much  greater  proportion,  than  when 

*  Caoutchouc  and  elastic  bitumen  were  only  superficially  carbonized  by  the  sul- 
phuric acid>  so  that  the  proportion  of  coal  as  abore  stated,  is  considerably  less  than 
that,  which  in  reality  might  have  been -obtained  from  them* 
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equal  quantities  of  those  substances  are  exposed  to  simple 
distillation. 

For,  (as  I  have  stated  in  my  first  Paper,)  lOO  grains  of 
common  resin  by  the  humid  process  afforded  43  of  coal,  which 
after  a  red  heat  still  weighed  30  grains. 

But  the  same  quantity  of  resin  by  distillation,  only  yielded 
■J  of  a  grain  of  coal. 

100  grains  of  mastich,  by  the  first  method,  afforded  66 
grains  of  coal. 

100  grains  of  the  same  mastich  only  gave  4^  grains  of  coal 
when  simply  distilled. 

And  100  grainis  of  amber,  when  treated  with  sulphuric  acid, 
yielded  56  grains  of  coal. 

But  from  100  grains  of  the  same  amber  when  distilled, 
only  3^  grains  could  be  obtained. 

Many  other  examples  might  be  adduced,  but  these  appear 
to  be  sufficient ;  and  I  must  here  observe,  that  the  case  Is 
very  different  in  respect  to  the  gums,  for  the  difference 
between  the  proportions  of  coal  obtained  from  them  by  the 
humid  and  dry  ways  is  not  very  considerable,  although  it  is 
always  the  greatest  in  the  former  process,  when  conducted 
with  precaution.  Moreover  it  is  to  be  remarked,  that  in 
either  process,  variations  in  the  quantity  of  coal  are  produced 
by  difference  of  temperature,  by  the  figure  and  size  of  the 
vessels,  and  many  other  circumstances. 

But  it  is  not  only  in  the  proportion,  that  there  is  so  great 
a  difference  between  the  coal  obtained  from  the  resinous  sub-, 
stances  by  the  humid  way  or  by  fire,  for  the  quality  is  alsa 
most  commonly  different ;  and  this  not  only  applies  to  the 
resins  but  also  to  ligneous  matter. 
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The  coal  obtained  by  the  humid  process  from  many  of  the 
resins,  was  shining,  hard,  and  occasionally  iridescent.  Few 
of  the  coals  obtained  from  the  same  bodies  by  fire  had  any  of 
these  properties.  The  combustion  of  the  former  was  slow  in 
the  manner  of  some  of  the  mineral  coals,  whilst  on  the  con- 
trary the  latter  were  speedily  consumed  like  charcoal.  This 
difference  I  was  at  first  inclined  to  attribute  to  a  small  portion 
of  the  acid  which  might  not  have  been  completely  separated, 
and  I  therefore  purposely  made  some  experiments  which 
convinced  m^  that  this  was  not  the  case. 

Having  remarked  this  difference  in  the  coals  afforded  by 
the  resins,  I  was  desirous  to  make  some  comparative  experi- 
ments on  wood,  and  for  this  purpose  I  selected  oak. 

1. 

On  480  grains  of  oak  sawdust  I  poured  two  ounces  of  sul- 
phuric acid  diluted  with  six  ounces  of  water,  and  placed  the 
matrass  on  a  sand-bath,  where  it  remained  from  the  begin- 
ning of  last  June  to  the  end  of  September.  Durmg  this  time, 
the  sand-bath  had  very  seldom  been  heated,  but  the  vessel 
was  occasionally  shaken. 

At  the  end  of  the  period  above  mentioned,  six  ounces  of 
boiling  water  were  added,  and  the  whole  being  poured  upon 
a  filter,  was  repeatedly  washed,  and  was  afterwards  dried  on 
a  sand-bath  in  a  heat  not  much  exceeding  300"". 

The  sawdust  appeared  to  be  reduced  to  a  granulated  coal, 
partly  pulverulent,  and  partly  clotted;  the  whole  weighed 
sio  grains* 

105  grains  of  this  coal  were  put  into  a  platina  crucible,  and 
were  exposed  to  a  red  heat  under  a  muffle.    At  the  same 
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time,  an  equal  quantity  of  ohfu^coal  made  from  thie  ^me  oak 
sawdust,  was  placed  in  another  vessel  by  the  ^de  of  the 
former.  \ 

The  charcoal  was  speedily  consumed,  and  left  some 
brownish-white  ashes,  which  as  usual,  aflbrded  alkali,  with  a 
trace  of  a  sulphate,  which  was  probably  sulphate  of  potash. 

On  the  contrary,  the  coal  formed  1^  the  humid  way, 
burned  without  flame,  similar  to  the  Kilkenny  coal,  and 
others  which  do  not  contain  bitumen.  It  was  very  slowly 
consumed,  like  the  mineral  coals  above  mentioned,  and  left 
some  pale  red  ashes,  which  weighed  2  grains.  These  ashes 
did  not  yield  the  smallest  vestige  of  alkali y  and  the  only  saline 
substance  which  could  be  obtained,  was  a  very  snrall  portion 
of  sulphate  of  potash,  which  did  not  amount  to  mpre  than  •§. 
of  a  grain ;  and  it  is  probable,  that  had  the  coal  been  more 
copiously  washed,  even  this  small  portion  of  the  neutral  salt 
would  not  have  been  obtained. 

At  the  time  when  the  preceding  experiment  was  began,  i 
also  put  4iBo  grains  of  the  oak  sawdust  into  another  matrass, 
and  having  added  four  ounces  of  common  muriatic  add,  the 
whole  was  suffered  to  remain  during  the  period  which  has 
been  mentioned. 

At  the  end  of  the  four  months,  the  renlainder  of  the  acid 
was  for  the  greater  part  driven  off  by  heat  not  exceeding 
goo".  The  sawdust  then  had  the  appearance  of  a  brownish- 
black  mass,  on  which  about  a  pint  of  boiling  distilled  water 
was  poured ;  the  whole  was  decanted  into  a  filter,  was  rem 
peatedly  washed,  and  was  afterwards  dried  without  heat. 
The  sawdust  then  appeared,  as  I  have  observed,  brownish- 
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black,  and  was  pulverulent.  It  burned  with'  some  flame, 
emitted  still  a  slight  vegetable  odour,  and  was  reduced  to 
ashes  much  sooner  than  the  coal  formed  by  sulphuric  acid, 
but  not  so  speedily  as  the  oak  charcoal.  The  ashes  had  an 
ochraceous  appearance,  and  were  almost  devoid  of  any  saline 
substance,  excepting  a  very  slight  trace  of  muriate  of  potash. 

These  two  experiments  therefore  prove, 

is't.  That  wood  may  by  sulphuric  acid  be  converted  into  a 
coal  which  in  its  properties  is  very  different  from  chafcoal, 
although  prepared  from  the  same  sort  of  wood ;  and  that  the 
coal  thus  formed  by  the  action  of  sulphuric  acid,  resembles 
by  its  mode  of  burning,  and  by  not  affording  any  alkali  when 
reduced  to  ashes,  those  mineral  coals  which  are  devoid  of 
bitumen. 

ftdly.  That  wood  may  also  be  converted  into  a  sort  of  coal 
by  muriatic  add,  but  in  this  case  some  of  the  vegetable  cha- 
racters remain,  although,  like  the  former,  not  any  alkali  can 
be  obtained  from  the  ashes. 

§  VIII. 

Four  (fifferent  solutions  have  been  pressed  respecting  that 
difficult  problem  in  the  natural  history  of  minerals,  the  origin 
and  formation  of  coal. 

The  first  is,  that  pit-coal  is  an  earth  or  stone  diiefly  of  the 
argillaceous  genus,  penetrated  and  impregnated  with  bitumen. 

But  Mr.  KiRWAN  very  justly  remarks,  that  the  insufficiency 
of  this  solution  is  demonstrated  by  iCilkenny  and  other  coals 
which  are  devoid  of  bitumen,  and  also  that  the  quantity  o^ 
earthy  or  stony  matter  in  the  most  bituminous  coa;ls  bears  no 
proportion  to  the  weight  of  them.* 

•  Gedogtcd  Essays,  p.  316b 
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The  second  and  most  prevailing  opinion  is,  that  mineral  coal 
is  of  vegetable  origin,  that  the  vegetable  bodies  have,  subse* 
quent  to  their  being  buried  under  vast  strata  of  earth,  been  mi- 
neralized  by  some  unknown  process,  of  which,  sulphuric  acid 
has  probably  been  the  principal  agent,  and  that  by  means  of  thivS 
acid,  the  oils  of  the  different  species  of  wood  have  been  con- 
verted into  bitumen,  and  a  coaly  substance  has  been  formed. 

The  third  opinion  is  that  of  Arduino  ;  who  conceives  coal 
to  be  entirely  of  marine  formation,  and  to  have  originated 
from  the  fat  and  unctuous  matter  of  the  numerous  tribes  of 
animals  that  inhabit  the  ocean. 

And  the  fourth  is  Mr.  Kirwan*s  opinion,  who  considers 
coal  and  bitumen  to  have  been  derived  from  the  primordial 
chaotic  fluid.* 

The  limits  of  this  Paper  will  not  permit  me  to  enter  into 
the  various  arguments  and  facts  which  have  been  adduced  in 
the  support  of  these  different  opinions  ;  but  the  second,  or  that 
which  regards  the  vegetable  substances  as  the  principal  origin 
of  coal,  seems  by  much  the  most  probable,  because  it  is  cor- 
roborated by  the  greater  number  of  geological  facts,  as  well 
as  by  many  experimental  results.  Most  of  the  former  have 
however  been  stated  in  different  works,  and  I  shall  therefore 
only  notice  a  few  of  the  latter  which  have  occurred  in  the 
course  of  my  experiments. 

The  observations  of  Dr.  Correa  de  Serra  on  the  wood  of 
the  submarine  forest  at  Sutton,  on  the  coast  of  Lincolnshire, 
together  with  many  similar  accounts  which  have  been  pub- 
lished in  the  Philosophical  Transactions  and  other  works, 
demonstrate  in  the  most  satisfactory  manner,  that  whether 

•  Geological  Essays^  p.  327. 
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vegetables  are  totally  or  partially  buried  nnder  the  waves  or 
under  the  earthy  they  are  not  merdy  by  such  means  con* 
verted  even  into  the  most  imperfect  sort  of  coal.^  Some 
process  therefore  uidependent  of  these  circumstances  must 
have  taken  place,  in  order  Uiat  the  vi^petable  sidntances,  such 
as  ligneous  matter,  rem,  oil,  &g.  should  beoime  coal  and 
bitumen. 

In  a  former  Paper  I  have  endeavoured  to  shew,  that  these 
changes  are  progressive,  and  havifig  n6ticed  the  perfect  state 
of  the  submer^g^  wood  at  Sutton  and  other  jJaces,  I  next 
described  the  qualities  of  the  differei^  kinds  <^  Bovey  coal, 
which  exhilnt  a  series  of  g^duid  changes  from  bodies  which 
retain  the  vegetable  structure  and  texture,  although  imper- 
fectly carbonized,  to  odiers  in  whidi  almost  the  onnplete 
characters  of  the  common  mineral  ot  pit-KX>al  are  absolutely 
established. 

From  the  alder  leaves  in  the  schistus  from  Iceland,  I  ob^ 
tained  extractive  vegetable  matter,  and  although  thi$  was  not 

*  In  my  Paper,  «<  Oh  tbe  Change  cf  swu  i^ ibe  proximate  Principles  of  Vegetables 
**  into  Bitumen,*'  I  hare  quoted  the  remarks  of  BiaoM an,  Voh  Teoil,  and  others, 
on  the  compressed  state  of  the  tnpnks  of  the  trees  wluch  have  been  conrerted  into 
surturbrand,  Borey  coal,  and  stnilar  svbstanocs.  The  same  obsenratkm  has  been 
also  made  by  Dr.  Corrba  di  Serra  respccdiq;  the  timber  of  the  submirine  forest 
at  Sutton ;  and  this  is  the  more  remackable>  as  the  tnbmcrged  vegetables  at  Sutton 
do  not  exhibit  any  appearance  of  carbpnizatioii. 

Dr.  CoRREA  says,  '*  In  general  the  trunks,  branches,  and  roots  of  the  decayed 
^  trees,  were  eonsiderabfy  Jlattanei ;  wUch  is  a  phenomenon  observed  in  the  surtur* 
<'  brand  or  ftssil  wood  of  Iceland,  and  which  Scbevchzbr  remarked  also  in  the 
'^  IbssU  wood  found  in  the  neighbourhood  of  the  hke  of  Thon,  in  Switzerhmd/'  . 
Phil.  Trans,  1799,  p.  147. 
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afforded  by  the  varidEfes^tf  Bov^y  Qoad,  yet  these,  a^  writ  as 
the  aider  leaves,  and  aik)^a  doal  like' that  bf  BoveyvFoimdin 
Sussex,  at  Nfewick  Park,  (*»  estate  belonging  to  Sir  Elijah 
Impey,)  and  also  the  surturbrand  of  Iceland^  yielded  some 
resin,  whlch^at  Bovey^is^likewiae^  found  in  dfednct  masses^ 
Irltermii^d'^ith  the  stfatii  o£  coat,  and.  combined  witihi  a»* 
phaltum,  in  the  proportion  of  about  41  parts  of  the  latteSr  with 
S5  of  reshi.*  '  '  * 

Now,  eitclusive  of  1^  0thet  v^g^tabte  characters  which  are 
so  evident  m  many  <:if  the  v»i^e«  of 'Bi»^  coalr,  of  the 
Sussex  coaf,  €^suMt«[*b9rttld,  &c.  &c.  the  pretwneedf  remi  mast 
be  regarded  as  a  fctrofig  Jdct';  ibr  this  subsfiatice'ha^  always 
been  attributed  to  the  organteed  bodies,  paiittcttiarly  to/tkose 
of  the  vegetable  kingdom*  2(nd  I  d^otibt  kHawc^'Oiiy  iiisti^inee, 
previous  to  my  own  e5CpeiSlnGrits,  fri  wkteh/tdaki  hiid^b^ 
discovered  as  constituting  part  of  any  of  the  diffewwt  spedes 
and  varieties  of toal.  *v        •   '    . 

FnHti  the  external  K*getabte'fch»atte»  po^^esxA  by  the 
Bovey  coal,  the  Sussex  coal,  the  surturbrand,  and  many 
otliers,  together  with  the  resiu,  (allowed  to  be  exclusively^ 
vegetable  substance,  or  at  ieajst  one  which  only  appertains  tp 
the  orgarazed  natural  bodies,),  theve  cannot  be  any  doubt, 
that  such  coals  have  been,  formed  from  wood  and  other  sub- 
stances belonging  to  the  vegetaWfe  kingdom. 

But  some  miueralo^sts  attempt,  tp  draw  a  line  of  separation 
between  the  coals  above  meiirtiQned  and.  the  others,  whicli 
therefore  they  call  tb^lruis  miQoral.&oak. 

•  Observations  on  the  Change  of  some  of  the  proximate  Principles  of  Vejet^iblcs 
into  Bitumen.     Phil.  Trans.  1804,  p.  405. 
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Thw  opinioh ' miy In  some ^egfeerbc Trfutsdeifenfrdm  the 
Specimens  atflorded  %  th^  Bcnrey  coal-j^ite/  \vii«re,  as  I  have 
observed,  a  regulaf  gradafdon  iriay  be  8ten.ft«|m  itood  whiot] 
i^  but  v^ry  inlpefirfectly'  carbcffiiked^  ib  tiieUiibstaftce  called 
dtone  coal,  which  In  evety'r^^iedtf^clppeairs  to  be  iinost  nearly 
ff^not  !absokrt6ly  ^imilur  to  diie  conmitfti  "ptt^^oalci*^  « 

ft  may  hoWeVer  be  objected,  that  such'^  transitioti  is  pecu- 
liar to  this  artd  similar  plac^Bj  and  that  the  pit-^oal  found  in 
btheif  situations,  whei^e  Mthitig  resembling  die  Bovey  ooai 
can  be  discovered,  is  in  ricilily  of  d  didS^rent  nature. 

Alrt  this  objection  I  thiftk  nwy  be  answered  by  tiie  results 
of  those  experiments  bit  pit-<to^,  Caiaiel  onal,  and  asphaltum, 
\vWchIfeave  related  in  the  thitd  «4Jotidn  tff  this  Paper ;  for 
when  these  yr^te  sulijected  to  tho'aietion  of  nitric  acid  not 
too  long  conthnied,  it  was  found,  that  tile  add  first  dissolved 
the  principal  part  of  the  carbonaceous  matt^y  ^lid^  if  then  the 
process  wte  stopped,  there  remidned  a  st;AM9nce  in  a  jfro- 
farVibn  edrreisponding  to  that  of  tile  iMtumeh  «Mier  in  the 
pit^coal,  or  principally  formirig  the  CEUihdl  coal  iand*  asphalt 
tiim,  wWch  although  not  absolutely  in  the  state  of  resin,  wa$ 
however  in  a  state  intermediate  between  it  and  the  vegetable 
extractive  matter. 

Moreover  I  have  st2iteAy  that  imder  i^ifiilar  circumstances, 
a  substance  possesOTig  in  a  great  measure  iflie  same  properties, 
may  be  obtJeined  from  the  known  vfegetable  r^tis  by  the 
action  of  nitric  acid. 

yffhtn  therefore,'  these  factar  are  added  to  tltot  of  t^ 
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natural  mixture  of  resin  and  asphaltum  which  is  found  with 
the  Bovey  coal,  we  to  all  appearance  have  almost  positive 
proof  that  the  pit-coals  are  of  vegetable  origin. 

True  it  is  indeed,  that  bitumen  has  never  been  formed 
by  any  artificial  process  hitherto  devised,  from  the  resins  or 
other  vegetable  substances.  I  have  myself  attempted  it  in 
various  ways  without  success,  for  although  I  occasionally 
obtained  products  which  resembled  it  somewhat  in  odour 
when  burned,  and  other  properties,  yet  the  effects  of  alcohol 
or  water  always  proved  these  products  not  to  be  bitumen. 

But  synthesis  of  natural  products,  aldiough  required  in 
strict  chemical  demonstration,  is  (as  we  have  but  too  often 
occasion  to  know)  seldom  to  be  attained,  especially  when 
operations  are  performed  on  bodies  whose  onnponent  parts 
are  fiaUe  to  an  infinite  series  of  variations  in  their  proportions, 
qualities^  and  mode  of  combination. 

Considering  therefore,  that  bitumen  and  resin  afford  by 
certain  operations  similar  products,  that  resin  and  bitumen 
are  found  blended  together  by  nature,  and  that  this  mixed 
substance  accompanies  a  species  of  coal  which  in  many  parts 
still  exhibits  its  vegetable  origin,  whilst  in  others  it  passes 
into  pit-coal,  we  may  with  the  greatest  probability  conclude^ 
that  bitumen  is  a  modification  of  the  resinous  and  oily  parts  of 
vegetables,  produced  by  some  process  of  nature,  which  has 
operated  by  slow  and  gradual  means  on  immense  masses,  so 
that  even  if  we  were  acquainted  with  the  process,  we  should 
^roely  be  able  to  imitate  its  effects,  from  the  want  of  time» 
and  deficiency  in  the  bulk  of  materials. 

But  although  bitumen  cannot  at  present  be  ardfidally 
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formed  from  the  resinous  and  other  vegetable  substances  by 
any  of  the  known  chemical  processes^  yet  there  is  every 
reason  to  believe^  that  the  agent  employed  by  nature  in  the 
fbrmatkm  of  coal  and  bitumen  has  been  either  muriatic  or 
Adphuric  add ;  and  when  it  is  considered,  that  common  salt 
is  never  found  in  coal  mines  except  when  in  the  vicinity  of 
salt  springs,  whilst  on  the  contrary,  pyrites,  sulphate  of  iron, 
and  alum,  most  commonly  are  present ;  *  these  facts,  together 
with  the  sulphureous  odour  emitted  by  most  of  the  mineral 
coals  when  burned,  appear  strongly  to  evince  the  ag^icy  of 
the  latter.  That  this  has  been  the  case,  seems  also  to  be 
corroborated,  by  the  great  resemblance  which  (as  has  been 
pre^ously  stated)  the  coals  formed  artificially  from  many 
vegetable  substances  bear  to  the  mineral  coals,  especially  as 
the  simikrity  IS  not  confined  to  external  diaracters,  but  extends 
to  odier  properties; 

By  the  action  of  sulphuric  add  on  vegetaiik  bodies,  a  much 
greater  portion  of  dieir  carbon  is  converted  into  coal  than 
when  the  same  are  subjected  to  the  effects  of  fire. 

Several  examples  respecting  the  resins,  have  been  men* 
tioned  in  the  sevendi  section  of  this  Paper,  and  the  re* 
suit  of  the  experiment  made  upon  oak  perfectly  accords  with 
them. 

Mr.  PROtrsT,  in  die  course  of  some  comparative  experiments 
on  the  proporticms  of  charcoal  afforded  by  diflferent  kinds  of 
wood,  obtained  so  per  cent,  from  green  oak,  and  i$per  cent^ 
from  heart  of  oidc.-t 

^  KiRWAii't  Geological  Essays,  p.  3x4. 
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mo  grains,  or  about  4S  p^  ceiit,  <)f  i?Ojil,  wb^h  burned  not- 
like  the  ehermal  ob&uned  fjum  th?  sitine  woo4,  but  Uk^ 
loarty  ef  die  in«»ral  coiaU ; ;  and  ikh  wr^  al?<?  obseiryed; W  tb» 
combustion  of  the  greater  part  of  th«  «Jo»l6.<>b^awedJto:.<b« 
humid  way  from  reMnow)  substances, 
,  The  experiment  on  03k  al$o  appearfi  to  refute  another 
objection  to  the  vegetable  origin  of  plixjoiil,  naro<?ly,  thje  total 
ahsenoe  of  the  alkalis,  which  on  the  watxwy  are  ao  coii9t^tly 
obtained  from  the  ligneous  parts  of  vegetable^  by  cpmbu^tioi^.^ 
fiut  I  have  shewn^  that  when  these  bodies  «re  carbonized  in 
the  humid  way  clAer  by  muriatic  or  by  suljrfiuric  ai^>  not 
any  alkah  can  be  obtained  from  tfaa  ash^a  of  coak.  si)  fornjed^ 
and  this  aeema  also  to  be  a  farther  proof,  that  th^  hmmd.  way 
has  been  employed  in  the  operations  of  nature  to  coifvat  ^ 
above  mentioned  substances  into  pit-coal ;  for.  supposing  fir^ 
to  have  been  the  agent,  it  does  not  appear:  oasy-toiconffiive 
how  the  alkali  couid  have  been  ti«9troy«id  OF  sopwMlbiedit .     . 

•  kiRWAK^s  Geological  Essays,  p.  jao.  "^     , 

t  Some  have  attempted  (o  account  for  the  absence  of  atkall  in  the  B0M7  coal  and 
coiniiioii>pit-€oel>  \^  <uppos^g  that  ifae  vegetaBIa  tMkfr  (tea(i\nh9h^hf»e  ban 
been  formed)  were  previously  deprived  of  alkali  by  simple  lixiviation  durin||^  thflU 
iaipiersicfn ig, water*  ^utw :g^fia^'JtOi thv Papprt ^^avc,;^pj¥n4]^^l\f<^ba9ieyrged 
oak  of  Suttonj  althot^h  deprived  of  its  tapnin,  stiU  retained^  it$^potash>  whicji  cer- 
tainly would  not  have  been  the  case  if  the  latter  like  the  former  cduld^ave  been 
separated  from  the  wood  by  mere  solution.  When  wood  Is  reduced  to  ash'es>  the 
alkali  becomes  completely  denuded  by  the  destruction' 'bf'«fhe  #<>eU)^  fior^j  wnA 
consequently  may  be  immediately. taken  up  by  watery  b^t  .when  wqpd^  is  converted 
into  coal  in  the  humid  w^  by  m^^ns  of  an  acid»  then,  it  Sfcms  tQ  n^e .ihp  two  effects 
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.  Every  ciiimna^avie  seems  therefore  to  support  tlie  typhiicna 
of  those^^hO/Cptwider  the  pit-coals  a*  baring  been  farmed  in 
the  humid  way,  principally  from  vegetable  bodiesr^  and  mqst 
{M-obably  by  the  agency  of  sulpfauric  add;  and  allowing' that 
animal'  substantes  may  al;Jo  have  contributed  to  t^  productkxri 
of  c©al,  yet  thi«<^.woald  uot  Militate  against  the  above  'raenr 
tioaM^  opinron,  asr  the  e^cts  produced  upon  tbem  ly  that 
acid  would  in  all  thiei  edsendai  points  be  perfectly  similar.^ 

An  iii^ry  hko  the  natupe  and  formation  of  coal  was  my 
first  object  When  I  itteeovered  die  artificial  tannings  swbsriaftcev 

take  phoe  i  .hr  the  'mbmtet  txmVirm'ipn  of  tfare  alkaK  with  t\c  woody  fibr^liBOvm^ 
ia  ft  gt^htf^mre  dest^qy^i  hy  tkfi^carboaizatiou  of  the  latter,  whilst  a  simultanecms 
action  arises  in  the  .affinity  between,  the  aci4  ajnd  the  alkali;  so  that  jif^coalM'  bee(i 
formed  by  such  tneans,  the  alkali  must,  have  been  separated  from  the  wood  in  the 
state  of  a  dissolved  neutral  salt, 

•  Froov  t^  oatuse  of  the  experiments  whidi  have  been  rnUtgd  in  this  V^er$  I 
have  wiMvo^dftbly  been  induced' to  .notice  tomm^yi  Ifac  different  mjpitm^i  oni  the 

formation  of  coal  by  the  humid  way ;  but  I  did  not  intend  to  bai|r  kn^twnedarvp  of 
idntewbttblivr  bQC9»br«B^hfcft^wa^d^]A'^Mt)tK  1^  ianhediftte  OPdndiretfi^atttion 
.•of  iitc^as  £oRi|i wbhed  tBcitpitt».niy  sgntifnentf^Tec^aOrinj^  the  modf  ^oMBf^of  tfte 
former  opinions. 

Sinofhowerct  thi*  'Paper  was  written  and  partly  rearfbefftrc  the  Koyal  iSorfety,  I 
have  been  fevoured  bySii*  JamM  HaeI,.  wffli- a"  copy  of  his  Paper,  fhtltted 
*'  Account  of  a  Series  of  S^tpMments  sbhtntg  tbe  ^ects  of  Compression  'm  modi- 
^Jj'»^  ^^^  'Jetton  ofBeaff^khd  f  am  fliHy  bt  opinion  that  the  scren'tifi'c  world 
has:  Tjor  for  a  long*  time  recehtd"  any  communication  of  more  Importance,  or 
rrt  wfxich-  more  accuracy,  ability,  ^nd^  pers^erance  have  been  displayed.  The 
effectywhicft  Sir  Jamfs'Hali!  hasr  produced  on  eafbonate  of  finief  by  heat  acting 
wrider  compression,  certainly  removes  a  great  arid*  at'  one  rirfic  apparently  Insiir- 
mouhtabfe  cbrtade-  to  the  Huttcnma*!  bt  fltr*/<)ktAN"*tHVo^,  ahdif'they  do 
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and  considering  the  importance  of  the  latter,  it  wiU  not  appear 
surprising,  that  it  should  immediately  have  engaged  the  prin- 
dpal  part  of  my  attention. 

In  addition  to  the  experiments  which  have  been  related  in 
the  three  Papers  upon  this  subject,  I  intended  to  have  decom- 
posed the  different  varieties,  to  have  compared  their  gases 
and  other  products  with  those  of  the  natural  substance  called 
Tannin,  and  especially  to  have  endeavoured  to  discover  more 
jsoonomical  methods  of  obtaining  the  artificial  product;  for, 
exclusive  of  speculative  science,  this  appears  to  be  an  object 
of  consequence,  not  only  respecting  that  useful  and  valuable 
branch  of  manufacture  to  which  it  immediately  relates,  but 
also  as  the  means  of  preventing,  or  at  least  of  diminishing, 
the  premature  destruction  of  timber  in  a  country,  where,  on 
account  of  its  population,  as  well  as  on  account  of  its  maritime 

not  sotwt  tht  grand  geological  pn>blem»  thqr  moit  even,  in  an  insulated  pmnt  of 
▼ie«r,  be  aUowed  to  have  opened  a  aeir  and  unexplored  fidd  of  research  in  chenustry 
as  wcU  as  in  gedogjr. 

In  the  8^  section  of  thti  raliiabk  Paper»  the  author  has  giren  an  aoeoont  of  aooK 
ej^ieriments  made  on  leather,  horn*  and  fir  sawdnst»  frem  which  he  obtained  coal 
which  bnmed  with  flame,  and  which  apparently  resembled  some  of  the  mineral  coals. 
In  one  case  also,  he  obtained  a  substance,  which  in  external  characters  appeared 
somewhat  similar  to  the  mixture  of  asphaltom  and  resin  found  at  Bovey,  to  which  I 
have  given  the  name  of  Retin-asphaltum.  These  experiments  Sir  Jambs  Hai*l 
intends  to  resume,  and  it  is  mjr  earnest  wish  that  be  would  do  so ;  for  although  I  am 
strongly  inclined  to  believe  that  the  minerd  coals  have  generally,  if  not  always,  been 
formed  by  some  humid  pOKeis,  yet  it  is  impossible  to  foresee  the  results  which  may 
be  obtained  from  animal  and  vegetable  bodks  subjected  to  the  effects  of  heat  modi- 
fiedby  oompiMdon*  as  the  principles  of  these  bodies  may  be  acted  upon,  and  may  be 
made  to  vB4ict  w  twdk  other*  ander  circumstances  which  until  now  have  not  been 
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posittou^' ifineryiecimcmiy^'to  such  an. artidbrdhaild  be- mast 
Hgidlyt obserirjec).  -  \    ;  >  \-  .::  >  ^^^\L   .  /,    , 

-  ^fiut  fop:the;(p»sentv,  I  mfeend  to  relinquish  ithis  subject  .to 
such  as  may  consider  it  worthy  of  attenikipn;  whilst^  as.  I 
have  already  stated,  I  entertain  very  sanguine  expectations, 
that  eventually  it  will  prove  economically  useful ;  and  should 
any  be  inclined  to  pursue  the  inquiry,  I  would  recommend 
particular  attention  to  those  processes  which  relate  to  the 
roasted  vegetable  substances,  and  to  peat. 

Almost  any  refuse  vegetable  matter,  such  as  twigs,  dead 
leaves,  &c.  will  serve  for  the  former ;  whilst  the  latter,  as  I 
have  shewn,  does  not  require  to  be  roasted,  and  in  many, 
especially  the  northern  counties,  peat  is  found  in  such  abun- 
dance, that  but  a  small  proportional  quantity  is  consumed  in 
the  only  useful  way  to  which  it  has  hitherto  been  applied, 
namely,  fuel. 

Before  I  conclude  this  Paper  I  shall  also  observe, 
that  the  experiments  which  have  been  described,  must  be 
regarded  only  as  a  mere  sketch  of  that  which  may  be 
performed,  whilst  the  facts  which  have  been  ascert^ed  re- 
specting the  resins,  balsams,  gum  reskis,  and  gums,  serve 
to  prove,  that  much  may  be  expected  from  regular  che- 
mical examinations  of  these  bodies.  But  such  investigations, 
in  order  that  science  may  truly  be  promoted,  should  be 
strictly  regular :  that  is,  they  should  not  be  taken  up  in  a 
desultory  manner,  but  these  substances  should  be  compa- 
ratively and  systematically  examined  with  all  the  accuracy 
which  can  be  employed  in  the  present  state  of  chemical 
knowledge ;  for  as  this  knowledge  concerning  the  composition 
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of  organised  bodies  is  confessedly  very  imperfect^  I  am 
persuaded,  that  like  other  of  the  sdences,  chemistry  vntl 
be  less  liable  to  errcMr,  when  ginded  by  comparative  experi- 
ments, and  comparative  analyses. 
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Vn.  The  Application  (jf  a  Mtthtd  tif  lirfferences  to  the  Species 
of  Series  whose  Sums  are  obtained  by  Mr.  Landen^  by  the  Help 
of  impossihle  Quantities.  By  Mr.  Benjamin  Gompertz. 
Communicated  by  the  Rev.  Nevil  Maskelyhe,  D.  D.  Astro-- 
nomer  Royal,  F.R.S. 


Read  February  13, 1806. 

Having  some  ye^s  back,  wh«?i  reading  the  learned  Mr. 
Landen's  fifth  Memoir>  <liscov€red-the  mqmner  of  applying 
a  method  of  difFereHces^lo  thp  ^^cies^ojfis^^s;  whose  sums 
are  there  obtained  by  the  help  of  impossible  quantities,  and 
having  since  extended  that  application,  I  now  venture  to  offer 
it  to  the  consideration  of  others. 

The  practice  of  this  method^  ki  nif>st  cases, .appears  to  me 
extremely  simple ;  and  on  that  account,  I  am  almost  induced 
to  imagine,  that  they  have.  already^(>een  considered  by  mathe^ 
maticians ;  indeed  since  the  greatest  part  of  this  Paper  was 
written,  I  met  ynXh/EvLEn's-  Institutiones  Calculi  integralis; 
two  simple  series  are  in  tihat  work  summed  by  multiplicatioris 
similar  to  those  employed  ift  thet  investigation  of  the  principal 
theorems  contained  in  Ais  Paper;  but  whether  that  learned 
mathematician  has  farther  pursued  the  method,  in  that  or  in 
any  other  work^  IhaVe  not  as  yet  been  "able  to  ascertain* 

I  have  purposely  considered  some  of  the  series  summed  by 
Mr.  Lakden,  to  afFcfltd  an  opportuilil^  of  ocHiifparing  both  the 
results  aad  mstfaods;  and  because^  series  iifii^  have  parti* 
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cular  cases  in  which  both  Mr.  Landen's  means  and  my  own 
fail :  I  have  added  towards  the  end  a  general  sdiolium  con- 
cerning the  cause,  circumstances^  and  consequences  of  sacb 
failure  in  my  methpd* 

The  foundation  of  the  theoiiems  depends  on  the  following 
well  known  lemmas. 

No.  I. 
s  sine  of  vz  .  sine  of  tz,  is  equal  to 
COS.  oft^-v.z  —  COS.  of  r+T . z. 

No.  XL 
ft  sine  of  vz .  cos.  of  tz,  is  equal  to  ! 

sine  of  F+w  .  z  — ^  sine  of  t  —  v  . «,  or  ^ 

sine  of  J+T •  z  +  sine  of  v^^t . «.  • 

No.  III. 

ft  COS.  of  vz .  COS.  of  tz,  is  ^ual  to 
.  COS.  qf t-^v .«  +  ^^  oft  +  v . z.' 


TheoremL- 
If  there  be  an  infinite  series  a .  sine  otpz^-^-  b .  sine  of^-fg.  z, 

+  € .  sine  of /-f*^.  •  ^j+  ^ •  sine  ofp+^, .  ;r  &c.  ==  5, 

and  frorti  the  $enes  a,   b,.c,d,  e,  f,  .&c.  there  be  conti- 


nually formed  new 
series 


a,  a!,\f,  (f,  df,  f',  &c.^ 
&c.  &c.  &c.  &c«  fcc.  ^c.  fcc« 

Every   new  series^  \beiRg::  formed  fr<km.. that  immediktely 
above,   by.  taking  the  diij^erences.  of  jtl^eitermo^  iexactly  in- 
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e:teept  that  cthe^  .here  ceptimialjy  commence  mth  the  'ik-st 
tern,  a^  ^^^i^^be  9^t;;iiip:^^^^,py.::^p'^^^ 

^".  asipe  of  ,^z^s"'.jTr-s"' .  a  a^le^of  4s^3b:5*^^^c.   .'Jfhen  shall, 

^  .skK&ofp('t^a'\  sirievof ^'4-^  :x+K'.a|^e  crfj^"  -4-  a^5i&c.:i=:^ 
a .  COS.  df^^'sHi-a"'.  cbs.of/^^+^.5;+6'''*cps.  0fp^^x&6fkp^s% 
*.  8ineof^;^+a^.  smeoj^^^ .  z+tf'.  sine  df/^^-f-a^.»&c.=i^«^, 

'^       &C,  +  &€,+  tScC,      '  ,    '  =sr,&C. 

For,  multiplying  the  series  a  .sine  of  pz  -f  *  •  sine  of  p-^-q  . « 
+^.sine  of  ^^^  .)r  &c:  rs^jljy  tt.  sine  of  ^qz'hy  lemma  No.  I^ 
we  geiy  a .  Cos;  of  j^—^  .'z  —  a  "  cos.  of^  +  2^  2:  +  ^  •  cos.  of 
^+2?  •  ^ — ^  •  ^s-  ^r^+3  •qZ'^c  .COS.  of  p  +  ^.qz—c.  cbs.^ 
of  ^+ 1^  .  ;r  &c  =  i .  s  sine  of  ^^;r  .\  putting  b^^assia',  c-^B 
tstV^  d — c=:t?,  &c.  p—-^i=ip\  s  .2  sine  of  ^z=:s^  we  have^, 

a  .'cos.  of  p'z^af.  cos.  of V 4-^.  ir+ft'-  cos.  of  ^''-f^?/  ^+^^- 
COS.  of  ^  +39  .  z  &c.=r5',  multiply  this  by  2  sine  of^z  by 
help  of  lemma  No.  11.  and  we  have  — \i  sine  ofp' — -^  •  ^+^ 
smeiof  j^4-  |:5U2r~a' jsine  ©f?H^:«+^-  sine  of/^+i^;«— 6^ 
sine  ofp^+^.z-^V  sine  of  j^+f^-^ — ^'  ^^^^  ofF+li-*+^' 
sine  of/>'+^-;K  &c.=:5'.2  sine  of-^z,  put6' — a'=ui^^y  d — h';=b'/^ 
d'^^ssdf^  /$cc.  /'-^  |y=/>",:and— ^'-.  2  sine  of  |^2;=a:",  and  we 
have  a  sine  of  p^z-^aff  sine  of /?^+^  :  r-f-i''  sine  of  f*-^^  .  ^' 
&c•=:;.5'^  and  because  this  is  exactly  simMar  to  the  original 
equation,  (if  we  put  a",  6",  i:",  &c.  for  6,^,  J,  &c.  ihtha:t,  and 
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ff'  mAs"  for  p  and  «,)  it  foUowi  thiit  i£  weimt  t"-Hi"«=a*», 

that  we  shall  have,  tf  €os,  iff  fz^a*"  ooa.  ic^p^^.z-^h", 
COS.  of  p"*-{-iq.z  8cc.=±r^'',  which  is  exacdy  simikB"  to  the  se- 
cond equation ;  (if  of",  V",  c"\  &c.  ^'"  and  ^'^  be  written  for 
afff,  d,  &c. ^'and  / in  that,)  abd  therefore  pirttingi&"'-T^"«<t«», 
e"'^bf"=9lf',  df"^c'"a=c*^  &c. p'"— iq=p^\  —s"'.  s  sine  of  ^qz 
psw",  we  get  n  sine  of  p^^x+nf^  sine  off^^-^q .  *4-i^*.  sine  o€ 
j^^iq. . X,  &c.sa^,  again,  ^milar  to  -die  firsts  )>3r  putting  al\ 
A»',  <;*%  ^'p^\  *'*  in  th3>t  equaticm  for  6,  c,  ^f,  &c.  ^  and  *,  and 
i^us  do  we  continually  get  equations  in  form  similar  t9  the 

ji  first  and  second  equations  QED. 

^  Cor.  I.  5"=»  -T-jt',  9  sine  ctf  ig«?=»  — *  .asineof^sf,  9"*^'^ 

•  sine  of  ^s?  =  •-»/ .  a  sine  of  i^sTf^s  —  s  .  s  sine  of  ^x)*, 
ji»=  —  j'''. «  sin^  of  ^z=is'.  &  sine  of  f^*=^  •  «  sine  of  fj^il*, 
and  in.  general  put  ;(')  to  represent  the  «th  successive  value  . 
of  5,  and  we  shall  have  s(')=^±s'.  s  sine  of  -l^a^'-'ss:  +>. 
s  sine  of -f^^  ,  the  upper  si^to  be  taken  when  ^r  being  di- 
vided by  4  leaves  o  or  i,  the  under  when  it  lea;ves  s  or  3. 
*th  succesave  value  of/==^— «•.  -J^,  note  the  values  s^,  s",  s"', 

&c  I  call  sucoessive  aums  (^5,  and  5sp  ±  '        y     '  ^  4- 

~  2  sine  of  Iga'  — 


a  sine  of  -f^zj 

Cdfvllofy  u.  If  A,  B,  C,  &e.  A',  B',  C\  &c.  A",  B",  C?',  Sec. 
&c.  be  put  for  the  sexies  of  the  ist,  %d,  ^d  differences  &c.  of 
the  series  a^  b^  c,  &c.  taken  according  to  the  common  jne^iod 
of  differences^  ive  shall  have  the  series 
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tf,  a*,  V'y  dy  &c.  the  samie  zk  the  series  a.  A,  B,  C,  D,  &c 
fl,  tf",  6",  </',  8cc.  -  -  -  «,  4",  AS  B',  C,  &a 
tf ,  a"',  6"%  c"',  &c.  -  -  -  tf,  (I"',  [»"S  A",  B",  &3C. 
«,  tf*»i  i*^,  !*•,  &c.  -  *  -'  4,  tf ',  6»*,  tf*»,  A'",  &<J. 
Axr>>A!c.^;^.&(l      -    :  ^  &c.  &ej  &c.  &c.  &€.  &c» 

Thi^  is^-4^vident  -by^ttaking  idle  differences  by  both  methodsy 
and  comparing  them. 

Cor.  III.  Likewise  if  A,  B,  C,  &c.  A',  K,  C,  8tc.  A'S  B'S 
C,  &c.  &c.  be  put  for  the  series  of  ^e  1st,  ad,  3d,  &c.  dif^ 
ferenees  of  the  series  a,  of,  6*,  /,  &c.  foiuid  by  the  cioimnon 
method  of  differences,  th^i  shall  the  series 

tf,  «'S  t",  c",  dl',  &c.  aa  tf.    A,.  B,   C,    «tc. 

a,  cT,  If,  ir,,c^,{m:  as  :«,   <f ,  A',  B^  &c. 

a,  «*',  If",  ^',  rf«',  &c.  =  a,   a»*,  6*%  A",  &q, 

&c.  dec.  &c.  &a  &c.  &c.  &c.  &c.  &c.  &c.  &c. 

These  tluagpsr  bewig  known-,  we  diall  noW  propose  some 
^Simples  of  their  use. 

JSxan^e  1.    Required  the  staa  of  thEFBi^tite  series  ttee  of 
/«4-  ^e  of/+^.2^f  sine ofp-^sqg-^  one  of/+gg.«  &c. 
Here  «,  6,  t,  &c.s=i,  1, 1, 1, 1, 8cc.  "itherefore  s*  or  s.2  sine  of 

tf,«',6',&C.=l,  O,  6,  O,  O,  &&.  J'l^^ssCOS.  0f^'«i=:G0S.  of 

*tri^«  •  the  sum  *— 222:^2fi3i 
p—tqx  . .  me  sum  s=  -735^^^^- 

Gw:  I.   If^  and  ^  were  each  s=i,  we  shduld  have,  sine  of 

x+  sine  of  a«+  sine  of  32?  &c.=  ^^Jl^  s»i  cotangentoff*. 

Cor.  II.  If^  Wi^resalg,  we  should  have  sine  of /£-{(- snte  of 
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.:.,^f^Ph*>^ffm^^?m^  flf  teJpM^^rie?»  o^s.  of  «» 

j^Ec^e  ?|Titjng  «•  iiT'^cbroom  ofpLwe  have  ,/^  /'^  ^"V^  /"  ,. 
i?»^>^,  /,  ?«^=»1«,V»  1, 1,  &c.  Itherefore  s^f,fsr^-^s[j^sfn^q£ 
^•/C.%K' i.^ix^'?!'»-ij9,  o,  o,&c.  ]^z  =  sinft,$»f.^ig!?cH§.«J^;Off 

Cor.  I.  If  «=:X^,  we  shall  have  cos.  oFid?4-^iC(JS:  of  sJTr% 

cos.  of  3«X  &C.=:'.:^-^^^^.k:ri^l.:<r,  ■  .;    ;'  ^  v.  !•  .  ••.-.«.• 

Exa$nple  Qi  RSquuted  the  sam  crfVthe"infihke  stries,  sine  of 

n»4-4  siiTC  dfin^.Jt-f  9'^n^^f  «^5^'-'J^4-4<'  siile  6fn^^.z 
&c.    H6fey{;4«/''^  .">*    .•-     --=     .'-  /'V.  ."'.  ,">  '•■.,  /.> 

and  <ii'*^J  cY4y  &c.:^,  4^9, 16,  «5,%c'.'Jtft^refdre  i'^or^  ^ . 

t'.   ;.#,*T»ii%'.^^i8(ttrtP»lj.l'ji0<f;/5ii  -iCU&C;!  'M^iilco;^  dfW~'^^  r 

^^-'  -V;.  f4^t6s'bf^3ri5H2;i,d-iher^^  A2-. 

C^Iv.If.«=ia  we  have,  sin^-offi«4-4  sine  of  Sff«+Q  ane 

.-;    ,  •,             ;  •  =rrt,  nlU''.  'Ml)   ■  .   .:\.^    — '^^  *     ___         **         '  " 

r  lll-l    iii-,'  COS.  of  — 2iig4' COS.  of  awr+i 

YeTs^^py^^nf^yj^f»gf.>ttl  •■-■■•■    ._  .......    , ,.  ..  ,^.  ,,,      .,    . 

2  sine  of  nx|  •  ^ ''  '•  '  ' 

)'j  0W-:  if.  1?<«'aa^,'^fe'lshkU'l!^Vfe'/  stale  of  '«*+4''^'  of  ^«» 
because^  cos.  of  —  na?  =  cos.  of  +  »x?.  ^  ' 
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Scholium  1.  It  is  evident  from  Cor.  ir.  and  nr.  Theorem  I. 
that  if  the  coeUicients  of  the  anes  (a,  6,  c,  &c.)  or  of  the  co- 
sines ( J,  a\  y^  c'y  &c. )  be  such  that  any  order  of  differences 
taken  according  to  the  common  method  becomes  =  o,  we 
shall  theh  have  the  corresponding  value,  of  the  successive 
values  pf  S!,s!,  s*\  &c.  expressed  in  fii;iite  terms,  and  we  shall 
consequfehtly  get  the  value  of  the  series  sought  expressed  in 
finite  term$,  and  likewise  all  the  intermediate  values  of  s\  s'\ 
s",  &c.  contained  between  s  and  :the  said  corresponding  suc- 
cessive valiie  of  Sy  expressed  in  finite  terms;  hence  if  the 
values' of  a,  6;  c,  &c.  or  of  a,  a',  6',  c',  &c.  be  respectively  equal 

to^g/j:^^/'^^!^  &c.  r,  h,  t,  being  all  affirmative 

values^  and  r— ^/  a:  tnultiple  of  A,  we  may  obtain  the  sum  of 
the  series.. 

In  order  to  prove  this,  I  shall  put  r,  r,  r,  &c.  to  represent 

r-fA,  r+sA,  r+gA,  &c.  f,  t,  t,  &c,  for  t-J-A,  t+^h,  t^gh,  &c. 

I  ft  9 

r  rr    r  rr  # r 

then  will  the  increment  of  j^^ j^  =  -i— — ji-i 

t  *+U  +  2  t  +  v  I  t  +  '+X 

r  r  .•«.  r 

j-^ J (y  being  supposed  the  only  variable  quantity) 

r      ■  <             '    r ,  r  .  r  ••..  r           -                       ■  rr  ••••  r 
_ >+i  «+p-n  *    g      ^-fi      _  >"-^— ^  ^  J L- -itislike- 

I  f-fl  c  +  '+X  •+'      •+'+1 

wise  evident  that  the  r-f  ith  term  of  the  series  proposed  may 

f  r  r  r  ......  r         , 

be  expressed  by  j-j|-| — tT'^'   ^^  being  a  whole  po^tive 

I  2  3  V 

number,)  this  term  we  will  call  T,  therefore  we  have,  from 

MDCCCVI.  X 
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r  •••.  r 

what  has  been  just  shown, T  =5^, f..- — 1 — ,T5sCzi. 

I  .+1 

f*  ••••  f*  •  •••••  f 

«+*    '^     <  ••..«        '..         *    *     <+*  '     «+a*     'o^t t      »**^* 

a       »+a      *♦*  3         »+3 

and  the  «th  increm^it  or  difierence  as  ~- .  -TfT"  •  '^7+»^  ^' 

X  IzizEH*^  X  5 J —  which,  it  is  evident,  will  be 

equal  to  a  If  r—f =«— i ,  h  whatever  p  may  be,  ibsA  is,  what- 
ever tena  of  the  tth  order  of  difference  be  sought  it  will  be 
found  equal  to  o ;  the  truth  of  this  will  be  likewise  evinced 
in  particular  cases  by  the  following  examples. 

Examplt  4»  Required  the  sum  of  the  iterate  series,  -f  sine 

of  ^«+  ^  sine  of  J+?  . «+ 1^  sine  oip-\-q .  z  &c. 
Here  a,  fc,  c,  d,  &c.=:i,i4,  5±£,  iii:^.  &c; 

4,  of',  &",  c",  &c.=3,  o,     1,       1,     &c. 

a,  cfy  h'y  c,  &c.:=s,~5,  1,  o,  &c. 
therefore  5"  or  —  s.  s  sine  of  ^g«f=  3  cos.  of /'«  —  3  cojr.  of 
p*-{-q . »+  cos.  of  f-^iqz  .'.  s  the  sum'  =  [[3  cos.  of  p'»-^ 
3  cos.  of  p'-i-q. »  +  cos.  /"+aj .  z^-r-  —  asineof  ^.»f= 

y-C9$.  of^ly  K— }  C08.  of  ^>.|y.58-f  coy.  afp+^.K 
— » tineof^j*' 

J^Toly.  The  aeites might  bsve  been  wriMeik  tiunv  3 ainsof 
^«+6  sine  of /+^  •  «+io  sine  of  jf>4-2ja .  &c. 

Example  5,  Requh'ed  the  sum  of  die  infinite  series,  —  cos.  of 


»*+  4^  «>»'  of  ?t+flr.»+  -Jii^  COS.  of  n+«ac  &c 

■     3.4  I  i        ■      3.^5  a 
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Here  p'ss:  n,  therefore, 
a,  or,  f/,  c',  &c.=i     ^,  iiiz,  i£z4,  2£z4dL,  &c.' 

'  3'      J-4*   J-4-S*   3  4  5-6'   3  + 5-67' 

a.  ^>  K  ^.  &c.=i,-|i.  fi^,  fi^.  iiifi^,  &c. 
tf,a^,6^,(;^acc.*af,^,.  1,        o,  6,      &c. 

therefore  *''  «r  «*.  »  sine  o4'  ^s{|*aaff  sine  of  f^z —  ^  sine  of 
^»-^f  .^•f  sine  (Jf/>**+S5 . «,  and  therefore  /  the  sura  sought 

=  ^   '     ^ '       .  '  n'li  ■       ^  ^  i^  esr^ sine 01  n—^ .  z 

-—  ^  wne  of  w —  jiyjr+sine  of  »+iy.«]3 :  »  sine  of  j^qz]'. 

Note.  The  series  might  have  been  written  thu^^  ^  cos.  of 
««  +  7;^  cos.  of  tt-f  J  JK+  ~ COS.  of;r-^25r%  &c. 

/-^       Tr  / 1_      ^-^  -— T  sine  pf  —  2ff«— i  sine  of  o+  sine  of  2iix 

Cor.  If  2»=3avx' becomes  2 — i: >  >  7..  , .   '  — = 

4  sine  of  inx               ^  sine  of  nsc  ..  cos.  of  iw  i  cos.  of »«        *.    -  .  t^ 

—  ^      r  ^    _  =s  ~  4 an  >j,  ■    iss'  —  ^  ■.    ■■  ,    .^»  lOf  the 

rsineof  «s3*  *         l  sine  otMeJ  '^  sine  of « ai)* 

sum  of  the  series,  ^  cos.  of  n«4-  *^  cosi  of  3««+  ^^  cos. '  of 
5»2?  &c.  or  its^  equfti,  -^  eos.  of  nz+  -^  cos.  of  5^a?+  77  cos. 

of  5IIZ  &C\  ^V^'yi!"  SBd^^GOS.  of  ll2;+5.&  €0^.  of  ^;»  &C. 
sincofifflr»^         ^*^  ^ 


Schoikim  n.  It  is  not  always  netessaiy  fot  the  differences 
of  the  coefficients  to  become  equal  to  a  to  obtain  the  siim  of 
the  series,  as  will  appear  by 

Example  6,  Required  the  sum  of  the  infinite  series  sine  of 

pz-^g  sine  oi p^qx^g^  sine  of  ^-t-sg.z-fif'  sine  of  j^+S^.^ 
&c. 
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We  have  therefore 

a,  6,  c,  d,  e^kc.—iyg,        g\ g\        g\ *^) 

a,  a',  hf,  d  d,  &c.==i,g— i,gxg— i,g'x^— i,g^xg— i,&c.  \ 

a,  a\  h\  d\  rf'',&c. =1 ,  g-^.g^^\g':g^\  5•^F^^^•  ^ 

Consequently,  s"  or  —  5  .  2  sine  pf 'i^2:J*s=  sine  of ^''aj-f  g- — 3  i 
sine  of  /^H^  ^+  ^— 1|*.  sine  of  ^"+  ®9'^  +  S — ^^E  ^^^^  ^^ 


f'+Sq-z  &c.=sine  of^ — ^9-^+5' — ^a.sine  of  ^;^4'^"^*'  sine  of 
p+q>z+g—i]\g  sine  ofp^2q.z+g^i^\g^  sine  of  p+sqz 
&c.  but, ^sssine ofpZ'\'g  sine  of ^+g  •^+5^*-  sine  of p-^-^q.z 
&c.  Consequently,  by  multiplication,  division,  and  transposi- 
tion,g — 1I*  sine  ofp+q.z^g — i^-g  sine  ofp+^q.z-^-g — i\*g* 

sine  ofp^.z  &c.=5.€EB.*_£=il\  sine  of  />«,  consequently 
the    above    equation    becomes    by    substitution    /'    or    — 

5.«,sine  of  |(|rM*=sine  of /—(jr. 2;+^ — «  sine  of />z+  ^— ^ .  5 — 

^^^^.sine    of  pz,    tiierefore,  s    the    sum    required  = 

sine  of  p^q,%+g.^z,JgZIi\\  sine  of  ^«  ^ 

^  ^^  — g^  sine  of  p^g,z+ sine  ofpx  * 

by  similar  means,  we  have  the  sum  of  the  series,  cos.  of  pz 
Tfg*    cos.    of  ^  +  q.z  +^    COS.    of  p  +  2q.z  &c.  = 

*^^os.  ofp'^gx+  COS.  of  ^g 
jf*+ 1—2^.  COS.  of  qx 

Scholium  iii.  Hitherto  we  have  been  considering,  a  series 
of  sines  and  cosines,  whose  terms  have  all  the  same  signs ; 
but  if  the  terms  of  a  series  proposed  were  alternately  positive 
and  negative,  it  would  be  necessary  to  divide  them  into  two 
jseries,  the  one  of  the  positive  term  and  the  other  of  the  nega- 
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tive  ;  in  order  to  get  the  sum  by  Theorem  L  But  the  sum  of 
a  fieriet  whose  tefms  are  alternately  poskive  and  negative, 
may  be  obtained  from  the  sum  of  a  similar  series,  whosie 
terms  are  all  positive  by  a.m^r?.  substitution ;  thus  if  the 
sum  of  the  series;  a  sine  pfry -r-^  fc  sine  of  r  +  y .  2?  -f  ^  sine  of 
r+aJ.  5? — &c.  were  required,  put  r2;=i8o'*— ^s?,  and  5«==i8o 
•^qz^  therefore  the  sinp  of  rx:=  sine  of  180**-!— />«=sine  ofpz^ 
sine  of  r4-5.%=  sine  of  360**— />+^. 5;=  -^  sine  of  p-^q.z,  sine 

of  r+25 . 2;=sine  540''— ^+29 . 5;=sine  of ^-f"^  •  ^»  ^^-J  ^^^ 
consequentiiy  the  sum  of  the  series,  a .  sine  of  rz  —  b.  sine  of 
r-j^s.z-^c.  sine  of  r+a^.«—  &c.=  the  sum  of  the  series,  a  sine 
lrfi*+6  sine  of  p^q .  z^c  sine  of^+s^r .  z  Sec. ;  and  by  the 
like  substitution  may  the  sum  of  a  series  of  cosines,  whose 
terms  are  alternately  positive  and  negative,  be  deduced  from 
the.  sum  of  a  series  of  cosines,  whose  terms  are  all  positive : 
all  this  reqiiires  the  functional  values  of  ^  and  ^  to  be  distinct, 
otherwise  the  substitution  cannot  be  effected;  but  the  said 
sum  may  be  deduced  at.  once  by  the  following  . 


Theorem  IL 

If  there  be  a  series,  a .  sine  of  pz — b .  sine  of  p-^q .  2;+c .  sine 
ofp^tq  .  z^d  •  sine  of  J+3^ .  z  Scc,=:s,  then  shall 
a .  sine  of  ^'«— a^  sineof  J^^+Ij.«+^-  sine  of p'^^q.z  &c.=:/ 
a  sine  qf /r"»— a"  sine  of  p^^q.z-^b'^  sine  of/"-f  «j,z  ficcssw'' 


a  sine  of  p^z-^  sine  of  p" ^q.z^b^  sine  of^'+ag.^  &c.=; 
&c.  &c.  &c.  ^  &c. 
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And  if  the  series  be,  r       / 

a  cojij.  ofp».^  oos.  of  ^^F^  .  %^c  COS.  otp^^q  .  t  kcsms, 
then  shall, 
a  COS.  of /a;— a*  cos.  of /^^  .z^b'^hos.  of/^+«g.^*c.=^^  • 
<  COS.  ofp^'z^a^cos.  of/>"4.^.*^6"  cos.  of/'^^i^.^'&C.asr^** 
&c.  &c.  ^c.  &c! 

««,  a<',  a'^  &c.  ^'.  fc'^  6^  &c  ^^V^.c"^i&a  &Q,  being  fcMned 
from  a^  6,^  r,  rf,  ^,  &c.  as  in  Theorem  t  A',  i{>",  />'''>  &c;Hkewis^ 
as  in  Theorem  I.  i's=s25  .  cos.  of .  ^^,  s^'mm^\  cos.  of  ^^ip^s"^ 

=25".  COS.  of  ^jr,  &c.  

First,  if  a  sihe  of^^ — 6  sine  otp-^-'q  .z-^c  sine  of/>-j-g.z  &o. 
=j,  by  multiplying  by  2  cos.  of  ^r,  by  l^nma  No.  H.  \re 
shall  have  a.  sine  oip-^^.  z-^a.  sine  of ^^f^.» — b.  tii^  *f 
^+|5.2;~6.  sine  oip^^ ?«+c . sine  of^-f-^ . z  J5cc.r=5^.  i  cdi; 
ot\qt;  consequently,  putting  h — a=a^,  c—b=l/,  &c./>~f^ 
=A^  /=2  5  COS.  of  jijZy  we  have,  (i  sihe  of  p^z^^a^  sine  of 
^'^^^  z+b'  sine  of  /j'-f  2^. »  &c.=a',  which,  being  exactly  si- 
milar in  form  to  the  original  series,  the  other  serjes  will  be  de- 
duced from  this  by  continually  proceeding  in  the  same  method. 
Again,  if  a .  cos.  of  pz — 6.  cos.  ofp+q  .%+^.  cos.  of  J+2^.« 
&c.=5,  we  have  by  multiplyi*^  by  a  cos.  of  -^z  by  the  help 
of  lenjipa  No;lH,x  ^  cos.  of  j&'a;— a' cos.  ofpiPq.Zr^-V  co^^of 
^'+2^  •  ^  &c.=i:5^  which  being  exaeitly  similar  in  forms  to- ^e 
original,  we-  may  obtain  the  other  series,  which  are  likewise 
similar  in.  ftaMihy  the  same  mode  of  proceeding. 

Cor.  the  ittlL successive  value  of  5=5.2  cos.  of  ^qz^,  the  wth' 
successive  value  o{p=p — tt  .j^   and  5=  ^  sucressmvftwo  s^ 

-  2cos.ot  ^gs^'"^ 

Example  1,  Required  the  sum  of  the  series,  sine  of  pz — 
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dne  ofp+q.x^imeotp+^qZ'^  &c.  and  ldeewiS6  of,  66$.  of 
^— •  COS.  ofp^q  .^+  COS.  o{p^9^q.z —  Sec. 

Here  in  both^  a,  6,  c,  d,  &c.=i,  1,  1,  1,  &c.  1  therefore,  in 
a,  ii',  6^c^  &c.i=:i,  o,  o,  o,  &c.  J  the  first  se- 
ries we  have,  ^'  or  5 .  «  cds.  of  j^z  =  sine  of  ^Is;  and  .-.  s  == 

;i^^^-g^,  sad  for  the  wooBd  «ri«,  we  tave, ,'. 
6r,  s  .Tco5ror|^=±:  COS.  of  p--^iq .  z^  and  therefore,  5  ts= 

Cbr.  I.  If  ^=g  the  first  series  will  be,  sine  of  jpz—  sine  of 
spz^  Sine  o{  ^mHC.tss^^^—^^asj^  tangent  erf  |^,  and 
the  secondj  ooB^;  of  j>»*=-QOs.  of  a/%  +  cos.  of  gpz  &c.  as 

COS.  of  '^iPii  j_ 

zcos.,of  i^3»  "^2* 

Scholium.  Though  we  have  given  two  theorems,  the  one 
for  d  iseries  wHe»e'termd  are  all:  positive,  asnd  tte  o^r  §ot  ft 
series  whose  terms  are  alternately  positive  aqd  negative ;  they 
are  both  true  whatever  the  signs  of  the  terms  be,  ]^;!ovided 
that  proper  signs  be  used  in  the  operation;  that  ii,  if  toy 
term  should  have  a  contrary  sign,  to  the  sign  of*  that  term 
contained  in  the  enunciation  of  the  theorem  used,,  then  a  con- 
trary sign  must  likewise  be  prefixed  to  it  in  the  operation ; 
thui,  forirtBtanae'^  if  for  a  seri^  whose  ttinns  are  all  positive 
we  should  use  Theorem  IL  or  for  a  series  whos«  terms  are 
alternately. positive  and  negative  we  should  use  Theorem  I.,  for 
rf,  8,  (?,  1^  &c.  We  must  write  a,  -*-fr,  c,  — ^,  &c.>  and  fhetefore 

a»  ^»  V,  &c.=:tf,— a+&,  T+b,  «— 7fc7  &c.=:  (suppose)  a,  -^a^  h,^  — ^,r  *^- 
&c,  &c.  &c.  &c«  &C.    &c*       &c.         &c.    te.  ice. 
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and  cpnsequendy  we,  shall  get  ne\rserie;5,  th^  coeffident?  of 
whose  terms  are  formed  from  the  coefficient^ffl-rfie  preceding 
series,  by  addition  instead  of  subtraction ;  and  ihay  be.of  good 
purpose  on  some  occasions.  And  if  we  alternately  use  these 
dieorems  the  operation  will  be  performed  ,by  alternately 
taking  siims  and  differences;  and  this  will  amount  to  the 
same  as  taking  the  diflferentes  of  t3ie  alternate  terms,  begin- 
ning always  with  two  noughts:  but,  for  Sfef  fiiofe  readily 
comprehending  this,  we  shall  offer  a  theorem  which:tnore- 
over  is  the  first  of  these  theorems  I  discovered,  but  previously 
thereto  "shall  propose  .  ;^  .  .!       ; 

.  Exatriple  2.  Let  the  series  be  either  of  these,  sine  of /li«-|-^ 

sine  of  ^l^.z+r.^'  siheofj^H^  sirte  of 


^+1 


of 


/^+8?-^+  &c>  cos.  of />»+rcos.  of  j&-fg.2:+r. -j-.c6s. 
j>-fs^;z+  &c.,.  sine  of  px-^r  ane  of  3>-f  f . x^r.  —^  sine  of 
pjf^.z—  &c.  or,  COS.  of  pz^r  cos.  of  f^.z+r/^  cos. 

of  p-j-SLq  •  2; -7  &c.  r  being  a  whole, positive  number,  the  terms 
in  the  two  first  series  all  positive,  aiid  in  the  two  last  alter- 
nately positive  and  negative. 
The  coefficients  being, 

or  lit  term/  ad.  3d.  4tlu  '   5th. 

If.       r     ••+^      t-     I±i    •ii     r    lii.  !l±i   ^ll  &c 
1,    r,      r   .— ,    r  .-^.— ,    r. -j-.-y-.-^,  «c. 

the  first  difJerences 

r— X    r— I       r      r— i        r      r+i    r— i       r      r+i    r-f2    « 

2d  differences 
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fld  differences 

Of  lit  term.  td.  s^*  A^'  5^* 

r-3    r-3    r-2    r^a    r-2    r-i    r-3    r-2    r-i     jr^   -.    ^ 

-And  in  goaeral,  *th  xiitfF^rences 

1 ,  --^;  —  •  — — ,  —  .   ■  »  *  .  ■,  &c.  to  be  con- 

tinued  to  w+T  terms,  and  the  remaining  terms  will  be  the 

7+Ttb  term  muiaplied  by  ^.  ,-^  •  ^,  ;^  '^  ^,  &c. 

and  consequently  if  t  be  =  r,  all  the  terms  of  the  «-th  diffe- 
rences except  the  first  will  vanish.  Hence  we  have  by  Thech- 
rem  I. -and  its  Cor.  i.  the  fiwm  of  the  series,  sine  of  ^;2;+r  sine 

1%  ,  ' ,  -         r+i      .  ^  ^    ;  ,     o  ,    sine  of  6 — krq*% 

oip-^-q.z+r.  -i- .  sme  of />+  2^.  t^+'&c.  =  =2= -^ — 


if  r  be  even,  but  +  cos>o  p   ^rq.x    if  r  be  odd,  the  upper  signs 

to  be  taken. when  r  being  divided  by. 4  leaves  o  or  1,  and  the 
under  signs  when  it  leaves  a  or  3.    And  the  sum  of  the  series, 

COS.  of  pz^rcos.of  p-\-q.«-{-r.-j-  cos.  of />-f  2^.«-f »  &c- 

—         2  Sine  of  |^«Y  —        2  sine  ot  j^x] 

Upper  signs  to  be-  taken,  if  r  leaves  3  or  o  when  divided 
by  4,  and  the  under  if  it  should  leave  s  or  1.  .  In.  deducing 
.  the  sum  x>f  this  series:  from  the  said  Cor.  it  is  .necessary  .to 
put 7+1?  ^orp  and  r.4- 1.  for  the  ^  used  there.  vThe^sum  of 
the  series,  sine  of pz—r  sine  o£p^q  .  z+r ,  -^  sine  of-f^^f^q 
. «— ,  &c.  by  Theoretrf  11.  is  =  ^'"^^^^7^'^'^, :  and  the  sum  of 

2  COS.  ot  ^qz] 

the.series,  cos.  of ^«^— r  cos.  otp-^q.Zr^r.^^.  cos.  of />+ay 
.z  -  &c.  by  the  same  =.^"^'"^^'=^f  . 

•^  ^  2  COS.  of  {7)'^ 
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Corollary.  Because  sine  of  Az  =  *«—  ^  +  J-^,  &c.  sine 
of/qr^s;  =f+?. «  -  ^'. «'+  ^ )!;',  &c.  sine  of  f+i^.^ 
=?+i?--^4?-^+it  .-^^  &c.  &C.,  and  ^i=^^. 

Where  A,  B,  C,  &c.  stand  for  the  coefficients  of  the  multi- 
nomial, 1  — 12!|!  +  ^i*  &c.  raised-  to  the  —  r  power,  and 
consequently  r  only  concerned  in  them  by  pure  powers; 
hence  this  being  multiplied  by  P^^.  %  -  l3Blil'+||i^ 
&c.  the  value  of  isine  cXp—^r.  %,  we  obtain  from  the  equation 
sine  of  pz^r .  sine  of  p+q .  z+r .  -^  sine  of  p+zq .  z,  &c. 
=  «2i2f^^f.  the series/»-r.  jqh9+'-.  ^  -FR-  &c.!. « 

. ^+'-:^"-i^  .J=i^+  -lr.f=W\  Tib  ««••  *« 

law  of  continuation  being  evident  in  both  series,  consequently 
by  comparing  the  homologous  terms  we  obtain  the  sum  of 

theseries./y-r.f+^+r.^.J+i^r-r.^'^.^PS^  «£C. 

=  ^,  of  P'-r.pTq)'  +  r.  ^  .  ff^'  &c.  =a3» 
— ^  .p^^r,  of  the  series/— r.FHl'+r.^'./>+25V—  &c. 
—IS'  -_  ±^.fZI^*j^. l±±il .  fZ^iJ?,  and  so  for  the 
other  odd  powers,  r  being  only  concerned  in  these  expressions 
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"by  pure  powers,  and ,  by.  similar  means  we  may  from  the 
equation,  cos.  of  ^«— r.cos.  of  ^+^ .  sj+r,  '^—^  cos.  of  ^+29  • « 


&c.  =  «^o»-  of  ^-i^T'  obtain  the  series  1  -r+r.  ^~r.^ .  ^^ 
&c.-/«-r.?+^l--|-r.!±i7qf::i^-~&c.  -^  +/»*__r.H^|*+r. 

j>-4yr|*~3.4.A.f^r+..2.3.4-B  _|^.  ^^^^  consequently  by  again 
comparing  the  homologous  terms,  we  find  1 — r-{-r .  ^y^  — r. 
~- .  —■  &c.=  ^,  as  it  is  well  known  to  be,  ^•— r./>+^l'+r  < 

'4i  j+^_  &c.=>2^.--'*,^--r.j+i-+,.  '-ti/T,:^' 

&c.^ »'-^^''-^^^^-^^'^t!:^i±^3  and  so  for  the  other  even 
powers,  r  being  only  concerned  in  these  expressions  by  pure 
powers. 

Hence  r  being  a  whole  positive  number,  tlie  sum  of  the 

series,  /,-_r.J+7|'-+r.  ^ .  J+i^l«_r .  ^ .  1:11;^+^^"  &c, 
m  likewise  being  a  whole  positive  number,  may  be  alwsiys 
expressed  by  ^  x  by  a  series  of  finite  terms  of  pure  powers 
of  r  whose  coefficients  are  given,  of  the  form  ^4'^+^**  ^^* 
py  q^  and  m  being  given  values,  and  a,  b^  c,  &c.  determinate 
values  independent  of  r;  merely  by  comparing  the  coefficients 
of  the  homologous  powers,  of  z,  in  the  two  equations  of  the 
series  above.  Now  if  we  can  prove  that  the  same  expressions, 
derived  from  the  comparison  of  the  coefficients  of  the  homo- 
logous powers  of  z,  give  the  sum  of  the  series  ^* — ^  -Z^+^r 
+r.  -—-'p-^^q"  &c.  whether  r  be  a  whole  positive  number 
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or  not,  it  wlB  foHow  that  the  series,  sifle  of  pz^^r  sine  of 


r.« 


and  the  series;  cos.  of  pvi-^r  cos.  of  p^q:%^.  ^^^cosv  of 
^+2^^g'&c=  -''''y.^7/^!^;^  whether  r^  be  a  whole  positive- 

**  2  COS.  of  f^^Y 

number  or  not. 

And  in  order  to  prove  this^  requisite,  we  shall'lirst  premise 

that  if  we  have  the  sitrti  of  the  series  p^^^r.p^qf'^r .  ^ . 

pj^^^^r .  ^^ .  ^-^  ./>+39]*  &c.  whatever  r  may  be,  {m,  p 

and  9  being,  given  quantities)  expressed  by  a  series,  —^  x 

A'+Br+Cr'  &c.  of  finite  terms  in  which  the  functional  values 
of  p  and  r  are  distinct.  A,  B,  C,  &c.  being  given  quantities 
independent  of  r;  we  may  likewise  find  the  sum  of  the  series 

p'^'^'^rj:\^^^^  &c.  for  this  series  is 

equal  to ^.^— r7+?./4^-K-  ^^  P+^q  •  p^^qY &cc.^p  x 


M^  ^  J+S?h— ^-M  •  4^  •  "T"^  -^+¥1"  &c.  but  /.-— ;- . 
FHr+^- ^  •  J+2g|*  &c.  is  equal  top-  xA+Br  +  Cr'  &c. 
and  if  in  this  we  write  r+i  for  r  and  ^4^  for  />,  we  shall 
have  the  sum  of  the  series  ^+^1"— r+i  .^ipigl^+r+i  ^^ 

.A+i?r  &c- TT?  X  A+B,.r+i+C^.r+ip&c,A,  B,  C,  &c. 
standing  for  the  values  that  A,  B,  C,  &c.  become  by  writing 
p+q  forp ;  and  this  may  evidently  be  reduced  to  an  expressbn 
of  the  finite  terms  of  the  form  ^  x  A'+B'r+CV*&c.  and  con- 
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aequently  will  the  sum  of  the  series  ^»+  >— r.  p^qy^+^^r . 
4r  •A+a?!'"''"^  &c.  be  =5  the  expression  p:  xpA+pBr+pCr' 
Scc.'-^qA'r—qB'r*  &«,  of  finite  terms.  This  being  proved,  it 
follows^  because  the  sum  of  the  series/*" — r.p-{-q\''-{-r 


2 


r  +  i 


^-l^a^h  &c.  when  m  is  equal  to  o,  is  equal  to  i— r-^r  r .  -^ 

ft 

&c.==;  by  tht  binomial  theopem,  ^,  whatever  r  may  be,  that 


the  sum  of  the  series  p — r.p^q^r.  -L-/>+2qr  &c. namely, the 

said  series  when  m  is  equal  to  i,  may  be  expressed  by  pr-  x  a 
series  of  pure  powers  of  r  of  a  finite  number  of  terms  what- 
ever r  may  be,  and  comes  out  by  the  bye  ^  x/>— ^  iqr,  the 
same  as  above,  and  consequently  by  writing  i,  a,  3,  4,  5,  6, 
&c.  one  after  the  other  for,  m,  we  shall  find  that  the  sum  of 

the  series  />*— r./>+9|''+^'-  ^^/^-M^i*  &^*  ^^y  always  be  ex- 
pressed by  -^  multiplied  by  a  series  of  finite  terms  in  the  form 
A'-|-Br+Cr*  &c.  A,  B,  C,  &c.  p,  q,  m,  &c.  being  independent 
of  r;  and  m  a  whole  positive  number.  And  these  will,  we  shall 
prove  without  running  through  all  the  infinite  cases,  be  the 
very  same  expressions  as  those  given  above,  by  comparing 
the  coefficients  of  the  homologous  powers  of  z.  In  order  to 
this  we  observe,  since  we  have  just  proved  that  the  sum  of 

the  said  series,  whatever  r  may  be,  may  be  expressed  by  ^  x 

series  A-|-Br-|-Cr^  &c.  of  a  finite  number  of  terms,  and  from 
the  comparison  of  the  homologous  powers,  that  when  r  is  a 

whole  number  it  may  be  expressed  by  4-  x  value  a+fer+cr* 
&c.  of  a  finite  niffliber  of  terms,  it  follows  that  when  r  is  any 
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whole  number,  that  these  two  values  must  then  be  equal  to 
each  other,  and  .-.  that  A-j-Br*-|-Cr^  &c.  containing  a  finite 
number  of  terms  must  be  then  equal  to  a-f-&r-j-^r*  &c.  con- 
taining a  finite  number  of  terms,  and  consequently  the  highest 
power  of  r  and  its  coefficient  must  be  the  same  in  both  series, 
otherwise  by  increasing  r  by  the  same  in  both,  one  side  of 
the  equation  would  become  greater  than  the  other,  which  is 
absurd ;  consequently  the  highest  power  of  r  and  its  coefficient 
is  the  same  in  both,  and  will  destroy  each  other,  and  conse- 
quently the  next  highest  powers  of  r  and  likewise  their 
coefficients  must  be  the  same  with  each  other,  and  will  there- 
fore be  destroyed,  &c.  Hence  the  powers  of  r  and  their 
respective  coefficients  being  the  same  in  both,  the  expressions 
themselves  must  be  the  same  in  every  respect,  whether  r  be 
a  whole  number  or  not. 

Hence  we  have  not  only  given  two  different  means  of  sum- 
ming the  series  />" — r  .J-p^p  &c.  (m  being  a  whole  positive 
number)  whatever  r  may  be,  which  indeed  was  not  our  chief 
object,  but  we  have  likewise  proved  that  the  series  sine  of 

pz^r  sine  of  pJi^.z  &c.=  !l£l^£z|2l±,  and  the-series  cos.  of 

2  COS.  of  ^qz\ 

pz—r  COS.  offfq^z  &c.=  f?^-  ofp-Jqj:^^  whatever  r  may  be,  the 

^  ft  COS.  of  ^qzY 

same  as  Landen  finds. 

Cor.  II.  Because  these  two  series  are  equally  true,  whatever 
p  may  be,  if  for  p  we  write  gr— ^  throughout,  in  the  first  we 

shall  have,  sine  of  qr—p  .  2;— r  sine  of  r-f-i  .  q-^p  -  »+^  •  "7" 

sine  of  r+rj"ZJ.«  &c.=  fl^£^^f  = u..ofpjpz    ^ 

'       ^      -^  2  cos.  ol  ^qx\  2  cos  ofi^l 

Consequently  sine  of  qr—p.Z'-^r  sine  of  r+19— ^^•^+  &C' 
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ss  —  sine  of  pz  +  r  sine  of />  +  q . »  — ,  &c  and  from  coSk  of 
*;5  — r  COS.  off+7.  »,  &c.  =  '.SL^^E^  by  the  like  sub- 


stitution  we  get  cos.  of  qr — p . «—  r  cos.  of  r^- 1 .  q  — p .  2;  +  r  . 

r+ 1  r — r^  ^  Q^^  /co«'  of  iflr— .6.2:        COS.  of#— l^r:*       \ 

-^^cos.  ofr+g><7— /^'^&C>=:  .    '^      ^     =■         ^    ^^   -  =  l 

2  I       .1      i-  V     2  COS.  of  |(7air  2Cos.ofA^«f       ' 

COS.  of  pz  —  r  COS.  of  p-j-  q.z  +  r.  ~-  cos.  of  />  +  2^ .  ^  &c. 
and  these  by  Car.  i.  are  true,  whatever  r  may  be. 

Cor.  III.  If />  be  =2  ^  ^r  we  shall  have,  cos.  of  ^qrz  —  r  cos. 

of  ^q . r+  2 . «  +  r,  ^' .  cos.  of  ^^ . r  +  4 .  z  &c,  =     ^^'^^    > 
=  =r=L==r-,  or  if  A  be  written  for  ^(72;  we  shall  have,  cos. 

2  COS.  Ot  lqz[^ 

of  rA  —  r  cos.  of  r  +  2  A  -f  ^  •  -^  ^^s.  of  r  +  4  .  A  —  &c. 
==■'■-  ^  which  is  the  same  in  substance  as  Simpson's 

2  COS.  ot  A|  ^ 

lemina,  page  67  of  his  Tracts. 

Cor.  IV.  If  we  put/>2  =  180"*  —  tz,  qz  =  180**  —  sz  we  shall 
have  according  to  Scholium  iii.  at  the  end  of  the  examples  to 
Theorem  I. 
sine  of  iz  +  r  sine  of  t  -^  s .z  -{-r. ^^  sine  of  F+Tl .  z  &c. 


sine  of  i8o^— <«— |r.  180  — 5k        sine  of  90^.  r 4- t^irs  . «       j  r- 

=  — ■' *  = —  * and  —  COS.  of 

2  COS.  of  90°  —  ^  qz\  2  sine  of  f  5«| 

t%  -^  r  COS.  of  r+7.  »  —  r.  ^^  cos.  of  t  +  25.  z  &e.  = 


cos.  of  I  SqO— ^g— |r.  i8o«>— 53f  cos.  of  90**+/— |rs . «  r  *       i 

j=v--^^   '  — ^  •*.  COS.  01-  tz  +  r 

2  COS.  of  90°—  i^zf  2  of  sine  \sz}{ 

COS.  of  7+7 .  z + r.  I±i  COS.  of  r+lJ.  z  &c.  ==  ^22!:^^^^^ 

*  2  sine  of  {  sxy 

and  if  in  these  r  be  a  whole  number,  and  p  and  q  be  written 
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fort  and  $,.y/e  JBhall  have  the .  results  {determined  -s^>ove. 
Many  more  corollaries  may.  be  derivedfrw^  these. 

Theorenirlll. 

If,  th«re^he.  formed  a-series  of  terms 

ay    b,    c,    d,    e,   /,     Sec. 
a,     b,  .a\  'ft',    i\,d\   &c. 

41,  b,  .a!'\V'\c''\J'"^iic. 
&c^&c,  &c,  jgcc,  &c,  &c,  &c. 
The  terms  of  each  series  being  formed  from  those  immedi- 
ately above,  by  takii;ig  the  alternate 'differences  of  tlie  terms, 
always  beginning  with  o,  o;  that  is,  taking  o  from  the  ist 
term,  6  from  the  ad  term,  ist  term  from  3d  term,  2d  term 
from  4th  term,  &c.  in  any  of  the  series,  for  1st,  srd,  3d,  &c, 
terms  of  the  next  series.  And^'  be  put  =  p—q,  />"=/>'— 9» 
p'"s=^p"^^^qy'^&cc.  s*:=is  .2  sine  of  qz,  s''=^^r^s' iSt  sine  of  qz, 
5"rs=:  s"  .2  sine  of  qZy  5*^=  —  s'".  2  sine  of  qz,  &c.  I  say.  if 
there  be  a  series  a  sine  of  pz  -{-  b sine  of  p^q. Zr^-  c sine  of 
/>  4"  ^q  •  2  +  ^  sine  of />  +  39  .,z,  &c.-5=5,  we  shall  have, 
a  COS.  oip'  z-^-b  cos.  of/>''4-9-  ^  +  ^'  cos.  of/)'  +29.^  +  ^'  cos. 

of/  +  3^-  ^>  &c.  =  5' 
/2  sine  oip"z  +  6  sine  off^^Tq.  x;+  ^"  sine  of /^^+2g.  2;  -f  ^"  ^^^^ 

oip  +  3^.  2;,  &c.  =  /',  &c. 

For  multiplying  the  first  of  these  by  2  sine  of  qz,  by  help 

of  lemma  No.  I.  we  shall  have,  a .  cos.  ofp-^'q.  z^^a.  cos.  of 

^  +  ?  •  ^  +  ^  •  COS.  of />«  —  b .  cos.  of^-f"^^'  »4-  ^  cos.  oip-^q 

.z^^c  COS.  of/)  +3^.  ^  +  rfcos.  of  ^  +  2^.  j^;— rfcos.  of  ^+4^ 
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. »  +  ^  COS.  of  ^  +  3?  •  ^>  &<^-  =  ^ .  »  sine  of  qZy  therefore  put- 
ting a'^siC  — a,  V=id — 6,  c'z=ze—Cy  &c.  p'zrip—*q^  $'=:$ .  s  sine 
of  ^2;,  we  get  a  cos.  of  ^'2+6  cos.  of^'+  ^  .z-^-a'  cos.  of/)'+2j 
.»  4-  6' cos*  of  j^  +  3^.«,  &c.  =  s\  and  multiplying  this  by 
2  sine  of  qz,  by  help  of  lemma  No.  11.  we  get  a .  sine  of  ^'+  9 
¥  —  a  sine  of  ^' — ^.  z  +  6  sine  of  ^'+  2^. « — b  sine  of  ^a^+a' 
. sine  ofp'-^-gq .z  —  af  sine  of />'+  q.z  +  b' sine  of/>'-l-4y. 2; 
—  6' .  sine  of/^'+^J-  ^  &c.  =  5' .  s  sine  of  jx?,  therefore  putting 
a'—  a  =  a",  6^-  b  = «/',  ^'— a'  ==  (T  &c.  /-  ^  =zp'\  —  s' . 
2  sine  of  qz  =  5''  we  have,  a.  sine  of  ^"»  4-  ^  •  sine  of />"-f  ^'  ^ 
4-  a",  sine  ofy4-2g.«  +  6".  sine  of^"+3^.»  &c.  =  5",  which 
being  exactly  similar  in  form  to  the  original  series,  the  suc- 
cessive series,  which  will  be  of  a  similar  form  to  the  second 
or  first  of  the  series,  will  be  deduced  by  the  like  operations 
and  substitutions.     Q.  E.  D. 

Corollary  i .  The  *^rth  successive  value  of  5  is = + ^ .  a  sine  of  ^d* 
or  ±/.  ilmeoT^r'^S  the  upper  sign  to  be  taken  when  v 
being  divided  by  4  leaves  o  or  1,  otherwise  the  under  sign 
and  the  irth  successive  value  o{p=:p  —  T.q. 

Corollary  11.  These  operations  are  performed  by  differences 
whether  the  signs  be  all  positive,  or  alternately  positive  and 
negative. 

Example  1.    Required  the  sum  of  the  series  n  sine  of/2?+ 

«  4-  r  sine  of/>  4"  ?-^  4*  ^  +  ®^  sine  of/  -\'  stq.z  &c. 
Here  a,  byC,    d,    &c.  =  n,  n-^-r,  n+2r,  n+^r,  n-f-4r,  8cc.'^ 
a,  b,  a\  Vj  &c.  =  n,  n^r^    ar,       sr,        sr,     &c.  v 
a,  6,  a'\  bf'y  &c.  =  n,  n^r^  «r— «,  r — n,       o,     &c.  j 

.-.  5"=  —  s .  2  sine  of  qz^-zsi  n  sine  of/)"2;  4-  ;z  4.  r  sine  of/' 4"? 
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.  *  -[-  ar— rt  sine  of/"-f  ^9  •  *  +  r — n  sine  of  jf^^fgy ,  af  /r  ty 
restoration  and  division  we  hitve  5  the  sum  =r  [[;^  sine  of /^ai^ 
,  z  +  «  +  r  sine  of />  —  ^ .  25  -f  4r  --  ;r  sme  of/sr  +  f^^^skie 

of/^  +  ^*«]]-; srsine  of  ^|*:  had  \retKefd  Tkearemh  yfe 

should  have  gotten  a  more  8im|>le  vaSuatioh ;  nametyv  ^  s=* 

njinejofT^^  ^hich  is  redudble  to  the  other  by 

multiplying  the  upper  and  under  terms  by  a^  cos.  of  i{jf«l  by 
help  of  lemma  No.  tl.  and  III.  Had  the  terms  been  alternate 
positive  and  negative  we  should  have  had 
a,b,  c,  d,  e,  &c.=a,— n+r,  «+«r,— ©^-gr,  ^+4r,&c.^ 
a,  6,  fl',  6',  c',  &c.=^,— ii+r,+  ar,  —  ir,  -f  sr, 
IT,  6,  a'%  fe'',  c'\  &c.  =;f , — »-f  r,  ^r^^n,—  r-^n,  o, 
and  therefore  5  =  f  »  sine  of^--ag. »— »  +r  sine  cf/— qf. «  + 
ar—  n  sine  of  /z  —  r — »  sine  of  ^-f  g^.  2Q-1-  —*  ^  sine  of  gjir|\ 
ff  \ee  had  used  Theorem  IL  we  should  have  obtained  5  s=s 
«sm>rfi=7.^,-.;Z7.siaeof^  ^j^^  ^  reduciMtt  to  the  other  Iro 

2  COS.  of  iqx\  _.^________ 

multiplying  the  upper  and  under  terms  by  2  sine  of  ^xf,  by 
help  of  lemma  No.  I.  and  II. 

Thecfrem  IV. 


ir,    &C.I 
),     &c.) 


If  tiiere  be  a  series,  a .  sine  of  ^«+6 .  sine  of  Z+^r .  %—c .  sbe 
of />+sq.«— 'rf.sine  of />+sgr.»  +  ^^^  =5  ot  a  cos.  of  jto 
-f  frcos^  of />+¥•*  ""^  ^^-  Qf/>4"2?*^'— ^'^s.  of^4-34f.;i; 
-f  &c.  3B  5  the  signs  of  the  terms  changing  alternately  two 
by  two ;  then  in  the  first  case 
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iTMie  oifz  4-6 line  of  ^'4-  q.%^^\%\n&otf^%q.z-^ifsmQ 

of /?+3?- 2;  -f  &c.  =  s' 

a  sine  oip^^z^1>  sine  6f^"+^. «— a"  sine  of/>"4"2?  •  ^— ^'  sine 

of /)''+yjf .  5?  +  &c,  ^  5" 
.    &c.  &c.  &c.  &c. 

and  in  the  second  case 

a  CP5.  oip'z^  b  COS-  of  y  +  ^.  «-^a'  COS.  of  )>'-[-  2^.  ;^-^6'  cos. 

fof^'+3^.;2;+j&c*^^ 


floe  &C  &3C.  &c. 

whepe  lihe  tenns  a,  i,  4',  ^,  ^,  Ac.  c,  i,  tf'',  6**,  (f^,  &c,  Ac  ajne 
l«rmed  bf  talking  the  alternate  difi»ences,  as  in  the  iaot 
thearam ;  /,  p*'yf^\  Ac-  iikewise  as  w  that  ithoDpcm,  yeas  % , 

a  00s-  of  ^s:,  ^^ircS  COS.-of  ^r|%  tf'^'ars^-COS.  of  ^f  &C. 

This  is  plain  by  multipljing  the  series  continually  ^flj  «  cos. 
of  4{%  by  hf^  of  lemma  No.  II.  for  ca«e  ^ ,  and  lemma  No.  III. 
forca^e^^ 

lExampllp.  iUqUired  the ^um  oftht  seties^  sine^  f  4*  ^^ 
of  2z  —  sineirf^sj^:sine  x)f  4a:  +  480c. 


,.&C.  ]/^  S"  t=f^S  . 


=  anefif^^+.siweoTr.^^^^^^. 

'Sdieiium  i.  As  the  two  first  theorems  depefid  on  the 
differences  of  the  coefficients  of  the  imnediate  terms  or 
omitting  none,  the  two  last  on  fhe  differences  of  the  coeffi* 
dents  of  the  alternate  terms  or  omitting  one  term ;  so  we 
fOiy  ^vie  thfiOBsms  for  the  vdiferences  of  -^e  -coefficients  fj£ 
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the  terms,  omitting  a,  3,  &c.  terms ;  in  fact,  if  r  be  a  whole 
number,  and  the  terms  of  the  series  be  all  positive,  or  any 
how  positive  and  negative  by  setSy  provided  the  same  signs 
return  in  the  same  order  after  every  set,  consisting  of  r 
number  of  terms;  by  continually  multiplying  by  2  sine  of 
—qz,  we  shall  get  new  series  by  taking  the  differences  of  the 
coefficients  of  every  term  and  the  nth  succeeding  term  begin- 
ning with  r  number  of  noughts ;  except  indeed  that  the  coef- 
ficients of  the  terms  will  sometimes  have  the  order  of  signs 
interrupted,  namely,  when  a  greater  value  is  to  be  subtracted 
from  a  less. 

But  if  every  set  should  have  the  same  order  to  signs  con- 
trary to  those  in  the  set  immediately  preceding,  smd  conse- 
quently every  set  omitting  one  set  continually,  have  the  same 
order  of  signs,  then  by  continually  multiplying  by  s  cos.  of 
^qz,  we  shall  get  new  series  by  taking  the  differences  of  the 
coefficients  of  any  term  and  the  rth  term  from  it. 

Scholium  II.  We  may  by  the  methods  above  not  only  find 
the  valuation  of  infinite  series,  but  likewise  of  finite  series. . 

Exan^le  1 ,  Required  the.  sum  of  the  r  first  terms  of  the  series, 
COS.  of  nz-]-  COS.  of  n+g.^-J"  ^s.  oin^%q.z  &c. 

The  series  ad  infinitum  may  be  written  thus,  cos.  of  nz^ 

COS.  of  n-j-^-^+cos.  of  n-^-^q.z -f-  cos.  of  n^r — i.qz 

4-  COS.  of  n+fTgf.2:+  cos.  of  ;x+r-f  1 .9.^+  &c.  ad  infinitum, 

from  which  if  we  take  cos.  of  n-^-rq.z-^'^  cos.  of  n-f-r-f-  i.q.z 

+  cos.  of  n-^r^^.q.z  &c.  ad  infinitum,  we  shall  have  the 
required  sum;  the  first  of  these  hy  Example  2,  Theorem  L 

^  sine  of  n-^^g.z 


2  sine 


^fp^i  and  the  second  by  the  same,  hy  merely 
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writing  n^rq  in  the  room  of  n,  is  equal  to  —  '^^^"^J^^^^ 
consequently  the  sum  of  the  r  first  terms  = 

sine  of  «.f  r^Ay.g,^  sine  of  n— fy  g 
2  sine  oi  iq»  *~^* 

Cor.  I.  If  n=5f=i,  and  n;  the  whole  circumference  of  the 
drcle,  we  shall  have  cos.  of  X'\-  cos.  of  stx^  cos.  of  3^ 

+    ^^^    ^r  ..-^       ^*"*  ^f  36o®+>f— l^.as—  sine  of  n^-^iq.z         _  ^i 

~^-  ^f  ^= ^ T&r^sc —  =  ^>  ^  theorem 

said  to  be  used  by  Le  Gendre  in  his  inscription  of  a  polygon 

of  17  sides ;  and  if  we  have  rqz=z  to  the  whole  circumference, 

we  likewise  have  in  general  cos.  of  nz-^-  cos.  oin-^q.z 

+  cos.  of  »+r — 1  .g.«=o,  and  if  »=^,  we  have  in  general 
COS.  of  n%^  COS.  of  S^z^  cos.  of  snz+  &c. cos.  of 

'  sine  of  2rnz 

^^ — 1  •  ^^=    ^  e;,.^  ^f  ^^' 
2  sine  or  nz 

Example  2,  Required  the  sum  of  the  series,  cos.  of  nz — 


COS.  of  »+9-^+  ^^-  ^^  n-^-SLq.z +  cos  of  n+r— 1.5.^ 

the  upper  sign  to  be  taken  if  r  be  odd,  and  the  under  sign  if 
even. 
The  series  is  evidently  the  diifFerence  between  the  series 

COS.  oinz —  COS.  of  «+^.^+  &^-  ^  infinitum  and  +  cos.  of 


^-f-rg.x  +  cos.  of  n^r-\'i.q.z  &c.  ad  infinitum y  by  proper 
substitution  in  Example  1,  Theorem  II.,  we  have  their  respective 

sums  TJITP'"  and  +  '^!:^^^±^,  and  the  difference  = 

2  COS.  of  ^x  ^       2  COS.  ot  ^qz      ' 

COS.  of  ^^±joL^^  the  upper  sign  to  be  taken  if  r 

be  odd  and  the  under  if  even. 

Example  2,  Required  the  sum  of  the  r  first  terms  of  the  series. 
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7+3^1*  COS.  ofp-^^q.z  &c. 

Using  Theorem  11.  to  find  the  suxaxtd  jnfinttum,  aud£X{>and- 
ing  the  coefficients,  we  have, 

a,  6,  iT,  //,  &c.^:U\i''j'9lv+%^,t•+4ftV'j'4p\t^+6tv+J^,-^ 

t-^Stvi^i6t^,  &c. 
a,  a',  f,  c',  &c.=/%        sii'+p*,       «i»-f  SI/*,        Qtv+s^, 

«^  ^'^  &",  i^'*  &c.=:/%— i^+^ft^+PS  «x^,  «v% 

o,        &cJ 

Therefore^  the  sum  ad  infinitum  =5:£f*  cos.  of />— |^  .2?-J- 
2/' — siz; — t;V  cos.  of /> — -^  .  2:+i— vh  COSL  i)f /+  iq  ..X^  -f* 
a  COS.  of  ^qz\^y  but  the  sum  of  r  first  terms  of  the  series  is 
evidently  equal  to  the  sum  ad  infinitum  +  the  sum  of  the  series 

Tfrv[*cos.  of p^rq.z—t'{'r'^i.v\^cos.  of p-^-r+T.q.z-^-  &c. 
adinjinitum,w}nchis  found  from  thelast  by  writing  t^rv  fort,  and 

p+rq  for^,tobe  [[i+nJj*co&.  of/+r — |j.2;+2f*4-2r— t^ii; 

4-ar'— sr— 1  .z;*  cos.  of^  +r  — ^igr.  2;  ^-Z  +  r — i.^h^os.  of 

Z^+^+i  -^  •  ^H  -fscos.  of  i^|%  which  added  to,  or  subtracted 
frora^  the  vaLne  >ahavj&,aooording  as  r  is  odd  or  even,  gives 
the  sum  of  r  first  terms  of  the<>riginal  series. 

Cor.  If  «=o,  the  cosine  ^  any  multiple  of  r  ^wiii  be  equri 
to  1 ,  therefore  the  sum  of  r  first  terms  of  t*-^  ^p^^t  +3«f 
&c.  will  be  equal  to  ^^-^^^^-^^^^^^^^  + 


- "  "    "  Q  ■  ^1:^;  ■  M- 


2       — 


Digitized  by 


Google 


fy  a  Method  of  Difference.  175 

+%r^t.  ^     ^r. — |.  Qj.  _  tQ  5g  taken  according  as  r  is  odd 

or  even,  that  is,  /•+f^.ft^+  ^~  t;*  if  r  be  odd,  and  — Hv  — 

~^.  v^  if  even.  And  thus  we  might  proceed  to  the  discovery 
of  an  infmite  variety  of  theorems  relative  to  the  sines  and 
cosines  contained  between  any  two  limits  in  a  circle,  and  the 
consequent  inferences,  the  method  being  capable  of  a  very 
extensive  application ;  but  rather  than  tire  the  reader's  pa* 
tience  with  what  he  may  effect  himself  from  what  has  been 
already  said,  if  there  shoidd  otherwise  have  been  any  diffi- 
culty^ I  shall  propose 

Theomny* 

If  we  have  the  sum  of  the  series,  a  sine  of  p%^h  sine  of 

jf^+9^+^  ^^^  of/>+ag.«+^^^^  of^+S?*^  &c.  expressed 
generally  in  terms  of  j^,  qr  and  z,  we  may  find  the  sum  of  the 

series,  a  cosrof /z+fi  cos,  of />+^.5;-|-^cos.  of />-f-®?-^+^ 
COS.  of^+35f  .z  &c.  expressed  generally  in  terms  of  ^,  g,  and 
z,  and  the  contrary. 

For  if  we  put  QO^-^-pz  for  pz  in  the  series,  and  in  the  ex- 
pression for  its  sum,  we  cfhafi  have  instead  of  the  sum  of  the 
series,  a  sine  ^pz^^sm^  ^p^^.%-\^  sine  ofj^+s^.«  &c.. 


the  sumof  the  aerie^  a.  sine  of  90  +/^2;+6.sineof  go^'-f^+^.r 
-f-^  sine  of  ^o^'-fjH^sg.z  &c.  or  because  the  sine  of  an  arc  is 
equal  to  the  sine  of  tSo^ —  that  arc,  we  shall  have  the  sum  of 
the  series  a .  sine  of  Qd'—pz-^-h.  sine  of  Qd^—p^q.z  &c.  or  its 
equal,  a«cos.  of  j>2-{"*.  cos.  of/>+9-^+^-  ^s.  oip-\'9,q.z  &c. 
which  is  the  first  part  of  the  theorem ;  ©id  by  fblkming  the 
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steps  backwards,  and  substituting  ^2; — gd"  for  pz  throughout 
we  get  the  second  part  Q.  E.  D. 

This  theorem  evidently  supposes  that  the  functional  values 
ofpz  are  distinct  in  the  general  expression  for  the  sum  of  the 
series,  before  the  substitution  takes  place,  which  may  not  be 
the  case  if  ^  has  any  particular  value,  or  even  if  p,  q,  and  % 
have  any  relation  to  each  other. 

Theorem  VL 

Given  the  sum  of  the  series,  a  sine  of  ^z^.b  sine  of  ir+K.z 
^c  sine  of  fr+2K.z^d  sine  of  tt^^k.Z'^  &c.  and  likewise  of 
a  COS.  of  xjr+ft  COS.  of  ir-j-jc.%-|-c  COS.  of  ir^stK.z-^  &c.  ex- 
pressed generally  and  distinctly  in  terms  of  z  for  any  parti- 
cular values  of  «-  and  x,  except  »=:o,  «-  and  k  having  the  same 
value  in  both  series ;  there  will  likewise  be  given  the  sum  of 
the  series,  a  sine  of  ^^+6  sine  of  p+q.z-^-c  sine  of^-f-a^.^ 
&c.  and  likewise  of,  ^  cos.  of  ^;^+6  cos.  of  p+q.z-\'C  cos.  of 
p'\'^q.z  &c.  generally  and  distinctly  in  terms  of  ^,  g,  and  z. 

For,  calling  the  first  series  A  and  the  second  B,  and  put- 
ting z=:  — ,  we  have  by  substitution, 

a  sine  of^X'\'b.sine of ^^q.X'{-'C .sine of ^-{-^q.x-^-d.sme 

of?  +3?  .r+  &c.  =  A,  and 

acos.  of2Ix+^cos.of2[  -j.  q.X'{'C. cos. of ^+iq.X'{-'d. cos. 

of£:-|.gg.x+&c.  =  B. 
A  and  B  being  now  expressed  in  general  terms  of  q  and  x, 

and  particular  values;  multiply  the  first  by,  2  cos.  of />—  ^ .  x 
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and  the  second  by  a  sine  of /-«-  ^  •  i:  by  means  of  lemma> 


No,  II.  and  we  get,  a  sine  of  px-^d  sine  of />—  ^.x+b  sine 

ofp'^q.x — b  sine  ofp ^"^      q .  x-j-c  sine  of  ^-f  «^.x — csine 

oip^  21 — %q,x  &c.=aA  cos.  dLp—^^, .  x,  and  a  sine  of  px 


4*tf  sine  of^—  ^ .  x+ft  sine  of/  -|-9-'^+*  sine  of/—  ~  r- y .  x 


+C sine  of/-f-2^  .x'+c  sine  o£p ^  — 2(7. x  &c.=2B  sine  of 

/ — ^x;  consequ^itly,  adding  these  two  together,  we  have 
by  dividing  by  «,  a  sine  of /;f-[-6  sine  of />+^.x-f£:  sine  of 


/+2g  -x&c.rssA  cos.  of  / — ^.  x  +  B  sine  of/—  -^ .  x,  ex- 
pressed generally  and  distinctly  in  terms  of  /,  q,  and  x,  the 
equation  will  therefore  remain  if  we  put  x  in  the  place  of  x 
liiroughout,  and  therefore  the  sum  of  the  series,  a  sine  of 
p%^b  sine  o{p^q.z  &c.  is  given  ^expressed  generally  in  terms 
/,  q^  and  of  z^  which  is  the  first  part  of  the  theorem.  .  . 
"  Again,  by  muhipljnlng  the  series,  a  sine  of  ~  x+6  sine  of 

—  +^ .  X  &c.=A,  by  2  sine  ofp —  ^  x,  by  means  of  lemma 

No.  I.  and  the  series,  a  cos.  of  21  x+  cos.  of  21  J^q  .x  &c.===B^ 

by  a  COS.  of^—  ?*  ^7  means  of  lemma  No.  II.  we  shall  have 

a  COS.  of  ^—  ^.  x—a  cos.  o{px-{-b  cos.  ofp—  ^ — g  .  j — 6 

COS..  of /+qf .  x+  eos.  of /Ni*-  ^  — sg  jr-^r  cos.  of  /+^  •  «^  + 

&c.=ifA  cos.  of  / — Clx,  and  a  cos.  of/— 21 .  x+a  cos.  ofpx 

^6  cos.  of  ^—  ^  .9.4;..^  cos.  of ^-{-a.x4<  COS.  of  ^ —  ^— ag 
Miicccvi.  A  a 
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.jr4-f  Gos.of>4-8f  .x4-  &ass»B  cos.of /th^^jT;  half  die  di£» 

ference  of  these  two  series  gives, 

a  COS.  of/x+^  <5os.  of  7+^-J^+^  co^.  ef/+«g,x+  &c«=:B 

COS.  of^— 2I.J; — A  smeof^— 2;. X  expressed  generally  and 
distinctly  in  terms  of^,  q^  and  x\  and  consequently  by  writing 
X  for  jr  thFoughout,  w«^  have  the  sum  c^  the  senes^  ^  cos.  of 

^«-f  6  cos.  of />■+•?•  ^+^  9^-  of  jf4-2^?-^+  &cr.  expressed  ge- 
nerally and  distinctly  in  terms  z^pj  and  q.    Q.  E.  D. 

Cor.  I.  It  is  evident  that  p  and  qf  may  be  taken  any  nmnbers 
either  positive  or  negative^  kit  %  ought  not  to  he  equal  to  0^ 

for  we  could  not  then  eflfect  the  substitution  z^ss.  2f  , 


Cor.  n.  Putting;,  a  cos.  of /«+^  ^^^-  of /i-f  ?-^  &c=^P,  and 
m  sine  of  j>%+t  ame  <rf  J+i?  .^  &c.533Q^  and  alao  QTand  A'  fiwr 
the  values  that  B  and  A  become,  by  writing  «  for^f  ift  thoae 

values^  that  is,  s  ftu*  -^  in  the  girdi  expre$sioi}s  B  and  A  we 
shall  have  P=B'  cos.  of  ^ —  ^  z-^A!  sine  of  jp —  —  ^z^  and  Q 
=iB' sine  oip—^ .  2?+ A^  cos.  of/>—  -^^.z. 

Cor.  III.  Hence  we  may  again  prove,  that  if  we  have  Ae 
sum  of  the  series,  aj  sineof  jftz*}-*  sine  of  ^-f  y.«4"&c-  ex- 
pressed generally  in  terras  of /,  f,  an4;%^  H^e  mf&y  fii^dtbe 

series,  a  cos.  of /z^"^-  ^^'  pf^+^.«+  &c.  expressed  gene- 
rally in  terms  of  ^,  ^,  and  z^  and  the  contrary.  For  having 
the  sum  of  the  first  by  writing  ir  for  ^,  «  for  gr,  we  ahall  have 

the  sum  of  the  series^  a  sine  of  ^z-f*  9ine  of  flf+ic,'%4'  ^^^ 
=A,  expressed  by  z^  and  particular  values;  in  which  writing 

^  for  «,  we  get  A^  therefore  having  A'  and  Q,  we  may,  by 
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help  of  Cor.  11.  find  P  in  terras  otp,  q,  and  z,  and  particular 
values^  namely,  the  sum  of  the  series  a  cos.  of  pz-{^h  cos.  of 

P+q-x  Sec.  and  in  a  ^milar  manner  the  contrary  is  proved. 
Q.E.D. 

If  we  hwe  'die  sum  of  tide  series,  a  sine  of  px+b  sine  of 
qx-^i-c  sine  of  nt+  &c.  expressed  generally  by  x;  we  have 
likewise  the  sum  of  the  seri^,  a  cos.  of  ^  •  sine  of />y +6  cos. 
of  qx .  ane  of  qy+c  cos.  of  rx  sine  of  ry  &c.  expressed  gene- 
rally by  X  zndy.  And  if  we  have  Ae  sum  of  the  series,  a 
COS.  of/r+6  COS.  of  g«+^  cos.  of  rr  &c.  expressed  generally 
by  z;  we  have  likewise  the  sum  of  the  series,  a  cos.  ofpx . 
Cos.  of  py^b  cos.  of  ^x .  cos.  of  qy+c  cos.  of  rx .  cos.  of  ry 
&c. ;  and  also  the  sum  of  the  series,  a  sine  of  px .  sine  of  py 
+&  sine  of  qx .  sine  of  qy^c  sine  of  rx  sine  of  ry  &c*  ex- 
pressed generally  in  terms  of  x  and  y. 

First ;  if  we  have  the  sum  of  the  series,  a  sine  of  pz^b 
sine  of  qz  &c.  expressed  in  terms  of  z,  by  writing  x-f-J'  ^^  ^^e 
room  of  z  throughout,  we  shall  have  the  sum  of  the  series^ 

a  sine  of /.x-f-y-f**  sine  of  q.X'^y^c  sine  of  rx+y  &c.  ex- 
pressed in  terms  of  x  and  y  and  in  like  manner  by  writing 
X— y  for  z  we  shall  have  the  sum  of  the  series,  a  sine  of 
p.x-^y-{'b  sine  <rf  g.x— y+c  sine  of  r.x^^y  &c.  expressed  in 
terms  of  x  and  y ,  therefore  the  hjdf  difference  of  these  two, 

that  is    a   sin«  cUp.x-^y^  sine  isfp.x^y    ,    .     sine  of  ^.x4^-»  sine  of  ^.x—y 
'  2  ■  2 

+^     iirieofr.x+v — sine  of  r^r^^^  o  -^  11.1  ^r     rr 

c . ii^-j — ^ i  &c.  or  Its  equal  by  lemma  No.  II, 

a  cos.  ofpx.  sine  of  py+b  cos.  afqx.  sine  of  qy-^c  cos.  of  rx. 

A  a  2 


Digitized  by 


Google 


^8o        Mr.  Go{4PERTZ  on.  Series  xvhUh  f^y  he  summed 

;sine  of  ry.-f  &c.  will  likewise  be  expressed  gfnerajly  in  term^ 
of  :r  and  ^,  which  is  case  the  first.  .- 

Again,  if  we  have  the  sum  of  the  series  a  cos.  of  ^z  +  b  cos. 
oiqz  &c.,  expressed  generally  by  2;;  by  writing  x  —y  throi^hr 
out  for  %  we  shall  have  the  sum  of  the  series  a .  cos.  o£p  .x—y 
-f-  6  COS.  ofq.x  — y  '{'  c  COS.  of  r. x— ^  &c.  expressed  gene- 
rally by  X  andy  and  by  writing  x  -{-y  for  %  throughout,  we 
shall  have  the  sum  of  of  the  series  a  cos.  of  ^ .  X'\-y  +  b  cos. 

of  q.x  -f-^  +  ^  ^^-  ^f  ^- •^"+3'  &^-  expressed  generally  in 
terms  of  x  and  y,  and  consequently  the  half  sum  of  the  two 
which  by  lemma  No.  III.  is  equal  to  a  cos.  of  ^x .  cos.  of  py  -f- 
b .  cos.  of  qx .  COS.  of  qy  +  ^  cos.  of  rx .  cos.  of  ry  &c.  will  be 
expressed  generally  in  terms  of  x  and  y  ;  and  the  half  differ 
rence  of  the  two  which  by  lemma  No.  I.  is  equal  to,  a  sine  of 
px.  sine  of  py  4-  b  sine  of  ^rx .  sine  of  qy  -{-  c  sine  of  rx .  sine  of 
ry  &c.  will  likewise  be  expressed  generally  in  terms  of  x  and 
y.    Q.E.D. 

Corollary.  From  the  sum  of  the  series,  a  sine  of  pz  +  6  sine 
of  qz  -f-  &c.  having  obtained  the  sum  of  the  series,  a  cos.  of 
ofpx.  sine  of  py  -f  6  cos.  ofqx.  sine  of  ^^^  &c.  if  a'  be  put  for 
a  COS.  of  pXy  1/  for  6  cos.  of  qx,  d  for  c  cos.  of  rr,  &c.  this 
series  will  be  reduced  to  a'  sine  of  py  -j-  ^  sine  of  ^j^  +  c^  sine 
of  ry  &c.  which  is  of  the  first  form  of  this  theorem,  and  con- 
sequently from  it  may  be  deduced  the  sum  of  the  series  a'  cos. 
otpw .  sine  of  pv  -f-  V  cos.  of  qw .  sine  of  qv  -\^c  cos.  of  rw  • 
sine  of  ru  &c.  and  therefore  its  equal  the  sum  of  the  series 
a  COS.  of  pw.  COS.  ofpx .  sine  of  ^i'  +  b  cos.  of  qw  .  cos.  of  qx . 
sine  of  qv-^-c  cos.  of  rw .  cos.  of  rx .  sme  of  n;  +  &c-  ^"  terms 
of  Vy  Wy  and  x,  but  if  a'  had  been  put  for  a  sine  of  py,  V  for 
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h  OTiC'of  qy  6cc, ;  we  should  have  had  the  series  reduced  to 

the  form  a!  cos.  of  /^y  +  6'  cos.  of  qy  &c.  which  is  of  the  sd 

form  of  the  theorem,  and  consequently  from  it  is  deduced  the 

sum  of  each  of  the  series,  ist.  a!  cos.  of  ^u; .  cos.  of  ^z'  -f-  b'  cos. 

of  qw .  COS.  ofqv  &c.  that  is,  of  the  series  a  cos.  of  pzv .  cos. 

ofpv:. sine  of  px  +  6  cos.  of  qxv . cos.  of  qv .sine  of  qx  &c.  in 

terms  of  v,  ti;,  and  x,  which  is  indeed  similar  in  form  to  the 

series  found  by  the  other  substitution ;  and  2d.  the  sum  of  the 

series  of  sine  ofpw .  sine  ofpv  +  i'  sine  of  qw .  sine  of  qv  &q. 

.or  its  equal  the  sum  of  the  iSeries  a  sine  of  ^zc;.  sine  of  ^x.  sine 

ofpv  4-  b  sine  of  qw .  sine  of  qx .  sine  of  ^  +  &c.  in  terms  of 

r,  Wy  and  X.    And  in  a  similar  manner,  from  the  sum  of  the 

series  a  cos.  of  ^;^  +  6  cos.  of  q%  &c.  having  found  the  sum  of 

theseries  a  cos.  otpx .  cos.  oipy  +  h  cos.  of  qx .  cos.  of  qy  Sec. 

we  lAay  find  the  sum  of  the  series  ^  cos.  of ^ .  cos.  ofpv .  cos. 

ofpx  -f-  6  cos.  ofqw .  cos.  oiqv .  cos.  ofqx  +  &c.  in  terms  ofw, 

V,  and  X,  and  likewise  the  sum  of  the  series  a  cos.  ofpw .  sine 

of  pv .  sine  of  px  -\^b  cos.  of  qzv .  sine  of  qv .  sine  of  qx  &c. 

And  in  a  similar  manner  also  may  we  proceed  by  degrees  to 

more  complicated  cases. 

Example  1.  -  Because  (from  Example  1.  Scholium  2.  after 
Example  3.  Theorem  IV. )  we  have  the  sum  of  the  r  first 
terms  of  the  series,  cos.  of  nz  +  cos.  of  n-\^q.z  -\^  cos.  of 


n.4.  ^q.z  &c.  =  [[sine  ofn  4-  r—^.q.z-^sineofn  —  '^.z^ 
:  8  sine  of  ^z :  if  a:  — y  and  x  +  ^^  he  written  for  z,  then 
the  half  sum  and  half  diflerence  of  the  resulting  expressions, 
by  case  2  of  this  theorem,  will  give  the  r  first  terms  of  th6 
series  cos.^  of  nx  .  cos.  of  ;i^  +  ^^-  ^f  »  +  q .  x .  cos.  of 
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•     ,"  o  iine  of  w  +  f  —  t .  g .  ar  —  jr  —  Ane  ef  »  —  j^.  x^^jT 

'      *     "^  4  SUtt  of  ^.Xi— y 

.  rineofrf7^^.r+7-^?rf*'^.*7}.  and  the  sum  of  the 

r  first  terms  of  the  series  oncof  «JC.6ineof  «y  +  smeof  »+g 
.z. sine  of  »"+g-^  +  ^®  of  w  +  ^^'-'^-ane of  »  +  aj.j'  Ac. 

4riiieofi4.x~jr  *"  1  a    i 


.  J^^  —  sine  of  »  —  ^  .X +>;]^  4  sine  of  f^ .X +> 
Cor.  If  rx  and  ^  be  both  multiples  of  the  whole  drcumfe- 

Fence  the  said  two  values  will  be  equal  to  o. 

Example  a.  Because  (from  Cor.  i.  Example  s.  Thatrem  II.) 

we  have  sine  of ^« — r  sine  of  p-^q.  x+r,^  sine  of ^  +  tq 
.x&c.=s  ''°"^^~^''*  we  have  by  this  theorem  case  i,  cos. 

2  COS.  of  iq*Y  ^.^..mm. 

ofpx .  sine  of  /ly  —  r  COS.  of /» +  ^ . X .  sine  of  ^  +  9  •  J*  +  ^. 
i±lcos.  of/+fta.x.  Jdne  of  p-^-aq.y  &c.  =  !L°'°ff--^r  •*+•>[ 

*  X      «         a  -  2. 2  COS.  of  {^.*+^' 

__  sineof  »^4^r.*~y    ^j  becausc  by  the  same  cos.  of  pz—r 

».2COS.off9.*— jrf  • 

COS.  Of  f+5 .  a;  +  r .  !±i  cos.  of  ]FR . «  &c.  ===  S2^^^ 
we  have  by  case  s  of  this  theorem  cos.  of  px .  cos.  of  py  -~r 
COS.  of/"+^ .  iT .  cos.  of /TTO'  +  ^^  COS.  ofp  +  ag.^. 

„ o  cos,  of  »  — jqr.  J— y    .    cos,  of  »  —  j^r .  j  ^.  y 

cos.  of  <»+aq  .jy  fire.  =  -r— s£=a.a=as^  H .,      m  .r 

^^     ^  "^  a.2CO$.of|fl.«-y|'         a.»eos.of|v*+>J 

and  sine  ofpx .  sine  of/-;'  —  r  sine  of/  +  ^ .  x .  sine  ofp  +  9 

,    -       aa.xtfp'-~iqr.x—y  ___  cos,  of  ^  — |yr_i£  jj> 

a.2cos.ofi<.*^r  i.zcos.oiiq.x-^yf 
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Cor.  If  in  tlwfle  we  either  put  ^r  — » ^  or  iqr  m  the  place  of 
/k,  we  s^l  get  theorems  for  the  rectangles  of  sine  and  co- 
sines, rectat^les-Qf  cosines  and  the  rectangles  of  sines  sunilar 
to  those  of  Cor.  11,  and  iik  (respectively)  Exampk  a.  Theorem  II. 
for  the  simple  sines  and  cosines. 

General  Scholium^ 

It  is  necessary  to  obeserve,  that  thera  may  be  particular 
cases,  in  the  summation  of  which  these  methods  fkil,  and 
whidi,  if  not  propcrfy  ccmsidered,  may  lead  to  great  errors 
cspedally  when  new  series  are  derived  from  those  containing 
fidfing  cases,  by  multipfymg  by  flufxions,  and  fintfing  the 
fluents  of  die  expressions  tismaoe  arising.  For  if  ^  qop» 
rectian  should  happen  to  be  sought  from  any  of  the  faiKng 
casein,  the  summation  of  the  new  series  might  not  only  fail 
in  the  failing  case  of  the  primary  expression^  but  in  every 
other. 

From  Example  1.  Theorem  L  we  have  sine  of  p%  -|^  sine  of 

j:n.^  +  sineof7+55.«&c.  =  S2L^^;  thiswheit 
9  x^  Q,.  wiU  be  sine  of  o  •{-  9ine  of  o  -f*  sine  of  Q  &c.  or  o  -|-  q. 

•¥°^^  —  »1LlJ*o  '^ rsshr^'  ***  ^  ** «"™  ^  »  ««"«« 

of  iK)i9ht&  inftxite,  w^di  is  ahsisrd.  Again,  in  Example  s. 
Theorem  L  Cor,  i.  cob.  of  nr  -f-  cos.  of  s*^  +  cos.  of  gnx 
9t»'  s?;  o»  therefore  if  £  be  taken  ss:  o  it  will  be  i  -f  i  4^  i 
lie.  3=9Q  which  m^httobe  infinite,  and  inCbr.  11,  x  h&ng  sb  o 
we  have  1  4- 1  +  1  +  t  &c.  =9  •*  ^. 

In  order  to  explain  the  reason  of  these  absindities,  and  to 
prevent  the  errors  they  may  produce,  it  is  necessary  to  am- 
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sider  the  subject  more  minutely,  to  which  purpose- Scholium  11. 
at  the  end  of  Theorem  IV.  will  af&rd  great  assistance :  fronl 
that  it  appears,  that  the  sum  of  the  r  first  terms  of  the  series 
COS.  of  nz  4-  COS.  of  n  +  ^  .  %  +  cos.  of  n  +  «?  • «  &c*    = 

sine  of  n  4.r— l^.ss—  sine  of  n-^kQ  x  j   i.        •     m  '      \i.il   /  Ji^ 

a^^cofi^g ^ — »  ^^  *^y  simdar  means  that  the 

sum  of  the  r  first  terms  of  the  series  sine  of  «»+  sine  of 

_   ,       _  ,      .  /.  ■     ■ '    "       ,     o-  — COS.  of  «+r— .|o.«+Cos.«ffi^49« 

»+^.»+  sine  of  «+«g«+  &c.= ».ii;eot4o«    •    ,      i 

now  it  is  plain  that  if  qz  were  either  equal  to  o  or  a  multiple 
of  360""^  sine  of  ^z  would  be  equal  to  o^  and  because  r  is  ^ 
whole  number,  rqz  would  either  be  equal  to  o  or  a  mifltiple  o^ 

360%  and  consequently  the  sine  of  »+r — ^.^.iK=s  sine  of 
n — jij.z  and  the  cosine  of  n-f^ — 2-?-^=  ^s.  of' n—'^.q%  and 
therefore  the  sum  of  the  series,  cos.  of  nz-^-  cos.  of  n-f^-^ 
&c. =(  when  ^r=o  or  some  multiple  of  360*)    -    -    -    • 

sine  of »— fa.r— .  sine  of  n^^^.a;         o  j       r      •  r      ^  i     -.:— ^    -^r 

Es — 2L-— -_    and  of  Sine  of  nz4»  sme  of 

*  o  o  ■ 

n-^-q.z  &c.=:§  whatever  r  may,  whether  finite  or  infinite/ 
indeed  the  determining  the  value  of  §,  depends  on  the  value 
of  r;  but  if  qz  be  any  thing  but  o  or  a  multiple  of  36o*,  the 

value  of  the  sine  or  cosine  of  «+r— ^.2:  will  depend  on  the 
value  of  r,  and  may  then  be  varied  from  positive  to  negative 
and  from  negative*,  to  positive,  by  merely  increasing  r,  and 
consequently  when  r  is  infinite,  there  being  no  reason  for  its 
being  positive  rather  than  negative,  or  negative  rather  than 
positive  it  should  be  considered  o ;  and  ^tterefore  the  sum  of 
the  infinite  series,  cos.  of  nZ'\^  cos.  of  n^q  •  x;  &c.  =  — 

sine  of  ^^g""  ^^^  ^^  ^^^^   ^f    ^^  +  sme    of    n^q.Z    &C.  SB 


sine 


Digitized  by 


Google 


7)y  a  Method  of  Differtncis.  185 

^\^^^  ^  every  case,  (the  same  as  in  £xam^/e  to  Theorem 
I. )  except  when  q%=o  or  some  multiple  of  3^0* ;  on  adcount 
of  there  heing  something  else  to  be  taken  into  consideration, 
in  that  case.  Again,  it  appears  by  Example  d  of  the  said 
schoHmn,  that  the  smn  of  the  r  first  terms  of  the  series, 
cos.  of  nz — cos.  of  n+^.»-f-  cos.  of  n-|-2g.» —  &c.  = 

COS.  of  If— fa.r±  COS.  of  M4-r«..|.a.«     ^i  j  -^^  ^^  u^ 

gc<w.Sw  — ^»  **^  upper  or  under  sme  to  be 
taken  according  as  r  is  odd  or  even.  And  by  similar  means 
the  sum  c^  the  r  first  terms  of  the  series,  sine  of  nz-^  sine  of 


n+g . «-!-.  sine  of  n^%q . % —  ane  of  n^^.x  &c.  is  found  s= 

tine  of «— f^.sdb  sine  of  ii4-r— l.o.s     .t  •       ^    i^     ^  i        •#•     • 

g^ofliT^ — ^^'  upper  sign  to  be  taken  if  r  is 
odd  but  the  under  if  even*  Here  if  g«5B5i8o%  or  any  odd 
multiple  thereof,  the  cosine  of  ^z  will  be  =  o ;  and  if  r  be 

even  at  the  same  time  the  cos.  of  n^r-^^.q.z  will  be  equal  to 
the  cosine  of  n — ^*qjz  and  the  sine  of  »+r— §^.g.z==s  sine  of 


n—  ^z ;  but  if  r  be  odd  we  shall  have  the  cos.  of  n  -[-r—  ^.q  ,z 
=  —  cos.  of  »— -l^.^  and  sine  of  n+r— ^.g.»=  ~  the  sine 
of  r— ^.5?;  consequently  by  substituting  these  values  in  the 
above  expressions  for  the  sum,  due  regard  being  had  to 
the  signs,  we  shall  find  that,  whatevw  r  be,  the  sum  of  either 
series  will  be  expressed  by  ^ :  but  if  ;t  be  any  other  value  it 

ajqiears  that  +  &e  sine  or  cosine  of  nJ^r^^.q.%  depends  on 
the  value  of  r,  and  may  be  either  positive  or  negative,  by 
varying  r;  and  consequently  should  as  above  when  r  is  infj* 
nite  be  considered  s;=  0.    And  the  sum  of  the  series,  sine  of 

MDCCCVI.  B  b 
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nz-^  sine  of  »4-a.«+  &c.  will  be  =  ~4^-^rr^>  and  of  cos.  of 

■  *       ■  2  COS.  or  j^« 

nz-^  COS.  of  n +9.^4"  ^^-—^os.oT^g'^^  ^^  ^^  Example  i, 
Theorem  II.  except  when  ^r=  some  odd  multiple  of  180?, 
something  else  being  in  that  case  to  be  takes  into  considera^ 
tion ;  and  thus  are  we  to  reason,  in  the  failing  cases  of  other 
expressions :  but  by  the  common  rules  for  finding  the  value 
of  4n  expression  when  the  denominator  and  numerator  vanish, 
we  may  find  the  value  even  in  the  failing  cases;  thus  bj 
dividing  the  fluxion  of  the  numerator  by  the  fluxion  of  the 

denominator  in  the  expressions  -  cos.  <>f  ^-^^y^^^-  <^^^^. 

J  sine  of  n-frl^.^.jB— sine  of «— .T^.«  j  ^i.  i  •   $^     ^      ^ 

and 2sineof|yz ^^'  ^^  ^^'^  makmg  qz=o,  or 

some  multiple  of  360'',  we  shall  get  simply,  o  for  the  sum  of 
the  r first  terms  of  the  series  sine  of  nz-^  sine  of  n-\^q.z+SiCc., 
and  r  for  the  sum  of  the  r  first  terms  of  the  series  cos.  of 


nz-}-  COS.  of  n+?.^+  &c-  when  «=:o  or  some  multiple  of  360% 
that  is,  o  for  the  sum  of  the  r  first  terms  of  the  series,  o-f-o-f-o 
&c.  and  r  for  the  sum  of  the  r  first  terms  of  the  series,  1  -f.  1  -J- 1 
&c.  which  is  self-evident.  And  thus  may  we  proceed  in  other 
expressions  when  the  sum  of  r  terms  can  be  obtained  by  a 
general  value. 

That  these  things  should  happen  as  above  described,  is 
likewise  evident,  from  the  investigations  of  the  theorems  ;  for 
in  Theorem  I.  for  instance,  we  have  5*  =  ±  2  sine  of  ^^s^*""* 
or  +  5 .  ssineof^gz^j"',  ir  being  a  positive  whole  number ;  there- 
fore if  the  sine  of  ^qz  be  =0,  which  will  happen  when  qz=so 
or  some  multiple  of  360^,  it  is  plain  that  we  should  have 
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s^isii  ±'^'xo,  or  ±  ^xo,  and  consequently  5«^  ought  likewise  to 
xame  out  equal  to  o,  and  therefore  y,  would  be =§;  and 
consequently  when  s^  in  that  case  does  not  come  out  =  o,  it 
is  certain  that  there  must  have  been  something  neglected: 
and  to  shew  how  this  may  happen,  we  observe  that  since 
Theorem  !•  and  IL  require  the  differences  of  tfie  coefficierits  of 
every  term  and  the  next  succeeding  term  to  be  taken,  it  is 
evident  that  the  last  term  will  have  nothing  to  be  taken  from, 
and  will  consequently  remain  through  every  new  series ;  in 
consequence  of  which  there  will  be  terms  of  the  form  A .  sine 
or  cosine  of  w\-qr.%y  (in  which  r  is  a  whole  number  and  infi- 
nite, the  number  of  terms  of  the  series  being  infinite,)  whose 
coefficient  a  will  never  be  =  o  unless  the  series  a,  6,  c,  &c.  be 
converging :  these  terms. are  unavoidably  omitted,  by  reason 
of  their  place  being  at  an  infimte  distance,  and  can  conse- 
quently never  be  arrived  at ;  but  still  unless  it  be  equal  to  o, 
it  should  not  be  omitted ;  which  it  cannot  be  unless,  either  in 
the  above  mentioned  circumstance  of  the  series  a,  6,  Cy  Sec. 
being  converging,  or  when  the  terms  of  the  series  of  sines  or 
cosines,  are  continually  changing  their  signs,  for  different 
values  of  r;  which  it  will  always  do  when  qz  is  not  equal 
to  o  or  some  multiple  of  360"";  provided  the  coefficients  a,  b^ 
€,  &c.  are  all  affirmative:  and  consequently  the  said  terms 
may  be  omitted  in  every  such  case,  there  being  no  reason  for 
taking  one  sign  rather  than  the  other:  but  if  qz  were  equal 
to'  jO  or  some  multiple  of  360',  since  A .  sine  or  cosine  of 
v-^r.z  will  then  be  simply  A  •  sine  or  cos.  pfpz,  and  there- 
fore if  the  same  sign  whatever  r  may  be,  when  a,  6,  c,  d,  &c. 
>-  -  -  -  to  A,  have  all  the  same  signs ;  and  consequently  cannot 
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be  then  neglected  unless  in  the  case  above  mention^  of  4,  h^ 
c,  &c.  being  converging,  in  which  drcwnstance  it  will  have 
no  failing  case :  but  had  the  co^cients  a^  6,  c,  d,  &c.  been 
alternately  4*  ^nd  v^,  the  failing  case  would  not  happen  when 
qx's^o  or  a  multiple  of  slSd",  for  then  there  being  no  reason 
for  taking  A  of  one  sign  rather  than  die  odier^  it  shouUI 
therefore  be  taking  equal  to  o ;  but  it  will  happen  when  sine  car 
COS.  of  w^qKz  is  alternately  positive  and  negative,  by  conti- 
nually increasing  r  by  1 :  for  then  the  coefficients  of  the  termi 
of  the  form,  sine  or  cos.  of^r^fqr.z  being  alternately  positive 
and  negative ;  and  likewise  the  terms  themselves  alternately 
positive  and  negative,  the  whole  values  resulting  frcxn  them 
will  have  the  same  determinate  sign»  and  tUs  will  be  when 
qxssiSof'  or  some  multiple  thereof.  And  if  a,  b,  c,  d,  9cc. 
be  positive  and  negative  aocording  to  some  other  law,  the 
failing  cases  may  be  found  by  the  13ce  reasoning ;  which  is 
likewise  applicable  to  the  other  theorems. 

These  remarks  pave  the  way  to  the  correction  of  fluCTts 
necessary  in  the  application  of  the  doctrine  of  fluxions  to 
these  series. 

1.  In  Ejumple  9,  Theorem  I.  if  for  nz  we  write  l-f-v,  and 

for,  q  vre  write  1,  we  shdl  have  cos.  of  i+^H"  ^^^  ^^  iHpiJ 
+  eo«.oflHFP&c. i^^ »ineofi.f£^ 

COS.  of  A.  sine  of  ks  sineof  A.cos.  of  Is;         cos.ofJI         iLr«.tA2^i^ 

both  sides  by  z,  and  find  the  consequent  fluents,  and  we  shall 
have  sine  of  XTH-  rineofITS_^  sineofrni  ^^  j^^  ^ 

C-T  sinecfA.^^  ^  i2^  i3,  whkfa  because  fcx».trf 
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jfit,  la  fxpxd  to^he  fluxion  of  sine  of  ^z^  is  equal  to  the  fluent 
ofC-sineof*;^!2^^^^ 

log.  sine  of  ^»—  ^^u^^,^  .  z^  a  correction ;  ik)w  this  correction 
must  not  be  sought  when  ;t?=o  or  a  multiple  of  360"* :  for  in 
that,  case  from  what  has  been  just  now  said^  the  primary  equa^ 
tim  £m1s^  <4r  rather  there  is^^a  si^plemental  yakie  onlythen  ix> 
be  prefixed;  therefidre  the  easiest  method  which  offers,  is 
when  ^e»l6o%if«!  then  have  the  5me  of  k+zsji  ~*,  sine  of 
A^9ste=s  sine  of  If,  sine  of  jfe+^ass:.—  one  of  i  &c.  and  sine 
of  ^»=i,  consequently  putting  Q  for  ^  of  the  periphery  of  a 
drcle  whose  radius  one,  the  expression  will  become  —  sine 

—  cos.  of  *i.Q+  correctipn  .-.  correction  =  sine  of  ifc.  log.  of 
24.  cos.  ofS.Q,  which  correction  being  prefixed  we  have, 

sme  of  ^:j+ -=2^4^  +  22^^2^  &c.==  sine  ofT  X  log.  of 

.   '    ,    +  Q  —  -T-  X  COS.  of  *:  which  is  only  true  whilst  z  is 

between  o  and  ^tifo*;  for  though  our  primary  equation  f»ls 
only  when  it  is  o  or  some  multiple  of  360%  and  is  true  in 
every  other  case,  whatever  z  may  be,  whether  more  or  less 
than  360*;  still  it  cannot  be  so  in  this  derivative  equation: 
.Iter  swpose  K  t&  be  the  said  supplemental  value,  wMdi  is 
equal  to  o  in  every  other  case  but  that  mentioned  above,  tlie 
derivative  expression,  will  in  that  case  contain  the  supplement, 
the  fluent  of  K.z  producing  a  correction  which  will  remain 
when  it  is  once  introduced,  though  K  may  afterwards  vanish, 
namely,  when  z  becomes  neither  o,  nor  any  multiple  of  360^ 
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and  therefore  every  time  js;  becomes,  by  flowing,  any  multiple 
of  360** ;  K  being  introduced,  it  will  introduce  an  additional 
correcfion,  which  will  remain  afterwards. 
If  this  equation  be  multiplied  by  z  and  the  fluent  be  again 

taken,  we  shall  have  52L£fI±5  +  ^fi^fllE  J.  ^SL^EIE  8c6. 

==  —  fluent  of  Csine  of  *  . i  log.  of  ^sineoff.  ^"Q"^  T-^ 
cos.  of  kj  which  fluent  is  easily  found  by  infinite  series,  but 
if  )&  be  =  o  we  shall*  have  cos.  of  *  =2 1^  and  the  fluent  =  Qz 

—  —  independent  of  the  correction,  that  is  Cos.  of  x  4-^2!i — ^ 
+  ^2L±^  &c.  ==  A  —  Q»  -f-  ^»  A  standing  for  the  correction : 

if  ;2;  be  =  to  the  arc  of  ^o*  or  Q,  we  shall  have  cos.  of  5;=sso, 
cos.  of  22:  =5  —  1,  COS.  of  3%=o,  COS.  of  42?  =  1  &JC.  therefore 

we  shall  havq  by  substitution  —  ■?  +  •!?"— ■gi  +  ^ss&c.  =:rA 

—  Q*^2!=:A  —  ~  Q*#  but  if  in  the  equation  z  be  taken 
=:  180"*  or  2Q,  we  shall  have  cos.  of  2?  =  —  i^  cos.  of  2Z  = 
+  i,  cos.  of  sz=  —  1,  &c.  &c.  .-.  —  1  -|.-1-:-  ij-f.  &c. 
=  A  —  2Q*  -f-  Q*  or  A  —  Q*,  which  series  being  the  same  as 
the  other  series  when  multiplied  by  4,  we  have  A—  Q*= 4A 

—  3Q-.-.  A  =  |Q-/.  1  _i  +  ±-  &c.  =  Q»-A=  |.', 

and  COS.  of  «  +  S2!i£if  +  £2!:^iJf  &c.  ^±Q*^Qz  +-^. 

It  is  remarkable  that  this  equation  is  true,  not  only  w^en  the 
equation  from  which  it  is  derived  is  true,  but  likewise  when 
2;  =  o  or  360"*  in  which  that  fails,  and  that  the  correction  might 
have  been  sought  in  those  cases  had  this  circumstance  been 
known.    Multiply  this  again  by  z,  aiid  find  the  fluent,  and  we 
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have  sine  of  «  +  ^1^  +  212!^ &c.  =iQ'«-^  +  ^ 

and  this  requires  no  correction  whilst  z  is  from  o  to  360  in- 
clusively of  both ;  this  is  evident  at  first  sight,  as  we  are  not 
now  obliged  as  before  to  avoid  correcting  when  2:=o  or  sSo"", 
as  the  equation  from  which  this  is  derived  doeanot  fail  in  thojse 
case9. 

2..  If  in  the  equation  sine  of  n%  —  sine  pf  n  4-9 . 2: .  +  sine 

of  7+  s^z  —  &c.  ^Tcl^ff^  *^l^ng  w^^  9^  =  ^^^'  ^^ 
an  odd  multiple  thereof,  we  put  n  =1,  g  =s  2  we  have  sine  of 
z  —  sine  of  ^zJ^  sine  of  5Z  &c.  =r  o,  failing  when  z  =  90''  or 
any  odd  multiple  thereof;  if  we  multiply  this  hyz  and  find 

the  fluent  we  shaU  have  cos.  of  z  -  ^2!::2£if  4.  52L2Lif  _  &c. 

■      3  5 

=  correction,  which  must  not  be  sought  when  z  =  90*,  or 
odd  multiple  thereof;,  if  it  be  sought  when  2;  =  o,  we  shall 
have  it  =  1  —  i  +  7  &c-  =  2  Q*  which  will  answer  whilst  z 
is  exclusively  from  —  90**  to  4-  90"".  If  the  correction  had  been 
sought  when  x:=i8o''  we  should  have  it  =  —  i+y  —  -f-  &c. 
=  —  -|^  Q,  answering  whilst  z  is  from  90**  ta  270^ 

3.  Again,  from  Cor.  u  Example  2.  Theorem  I.  cos.  of  2;  + 
COS.  of  ^z^  cos.  of  5)^-f  &c.  is  equal  to  o,  failing  (from  above) 
when  92;  =  o  or  a  multiple  of  360"*,  and  therefore  when  2;  =  o 
or  a  multiple  of  180'':  if  we  multiply  by  tlie  z  and  take  the 

fluent  we  have  sine  of  z  +  Sfillif  +  !«11^  &c.  =  correc 
tion,  which  should  not  be  sought  when  2?  =  o  or  any  multiple 

of  180,  when  z=^  90"*  it  becomes  sine  of  90"*  -f  2IliLi-:L22L 
.^±i£p^&c.thatisi-i  +  |&c.oritsequal^forthe 
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correction,  the  same  as  Landek  finds^  this  is  true  whilst  z  is 
exclusively  between  o  and  i8o*, 

4.  In  Car.  11.  Example  1.  Theorem  I.  p  being  =s  1  we  have 

ane  of  «  +  sine  of  gz  -f-  sine  of  $z  &c,  ss  j  ^^  ^  ■■  failing 

( from  above)  when  qz  or  dz  ss  o,  or  a  multiple  of  360%  and 
therefore  when  s;  =  o,  or  a  multiple  of  ISC'" ;  if  we  multiply 
this  by  z  and  find  the  ifajent  we  have,  because  *        ,■    (by 

^  '  z  sine  or  K   ^    •^ 

puttins:y  for  the  sine  of «)  as    ^   -^  1  s    ^    -^    =3  —      n  ■■ 
(j?  being  put  for  -i-)  whose  fluent  is  =5  —  \  log.  of  ^  -|-  \/j?*—  1 
SB -.^  log.  of 't^'-^,  consequentfy  cos.of  «+  ^2;^  + 

"**^^'s=  i  log.  of*'*-^'-^*^  correction,  which  being  sought 
when  zsssgo"  and  consequently ^ssi  and  die  cosines  of  %,  of  37, 
of  sz,  &c.  =s  o,  we  have  it  equal  to  o ;  and  this  has  no  failing 
case  since  it  will  not  fail  when  2;  r=  o  or  any  multiple  of  180" 
in  which  primitive  equation  does.   If  «  be  as  45*  we  shall  have 

cos.  of  »  =  \/^,  COS.  of  32;  =s  —  v^,  cos.  of  5«  =  —  \/T 
cos.  of  7s;  s=  +  v^,  COS.  of  9»  sa  -|-  v^,  &c.  therefore  v^ 

x:«-*-|  +  f  +  4-*e.orv'TK,-i;  +  ,^_JSt. 
&C.  =ilog.  of  It^.:  ,_jL  +  ji.&c.  =  v^.log.  of 

-^log.  ofv^lT+i. 

5.  By  Theorem  1.  Example  6,  we  have  the  sum  of  the  series 
«ine  of  ^«  4.^  sine  of  p-^q,z  +g*8kie  offj^uq.  z  4>  &c. 
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=  -y  sine  ofp7.«»  + sine  of  ^  .^  ^j^.   ghouldhave  a  failing  case. 

g^*  +   I  —  Sg"  COS.  Ol  J«  '  o  » 

it  will  be,  by  this  scholium,  when  qz  =  o  or  some  multiple  of 
360*  provided  g  be  affirmative ;  but  \i  g  be  negative,  it  will  be 
when  qz  is  some  odd  multiple  of  iSo** ;  a  similar  expression  to 
this  is  given  by  Mr.  Landen  by  his  method. 

If  ^  be  =  qf  =  1  we  shall  have,  sine  of  x  +g  sine  of  25;  -f-g* 
sine  of  3%  &c.  ==_-^212^_^,  if  ^e  now  multiply  by  i 
calling  the  cosine  of  Zy  x  and  find  the  fluent,  we  shall  have 

cos.  of  2;  +  £— ^ h  * j-i-  &c.  =  - .  log.  of  1+^*-  ^gx 

which  has  no  failing  case. 

6.  According  to  this  General  Scholium^  Example  s.  to  Jft^o- 
r^w  II.  has  failing  cases  in  the  investigation,  unless  the  series 
i>  ^>  ^.  —7-  &c.  converge;  thus  those  in  the  Corollaries  i.  ii. 
and  in.  when  5;^  is  any  odd  multiple  of  l8o^  By  bringing 
both  series  to  one  side  in  the  equations  in  Cor.  11.  we  have 


sine  of  (/r—/>.z+sineof/»%-rrx  sine  of^.r+i  — /^.ar+sine  ofp-^.z 
-f.  8cc.  =  o,  and  co?.  of^^Fl—  p.z  —  cos.  o£pz  —  r  x cos.  of 


q .  r  +  i^p,z  —  COS.  ofp  +  qr .  2:  +  &c.  =  o.    Multiply  them 
both  by  z  and  take  the  correct  fluents  when  2:=  o,  and  we  get 

COS.  of  ^r — p.z    I    COS.  of  pz  cos,  of  <y .  r-f  i— ^  .jg    |    cos,  of  p^g .  3;    ^ 


^    r+2     cos.of^.r  +  2-^^.^     ,     cos,  of /> -f  2^  ■  ^  g^^     _  j^    ^j 
a    '       ^.TTi-P*       ^         P+^1  [ 

sincof^r— p.a  sine  of  pz ^   sine  of  ^  .  r -|-  i — p.z  sme  of  p -^  q  .  sc 

^r-P  P  q.TT'i-p  P-^^ 

+  &c.  =  o,  M  beinff  put  for  ^-^ — -  4.  i.  —  r.  — — 4: U  f 

^  / ^^  qr^-pT  p  q.r^i^p^  p+q 

+  r.:iL.-=L=— +  i &c.  =  -=2L^^r.=li.2^ 
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+  r.^  .    '*"^'"i^=si  &c.,  if  we  now  multiply  the  first  of 

these  by  sine  of  -^qr^p .  z,  and  the  second  by  cos.  of  ^r—p.  r, 
and  take  the  difference  we  have 


sine  of  \qr~^  p . 

^ '- ' -^ '       ^         -      .  gjj^^ 


i.KX  <'os.  of  qr-^ px  —  cos,  of  jqr^ p-zx smc  of  qr^px.     |^    p.  . 
qr^p  +    LSir 


of  \qr—p.  z.,  cos.  ofpz  -f.  cos.  of  iqr-^pz .  sine  ofpz^-r-p  — 

'' X  fsineof  l^r  — />«.cos.  of  r+i.flf— />.  «~cos.  of 

Xqr^p.z .  sine  of  r+i.^— ^.2;]  —  rr; x [[sine of^r^p.z 


.  cos.  of />  +  9 . «  +  COS.  of  ^r — /> .  z  x  sine  of />  +  q.z^  &c. 
which  by  trigonometry  Is  reducible  to  -  ''"'^fj^/'-  +  !l2l£A22 

•  ^.r+i~^  P^q 

T^PZTSF-  Qf  "^^^^^  ^  ^slneof  y  .jr  ^-  i  .<r_  ^^  sine  of  j^TZ^.  «^ 
^         ^    '  ^^^r^p  p  +  ^..q.Mri^p  "i^-^P 

the  same  as  Landen  finds,  page  83,  Mem.  5.  We  may  farther 
add,  that  when  series  are  obtained  from  others  havmg  failing 
cases  by  substitution,  as  in  Scholium  ni.  to  Theorem  I.  or  as  in 
Theorem  V.  and  VI.  regard  should  be  had  to  those  failing  cases, 
according  to  the  manner  of  substitution,  ki  order  to  find  the 
failing  cases  in  the  new  series.  We  might  proceed  to  many 
more  examples,  in  finding  the  sums  of  new  series  from  others 
multiplied  by  fluxions,  or  we  might  give  examples  of  finding 
the  sums  of  new  series  by  throwing  others  into  fluxions :  fcut 
my  chief  object  in  these  latter  examples  was  to  obviate  any 
difliculty  that  might  appear  in  choosing  the  cases  for  the  cor- 
rection of  the  fluents.  There  are  other  inferences  to  be  drawn^ 
which  I  may  perhaps  consider  at  some  future  period. 
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VIII.  An  Account  of  a  small  Lobe  of  the  hunum  prostate  Gland^ 
which  has  not  before  been  taken  Notice  of  by  Anatomists.  By 
Everard  Home,  Esq.  F.  R.  S. 


Read  February  ao,  1806. 

Discoveries  in  the  anatomy  of  the  human  body  have  been 
ever  considered  by  this  learned  Society  as  deserving  a  place 
in  the  Philosophical  Transactions:  in  the  present  improved 
state  of  our  knowledge  of  this  subject,  a  small  addition  to  it 
cannot  fail  of  being  acceptable,  since  after  the  long  continued 
labours  of  so  many  acute  observers,  such  only  can  be  ex- 
pected, and  even  those  are  rarely  to  be  acquired. 

The  subject  of  the  present  Paper  is  a  portion  of  a  gland, 
which  from  the  obscurity  of  its  situation  has  hitherto  escaped 
observation :  and  were  it  not  for  the  change  produced  in  it 
by  disease,  which  enlarges  it  so  much  that  it  sometimes  com- 
pletely shuts  up  the  canal,  by  which  the  urine  ought  to  pass, 
it  would  be  little  deserving  of  attention :  but  when  this  im- 
portant effect  is  considered,  the  part  itself  becomes  an  object 
of  very  serious  interest. 

In  stating  the  circumstances,  which  led  to  the  present  inves- 
tigation, it  may  be  necessary  to  mention  that  the  prostate 
gland  is  liable  in  the  latter  period  of  life  to  enlarge :  and 
when  it  does  so  there  is  frequently  a  nipple-like  projection, 
which  rises  up  and  forms  tumours  of  very  different  sizes  in 
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the  cavity  of  the  bladder.  These  tumours,  as  they  obstruct 
the  passage  of  the  urine,  have  attracted  the  attention  of  all 
anatomical  surgeons,  from  the  time  of  Morgagni  to  the 
present  day.  Their  appearance  has  been  accurately  described, 
and  specimens  of  them  in  different  degrees  of  enlargement 
are  preserved  in  every  collection  of  morbid  parts.  The  atten- 
tion of  surgeons  has  been  naturally  called  to  what  is  of  the 
greatest  consideration,  the  appearances  they  put  on,  and  the 
symptoms  they  produce :  but  the  particular  circumstances  in 
the  natural  conformation  of  the  gland,  which  dispose  it  to 
form  these  tumqurs,  have  never  been  examined.  Morgagni 
says,  "  These  caruncles  were  found  to  grow  out  in  the  very 
"  middle  of  the  upper  and  internal  posterior  circumference  of 
"the  gland;  but  whether  these  things  happened  by  chance  or 
**  otherwise  future  observations  will  shew."* 

From  these  expressions,  it  is  evident  that  Morgagni  had 
no  idea  that  there  was  any  conformation  of  the  prostate 
gland,  that  cpuld  account  for  this  tumour,, and  believed  that 
it  arose  from  the  surface  of  the  body  of  the  gland. 

Mr.  Hunter,  in  treating  of  the  enlargement  of  the  prostate 
gland,  says,  "  From  the  situation  of  the  gland,  which  is  prin- 
"  cipally  on  the  two  sides  of  the  canal,  and  but  little  if  at  all 
"  on  the  fore  part,  as  also  very  little  on  the  posterior  side, 
"  when  it  swells  it  can  only  be  laterally ;  whereby  it  presses 


*  Si  ea«  qus  ex  Sepulchreto  exempla  indicavimuSj  et  id,  quod  supra  ex  Valsalva 
attulimusy  et  nostra  omnia  attente  lospicias^  cuncta  in  senibus  fuisse  animadvertes : 
ita  nostra  omnia,  in  quibus  carunculae  initium  fuit,  banc  in  medio  ipso  posteriori 
intemi  summique  glandulae  ambitus  excrescentem  obtulisse :  casune  haec  cuncta^  an 
seciiSj  futurx  ostendent  observationes.  Morgagni  de  Sed,  et  Cans.  Morb.  lib.  iii. 
epist.  41,  A.  19. 
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**  the  two  sides  of  the  canal  together,  and  at  the  same  time 
"  stretches  it  from  the  anterior  edge  or  side  to  the  posterior, 
'*  so  that  the  canal  instead  of  being  round,  is  flattened  into  a 
^*  narrow  groove.  Sometimes  the  gland  swells  more  on  one 
*^'  side  than  the  other,  which  makes  an  obliquity  in  the  canal 
**  passing  through  it. 

"  Besides  this  effect  of  the  lateral  parts  swelling,  a  small 
*'  portion  of  it,  which  lies  behind  the  very  beginning  of  the 
**  urethra  swells  forward  like  a  point,  as  it  were,  into  the 
**  bladder ;  acting  like  a  valve  to  the  mouth  of  the  urethra, 
"  which  can  be  seen,  even  when  the  swelling  is  not  consi- 
"  derable,  by  looking  on  the  mouth  of  the  urethra,  from  the 
**  cavity  of  the  bladder,  in  the  dead  body.  It  sometimes  in- 
^'  creases  so  much,  as  to  form  a  tumour  projecting  into  the 
"  cavity  of  the  bladder  some  inches."* 

From  the  first ,  paragraph  it  is  evident  that  Mr.  Hunter 
was  unacquainted  witli  this  lobe ;  and  in  the  second  we  see 
that  his  knowledge  of  the  disease  led  him  to  conclude,  that  in 
the  natural  state  of  the  gland  there  was  a  portion  of  it  in  this 
situation :  but  ndther  at  that  time,  nor  at  any  future  period 
of  his  life,  did  he  prosecute  the  inquiry. 

Although  a  great  part  of  my  time  has  been  for  many  years 
occupied  in  attending  patients  labouring  under  complaints  of 
the  bladder  and  urethra,  and  my  opportunities  of  examining 
these  parts  after  death  have  been  very  frequent,  my  attention 
has  been  always  so  much  employed  on  the  modes  of  emptying 
the  bladder,  ( an  operation,  which  in  many  cases  is  attended 
with  considerable  difficulty, )  that  it  never  occurred  to  me  to 
institute  an  inquiry  for  the  purpose  of  attaining  an  accurate 

•  Hun TBR  on  the  Venereal  Disease,  page  169. 
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knowledge  of  the  extent  of  the  disease  until  the  month  of 
December,  1805. 

At  that  time  my  attention  was  directed  to  this  subject  by 
the  following  circumstances.  In  the  examination  of  the  pros- 
tate gland  of  an  elderly  person,  who  had  died  in  consequence 
of  this  part  having  been  diseased,  the  nipple-like  process  was 
found  very  prominent,  and  a  bridle,  nearly  ^  of  an  inch  in 
breadth,  extended  from  the  middle  line  of  the  tumour  to  the 
bulb  of  the  urethra,  where  it  insensibly  disappeared.  The 
usual  rounded  projection  of  the  caput  gallinaginis  was  not 
visible :  it  had  wasted  away,  and  the  remains  were  concealed 
in  the  fold  forming  this  bridle,  which  at  that  part  was  not 
thicker  than  at  any  other.  The  space  between  the  tumour  in 
the  bladder,  and  the  bulb  of  the  urethra  was  unusually  short, 
which  is  the  reverse  of  what  is  commonly  met  with  in  old 
men ;  so  that  this  bridle  appeared  to  have  drawn  the  bulb  to^ 
wards  the  tumour,  and  shortened  the  membranous  part  of  the 
canal. 

As  this  was  an  unusual  appearance,  it  led  me  to  consider  it 
with  attention,  and  to  ask  if  other  anatomists  had  noticed  it ; 
which  as  far  as  my  inquiries  have  gone  has  not  been  the  case. 
The  bridle  had  evidently  been  formed  by  the  membrane  of 
the  bladder  adhering  firmly  to  that  part  of  the  prostate  gland 
composing  the  tumour,  which  it  consequently  followed  in  its 
future  increase,  and  drew  up  after  it  the  membrane  of  the 
urethra.  In  this  way  the  fold  had  in  time  become  nearly  ^ 
of  an  inch  broad,  and  was  continued  of  the  same  breadth  to 
the  bulb,  where  the  lining  of  the  urethra  being  more  at- 
tached to  the  surrounding  parts,  it  did  not  admit  of  being 
drawn  up. 
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This  appearance  of  a  bridle  is  more  or  less  met  with  in  all 
the  cases,  in  which  the  nipple-formed  process  occurs,  but  in 
so  much  smaller  a  degree,  and  not  continued  beyond  the  caput 
gallinaginis,  that  it  never  before  led  me  to  pay  attention  to  it. 

To  satisfy  myself  how  this  tumour  was  formed,  it  became 
necesswy  to  examine  the  prostate  gland  in  its  natural  state ; 
and  ascertain  whether  there  is  any  part  sufficiently  detached 
to  move  independent  of  the  rest  of  the  gland,  and  explain  the 
appearances  which  had  been  met  with  in  this  particular  case. 

My  professional  avocations  not  affording  time  to  make  the 
dissections  requisite  for  this  purpose^  Mr.  Brodie,  Demon- 
strator of  Anatomy  to  Mr.  Wilson,  Teacher  of  Anatomy,  in 
Windmill-street,  whose  knowledge  of  the  subject  fitted  him 
for  the  task,  and  whose  zeal  for  the  improvement  of  his  pro- 
fession made  Mm  willingly  undertake  it,  gave  me  his  assist- 
ance, and  took  the  whole  of  that  labour  on  himsdif. 

While  dissecting  the  parts  for  this  purpose,  the  urinary 
bladder  was  distended  with  water,  and  the  surfaces  of  the 
prostate  gland,  vesiculse  seminales,  and  vasa  deferentia,  were 
fairly  exposed.  This  being  done,  the  vasa  deferentia,  and  ve- 
sicular seminales  were  carefully  dissected  off  from  the  bladder, 
without  removing  any  other  part.  These  were  turned  down 
upon  the  body  of  the  prostate  gland.  An  accurate  dissection 
was  then  made  of  the  circumference  of  the  two  posterior  por- 
tions of  the  prostate  gland,  and  the  space  between  them  was 
particularly  examined.  In  doing  this  a  small  romtded  sub- 
stance was  discovered,  so  much  detached  that  it  seemed  a 
distinct  gland,  and  so  nearly  resembling  Cowper's  glands  in 
size  and  shape,  as  they  appeared  in  the  same  subject,  in  which 
they  were  imusually  large,  that  it  appeared  to  be  a  gland  of 
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that  kind.  It  could  not  however  be  satisfactorily  separated 
from  the  prostate  gland,  nor  could  any  distinct  duct  be  found 
leading  into  the  bladder, 

A  similar  examination  was  made  of  this  part  in  five  diiFerent 
subjects.  The  appearance  was  not  exactly  the  same  in  any 
two  of  them.  In  one  there  was  no  apparent  glandular  sub- 
stance, but  a  mass  of  condensed  cellular  membrane:  this^ 
however,  on  being  cut  into,  differed  from  the  surrounding  fat. 
In  another  there  was  a  lobe  blended  laterally  with  the  sides  of 
the  prostate  gland.  These  facts  are  mentioned  in  proorof  its 
not  being  always  of  the  same  size  nor  having  exactly  the  same 
appearance ;  this  is  found  also  to  be  the  case  with  Cowper's 
glands,  they  are  sometimes  large  and  distinct; -ki  other  sul>^ 
jects  are  scarcely  to  be  detected,  and  in  others  again  are  irt 
all  the  intermediate  states.  The  most  distinct  and  natural 
appearance  of  this  part  was  in  a  healthy  subject  35  years  of 
age,  of  which  the  following  is  an  account.  On  turning  off  the 
vasa  deferentia  and.vesiculse  seminales,  exactly  in  the  middle 
of  the  sulcus,  between  the  two  posterior  portioms  of  the  pro- 
state, gland,  there  was  a  rounded  prominent  body,  the  base  of 
which  adhered  to  the  coats  of  the  bladder.  It  was  imbedded 
not  only  between  the  vasa  deferentia  and  the  bladder,  but  also 
in  some  measure  between  the  lateral  portions  of  the  prostate 
gland  and  the  bladder,  since  they  were  in  part  spread  over  it, 
so  as  to  prevent  its  circumference  from  being  seexi^  and  they 
adhered  So  closely  as  to  require  dissection  to  remcxve  them ; 
nor  could  this  be  done  beyond  a  certain  extent,  after  which  the 
same  substance  was  continued  from  the  one  to  the  other.  This 
proved  it  to  be  a  lobe  of  the  prostate  gland,  the  middle  of 
which  had  a  rounded  form,  united  to  the  gland  at  the  base 
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n^  ifm  hM^ni^kfl^r!m4«F9^  #  ^^p^o^^lobfe  by  two  fimofw 
<%^(^poMf^  nmffnob'  Its  <litct&.p«(i^4  Erectly  through  the 
«(fil|^jefnhe  ^ImI^,^  yfla^Ji  it  isLy,9i)A  opened  immediately 
b^jbmltj^  V^FMqp«m.^u9)-  By  nplEtaBs  of  tbia  lobe  a  circular 
Hffm^i§ltsi\Vi  i0fmf^i»'ihft[pvmtfi\^<i^dv^Wh.  give?  passage 

f  {rri^iaptN»r«i«ei^n|his.^^rihaAlMF)^n€9  «?tamine4  in  a 
Wbiefil  •ti^  y«{«9  of  agf>,  :fi9<l.  it  wap  fouufi  still  larger  and 
liHirQ  )dialin6t.   i^  re0re9eiiji»^K»  of  It  js  .gpkeii.  In  the  asnex^ 

•  r;P«»yiom#frthw  in¥ft»<Sg!i^n  it  iks«  not  known  to  me  that 
any  distinct  poilson  )9f  the  fl994t%t&  gland  was  situated  between 
th«k'V^«i.d«CeiKntia  and  thf  /MMer.  These  dtiets  were  oon- 
«td«eed!t9  j^min'the^Ml^flus  bejCween.iti^two  posterior  portions^, 
i»:cl<mei*owWc|{^ltfe'rthe  body  qf  the  gbnd.  This  account 
ejwrnowiMWda  aFN«Ifii^t|»e4esK»ip^9n  given  by  Winsc^w  and 
lJAki.:4».ti^te<b(>wewiepwitfQved  tpbe  errcmeoua.  It  is  not 
imtt^,  fi9mr,^:<k^mim9  yfM^n^r  tOi  the  aw^twusts  of  ^ 
prifst«$tt\da^  ^bf^A.lAllenf  im^Q.ti^  oro«^  in  the  same  degiee 
■m^JOiifmUf^  >¥l  fM»9'A»(  t^Vm  hf^e  pointed!<a>t  this  lobe; 
Midi  them£9rekif(  /wh^teyeir  waryth^  h»ye  described  the  vawi 
defereiMAa  to  pW0  into  i^  Uaddker^  tl^y  ha^ve  neither  antici> 
pated  nor  thrown  any  Ugh^  pn  thej^sfoat  i^quiry^*  Haller 
«a!]f» eacpiwsly/. iiilwt V ^he.f wjsprti^^laBd  hasno Jobularap- 
pdaraDtce,"  i»nd>^b^;^}^ty  whi^bi  aUianal^omists  have  to  ioh- 
prd ve  iheir  art,  would  have  led  thein  to  correct  this  error,  had 
they  diKiemed  thfft  ii  wa^  one. 
Thi»  n«w)y  »i&ii/ijme^i(n§fqmic9i  fac^oxfili^a  us  very  dearly 

^ Gfan<Sixhi> aut certe telhilosnm compacnnrt cwpns, qiiodpfostata dicituf..  P. 464. 
Fiferittt.  ioteduta  ^u  et  no\M  gba4Al«F)difipttcls  drnib,  eojn^  ctvet  csKt  tliqisu 

Corporis  Humans,  Auiove  Albert.  Hallbr.    Tom.  VIL 
MDCCCVI.  D  d 


Digitized  by 


Google 


Q02  Mr.  HoMiB:' j  Account  of  a  small  Lobe 

to  understand!  the  nature  of  a  disease,  whkh  it  was  not  {kmm 
sible  we  could  have  a  correct  idea  of,  when  we  were  ignorant 
of  the  existence  of  the  part  in  wHidi  it  tiikelr  place.  It  not  oidy 
explains  the  situation  of  the  tumour,  the  want  of  ODmifle^n 
with  the  body  of  the  gland,  and  the  narrowness  of  its  liaae 
where  that  is  met  with,  but  it  solves  what  has  ever  appeared 
to  me  the  greatest  difficulty,  how  It  should  ^otnide  into  the 
cavity  of  the  bladder.  This  arises  from  the  hard  subltanoe  of 
the  coats  of  the  vasa  deferentia  being  in  close  cenlact,  and 
bound  down  upon  this  lobe,  so  that  from  its  first  enlargement 
it  must  immediately  press  up  the  inner  memlHWie  <rf  the 
bladder,  which  can  make  very  litde  resistance. 

This  lobe  of  the  prostate  gland,  from  its  situation  and  con« 
nection  with  the  vasa  deferentia,  is  liable  to  many  causes  of 
swelling,  which  the  body  of  the  gland  itself  is  free  from ;  for 
every  irritatipn  upon  the  senunal  vessels  or  their  orifices  may 
be  communicated  to  it  by  ccmtinuity  of  parts :  and  aged  men» 
from  an  ignorance  of  these  facts,  are  too  often,  through  im- 
prudence, producing  an  excitement  in  those  vessels  which  the 
parts  are  unable  to  support ;  and  when  this  is  long  continued, 
inflammation  becomes  the  consequence,  which  cannot  take 
place  to  any  degree  without  being  communicated  to  this  lobe, 
and  producing  an  enlargement  of  it. 

Every  violent  effort  which  is  made  to  empty  the  urinary 
bladder  produces  an  unusual  pressure  against  this  lobe,  by 
which  it  may  be  injured.  There  is  also  much  reason  for  be- 
lieving, that  the  diseased  state  of  the  lateral  parts  of  the  gland, 
so  very  commonly  met  with  in  the  latter  period  of  life,  has 
its  origin  in  this  particular  lobe ;  since  in  most  of  the  cases 
of  a  diseased  state  of  the  gland,  which  have  come  under  my 
observation  after  death,  this  lobe  has  been  enlarged  in   a 
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grMtier  degree  ki  proportion  to  its  aze  than  any  other  part ; 
and  in  some  instances  the  enlargement  of  it  has  been  very 
greats  while  it  appeared  to  be  only  beginning  in  the  lateral 
portions^ 

Difficulty  in  passing  the  urine  is  a  symptom,  whidi  comes 
op  very  early  in  diseases  of  the  prostate  gland,  and  arises  en- 
tirely from  this  lobe  being  increased  in  size,  since  any  enlarge^ 
mentinlhelat^^porticmsof  the  gland  widens  the  canal  instead 
of  diminishing  it,  amd  they  do  not  require  much  force  to  sepa- 
rate  tfiem ;  but  the  least  increase  of  this  lobe  tends  to  shut  it  up. 

The  enlargement  of  this  lobe  produces  an  effect  which  is 
not  generally  known,  and  leads  medical  practitioners  into  an 
error  respecting  the  nature  of  the  complaint.  The  orifice  of 
the  vstmry  bladder,  which  is  Ae  lowest  part  in  the  natural 
8ta|t)e^  is  raised  up  in  proportion  to  the  increase  of  this  lobe ; 
so  that  none  of  the  contents  below  that  level  can  be  expelled, 
alAough  whatever  is  above  it  is  allowed  with  more  or  less  dif- 
ficulty to  pass  out.  In  this  way  the  person  never  evacuates^ 
more  than  one  half  or  one  third  of  the  urine  contained  in  the 
bladder ;  but  as  the  water  which  comes  away  passes  in  a  stream, 
and  the  quantity  vended  in  24  hours  is  sufficient,  no  suspidoix 
is  entertained  of  the  cause  of  the  frequency  and  distress  in 
passing  it,  and  the  symptoms  are  referred  to  an  irritable  state 
of  the  coats  of  the  bladder.  It  is  only  by  drawing  ofFthe  urine 
through  a  catheter  that  the  disease  in  this  lobe  can  be  ascer- 
tained; as  in  that  way  alone  the  quantity  of  urine  which  is 
retained  can  be  determined.  No  examination  per  anum  can 
give  the  surgeon  any  information  on  this  subject;  since  the 
posterior  surface  of  the  vasa  deferentia  only  is  to  be  felt,  if 
the  finger  shoijild  reach  so  far ;  and  yet  it  is  m  this  way  that 
practitioners  in  general  pretend  to  judge  of  the  greater  or 
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less  degree  of  the  disease,  although  that  porti^iV^oC^  ^ttlMIr 
which  forms  the  most  important  partof  ttfeoom^ak^t^  v^holly^ 
out  of  their  reach.  .:':.'  .    ..; 

The  least  projection  of  this  lobe  into  the  bladder  s4irelel%A: 
the  internal  membraxis  of  thai;  i^cus  whiidt  pM^i  o^'lt^lj^s 
it  in  a  state  of  iriitation,  and  makes  it  Ikble  lob^  gf%^^d'l>y 
the  action  of  the  sphmcter  muscle  in  0k^lling  the  Itiisrt  drops 
of  urine,  so  as  to  give  the  patient  ex<»uoiatfhgfl^fi^. ' '^^^l^eh  ^' 
is  more  enlarged  these  snpo^tom&^gaoflT.'^"-  .^-  ;/  ^^  '     ' 

From  HieseobseriTfttions  it  appears^  ^«yi^  ^'sMalfB^  of 
the  prostata  gland^  which  has  been'ovWlbdlJe^d;  is  flrom  the 
situation  and  ike  circumstances »  in-  Whicdi  it  is  ^pkc6d  liidr^' 
liable  to  become  diseased  than  bny  other^  p<uft  oF  the  gltod,* 
aftd  produces .  symptoms  bf  danger  and  distress  pieei^^  id* 
itself,  ^wliich  have  been  hidhdito  ^pp066$d  to  arisfe  homllhe' 
body  of  the  gland  becoming  enlat'ged.  '    '  -       * 

To  enter  further  into  the  effects  of  (fisease  oh  tfiB  'lobe 
would  be  tntpropeor  on  die  present  occasion ;  but  not  to  liavci 
noticed  ijdiem  at  all  would  have  beeh  equally  so,  atnce  the 
onLy  importance,  that  can  be  attJached  to  ^e  facts,  which 
have  been  broi^ht  forward  m  this  Paper,  arises  from  the 
light  ihey  throw  on  tFie  diseases  of  the  prostate  g!and. 

Explanation  of  the  Plate.     (Plate  III. ) 

A  posterior  view  of  the  outside  of  the  bladder  and  prostate' 
gland. 

The  vesicuhe  senrinales  and  vasa  deferentia  are  dissected 
off  and  turned  forwards,  to  shew  the  newly  discisvered  Idbe,^ 
which  lies  between  them  and  the  bladder.  The  two  posterior 
parts  of  the  lateral  portions  are  spread  open  to  expose  the 
lobe  lying  between  them. 
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IX.  'Ort  the  Quantity  and  Velocity  of  the  Sotar  Motion.    ^By 
''         Wtliiam  Herscbel,  LL. I>.  F. U.S.  ^^  ' 
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Read  February  27,  1806. 


TttE^Aiieetidh  of  the  sotar  rtiotiott  having  becfrt  suflfciently 
iwdrte&ied  ifi  the  first  part  of  this  Paper,*  we  shaB  lioW 
Kbume  tiie  subject,  and  proceed  to  att  iftqiiiry  about  iti 
vtidcity. 

I'The  pmper  tnotidtis,  when  reduced  to  one  dJfectidn,  ftav<t 
be^i  cdbeid  quMitities,  to  distinguish  them  from  the  velocities^ 
required  in  the  moving  stars  to  produce  those  motions,  ft 
Mill  be  necessary  to  keep  up  the  same  distinction  with  respect 
to  the  velocity  of  the  solar  motibri';  for  till  we  are  better 
aafotttted  with  the  parallax  of  the'dardi^d  oAit,  we  can  only 
come  to  ^  knowledge  of  ^  extent  of  theUi^^  which  ^ 
BKNicti  would  be  seen  to  describe  in  a  glT«n  "diyie,  n;^hen  seeA 
from  a  Star  of  the  firisffr  magnitude  placed  at  right  angles  to 
the  motion.  There  %  however,  a  CcMsiderabld  diflference  be- 
tween Ae  velodty  of  the  solar  motion  and  that  of  »a  star ;  fof 
at  a  given  distance,  when  the  quantity  of  the  isolar  motkm  ib 
knohvn  its  velocity  wiH  also  be  known,  and  every  approxima- 
tion towards  a  knowledge  ojf  the  (Stance  of  a  star  of  the  fir£tt 
nagnitfidewill  be  an  appmximation  towards  the  knowledge 
of  the  red  solar  velociity ;  but  with  a  star  it  will  be  otherwise; 
ibr  though  the  situation  of  the  plane  in  which  it  mov6s  isr 

•  Phfl.  Trans,  for  1805,  page  ^31. 
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given,  the  angle  of  the  du'ection  of  its  motion  with  the  visual 
ray  will  still  remain  unknown. 

As  hitherto  we  have  consulted  only  those  proper  motfons 
whidi  have  a  marked  tendency  to  a  parsdlacdc  centre,  we 
ought  now,  when  the  question  is  to  determine  the  velocity  of 
the  solar  motion,  to  have  in  view  the  real  motion  of  every 
star  whose  apparent  motion  we  know ;  for  as  it  would  not  be 
proper  to  assign  a  motion  to  the  sun,  either  much  greater  or 
much  less  than  any  real  motion  which  may  be  found  to  exist 
in  some  star  or  other,  it  follows  that  a  general  review  of 
proper  motions  ought  to  be  made  before  we  can  impartially 
fix  on  the  solar  velocity ;  but  as  trials  with  a  number  of  stars 
would  be  attended  with  considerable  inconvenience,  I  shall 
use  only  our  former  six  in  laying  down  the  method  that  will 
be  followed  with  all  the  rest. 

Proportional  Distance  of  the  Stars. 

We  are  now  come  to  a  point  no  less  difficult  than  essential 
to  be  determined.  Neither  the  parallactic  nor  real  modon  of 
a  star  can  be  ascertained  till  its  relative  distance  is  fixed  upc». 
In  attempting  to  do  this  it  will  not  be  satisfactory  to  divide 
the  stars  into  a  few  magnitudes,  and  suppose  these  to  repre- 
sent the  relative  distances  we  require.  There  are  not  perhaps 
among  all  the  stars  of  the  heavens  any  two  that  are  exactly 
at  (he  same  distance  from  us ;  much  less  can  we  admit  that 
the  stars  which  we  call  of  the  first  magnitude  are  equally 
distant  from  the  sun.  And  indeed,  if  the  brightness  of  die 
stars  is  admitted  as  a  criterion  by  which  we  are  to  arrange 
them,  it  is  perfectly  evident  that  all  those  of  the  first  magni-- 
tude  must  difier  as  much  in  distance  as  they  certainly  do  in 
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lustre ;  yet  imperfect  as  diis  may  be  Jt  is  at  present  the  only 
fide  we  have  to  go  by. 

-  The  relative  brightness  of  our  six  stars,  may  be  expressed 
as  follows:  Sinus  ---«  Arcturus-CapellaT  L3rra  --  Aide** 
baran  •  Procyon. 

The  notations  here  used  sure  those  which  have  been  ex-- 
plained  in  my  first  Catalogue  of  the  relative  Brightness  of 
the  Stars  ;*  but  to  dmominate  the  magnitudes  of  these  six 
stars  so  that  they  may  with  some  probabili^  represent  the 
distuices  at  which  we  should  place  them  according  to  their 
relative  brightness,  I  must  introduce  a  more  minute  subdi- 
vision than  has  been  commonly  admitted,  by  using  fractional 
distinctions,  and  propose  the  following  arrangement. 

Table  VIIL 
Proportional  Distances  of  Stars. 


Sinus  -  -  1,00 
Arcturus  -  i,«o 
Capella    -    -    i,«5 


Lyra  -  -  1,30 
Aldebaran  -  1,40 
Procyon    -    -  1,40 


The  interval  between  Sbius  and  Arcturus  is  here  made 
very  considerable ;  but  whoever  will  attentively  compare  to- 
gether the  lustre  of  these  two  stars,  when  they  are  at  an  equal 
altitude  must  allow  that  the  difierence  in  their  brightness  is 
fully  sufficient  to  justify  the  above  arrangement 

The  order  of  the  odier  four  stars  is  partly  a  consequence 
of  the  ^stance  at  which  Arcturus  is  placed,  and  of  the  com* 
parative  lustre  of  these  stars  such  as  it  has  been  estimated  by 
observations.    But  if  it  should  hereafter  appear  that  other 

•  Phil.  Tnms.  for  1796^  page  189, 
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mora  exact  estknakicnis  ought  1h>  be  subtituted  for  them,  tile 
method  I  have  pursued  will  equally  dtand  good  wiA  sutth 
alterations.  I  bave  tried  all  tibe  known,  and  many  new  Wkys 
of  measuring  tlie  comparative  light  of  the  ista^S)  and  titicugh  I 
have  not  yet  found  one  that  will  ^ve  a  satirfiwtory  resAlt,  i« 
may  stitt  be  possiMe  to  diMoveT^  some  mie^iod  of  mensuiiation 
j^fcrable  to  the  foregoing^  esthoatums,  which  are  oiily  tlie 
resuh  of  repeated  and  accurate  ocMOiparifions  by  the  eye.- 
Whenever  we  are  Itimished  with  more  aothentio  da(a  the* 
mlculatians  may^en  be  refp^ted  with' improved  aecttraey*. 

'       '  '  .  '       ■     .        i  * 

Effect  of  the  Increase  and  Decrease  ojf  the  Solar  Motion^. end 
Conditions  to  be  observed  in  the  Investigation  of  its  Quantity. 

The  following  Table,  in  which  the  ad,  4th,  and  5th  colunms 
contain  the  sides  of  the  parallactic  triang)^>  ii  calculated  with 
a  view  to  show  that  an  increase  or  decrease  of  the  solar 
motion  will  have  a .  contrary  effect  upon  the  required  real 
motions  of  different  stars ;  and  as  we  are  to  regulate  the  solar 
velocity  by  these  real  motions,  an  attention  to  this  circum- 
stance wiH  pcAtit  out  the  stars  which  are  to  be  selfected  for  our 
purpose. 
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Table  IX. 


Stars  and  relative 

distances. 

Apparent 

Motion. 

Solar 
Mo- 
tion. ■ 

■ 

Parallactic 
Motion. 

Real  Motion. 

Velocities. 

Sixing 

1,00 

- 

i",ii5a& 

1,0 

1^ 
2,0 

©"67768 
1,01652 
1,35536 

+  o;465i8 
4-0,21701 
—  0,32776 

465175 

217007 

327755 

Arcturus 
1^0 

2",o87i8 

1,0 

i>5 
2,0 

0,53579 
0,80368 

1,07158 

+  1,57389 
+  1,30478 
+ 1,01561 

1888670 

1565735 
1218736 

Capella 

1,85 

o",46374 

1,0 

1,5 

2,0 

0,79593 

1,19390 
1,59186 

—  042159 

—  0,79637 

—  1,18662 

526987 

9954>65 
1483270 

Lyra 
1,30 

o",3«4.35 

1,0 

1,5 

2,0 

0,3254,2 

0,48812 
0,65083 

—  047065 

— ■  0,59983 

-  0,74135 

611839 

77^995 
963750 

Aldebaran 
1,40 

o",iS84i 

1,0 

1,5 

2,0 

0,65117 
0,97676 

1,30234 

—  0,53208 

—  0,85737 
- 1,18283 

744913 
1200324 

^6559^7 

Procyon 
1,40 

i",«394i 

1,0 

1,5 

9,0 

0,66394 

0,99591 
1,32788 

+  0,59548 
+  0,30731 
—  0,23385 

833665 
430227 
327390 

The  real  motion  of  Arcturas  contained  in  the  5th  column 
compared  with  that  of  Aldebaran,  shows  that  when  the  solar 
motion  is  increased  from  1,0  to  1,5  and  to  »",o  the  real 
motion  of  Arcturus  will  be  gradually  diminished  from  1,57  ta 
1,50  and  to  i",02,  while  that  of  Aldebaran  undergoes  a  con- 
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*  trary  change  from  0^3  to  0,86  and  to  i'',i8.  We  may  also 
notice  that  Capella  and  Aldebaran,  which  have  a  negative 
sign  prefixed  to  their  real  motions  when  the  solar  motion  it 
V^o  are  affected  diflfer^ntly  from  Arcturus,  ^rius,  and  Prf>» 
cyon^  which  have  a  positive  sign ;  and  that  even  the  Tnoti^nt 
of  the  two  last  become  negative  wh^n  the  so]ar  motion  is 
ipgreased  beyopd  a  certain  point.  It  may  be  easily  mtdtntood 
that  the  mp^on  of  Arcturus  itself  would  become  negative 
were  we  to  iner^tse  tih^  sohr  mo^^i  iSl  ^le  pan^ao^  me- 
tion  of  this  star  should  exceed  its  apparent  motion, 

Fro]}(i  the$9  considerations  it  appears,  that  a  certaia  equa-* 
IJzation,  or  approach  to  equality  may  be  obtained  between  the 
motions  of  the  stars,  or  between  that  of  the  sun  and  any  one 
of  them  selected  for  the  purpose ;  for  instance,  the  motions 
of  Arcturus  and  Aldebaraa  being  contrary  ta  each  other^may 
be  made  perfectly  equal  by  supposing  the  sun'i^  amiual 
motion  to  be  i^fiS9^3*  For  then  we  shall  have  the  real 
annual  motion  of  Arcturus  towards  the  parallactic  centre 
i'\ogi,  and  that  of  Aldebaran  towards  the  opposite  part  of 
the  heavens,  in  which  the  solar  a^ex  is  placed,  will  be  l'^o9l 
likewise ;  the  first  in  a  direction  3^  29'  39"  south-preceding, 
the  latter  8?^  i$'  31''  nortjb'-fallowing  their  respective  parallels ; 
and  a  oompo»tioit  ef  these  motions  with  the  parallactic  ones 
arising  from  the  given  solar  motion,  will  produce  the  appa^ 
rent  motions  of  these  stars  which  have  been  established  by 
observation.  But  amce  Arcturus,  by  the  hypothesis  which 
has  been  adopted  in  Table  VIIL  is  a  nearer  star  tha^  Alde^ 
baran,  the  velocities  of^  the  real  motions^  describmg  these 
equal  arches  will  be  ispgiog  ia  the*  former  and  15^7780  in 
the  latter.    And  it  is  not  the  arohes  bat  these  velocities  ^at 


Digitized  by 


Google 


(md  Velocity  of  the  Sabir  Uotkk.  1 1 1 

most  be  «paAteA.  Therefore,  ki  ofder  to  have  «hi«  rft^uircd 
eqtnlhy,  kt  the  solar  motlMi  be  i",7i8865  then  ivill  a  v^odty 
iof  1399478  ilk  Arcumis,  and  1^99849  in  Aldebarant  nirhMi 
ar^  sitffidendy  eqttal,  oeeasian  tnth  angtil«r  xical  modom  in 
tlitt  two  Aftrs  as  tMffi  bring  dbun,  whan  onnponmfed  wi& 
dl^  l>anllacdc  Biotian«,  to  tfte  apparent  phsces  in  wtndv  we 
fiiui  iImm  by  observation. 

BsfSifrS  w«  proeeied,  it  wiU  be  proper  to  obviate  il  remark 
iSkut  tnay  be  nttfde  against  tM»  way  of  eqkKdiailtion  or  approach 
M>  e^di^.  We  hcve  said  tliat  die  eoicalaiei*  ireioeities  are 
s«di  a0  would  be  true  if  1^  stars  Were  at  the  Assumed  ias^ 
tflAcw,  ttUl  if  tiMiir  real  motiitMia  were  performed  in  lines  at 
tighf  aisles  to  Uke  visual  r»y  ;^  to  which  it  may  here  be  ob^ 
jected  that  Ae  last  of  thc»e  atssdnptiansis  so  far  from  having 
any  ^roof  in  it6  Ikvour  thatr  even  the  lughelt  pifobability  is 
against  it.  We  may  admit  the  MmDi  of  ii^at  the  objectkm 
stttes,  without  appi'ehending  that  any  et^r  coukt  strive  on 
that  account,  if  the  solar  motion  were  detfermMed  by  this 
method.  For  if  the  stM*s  do  not  move  aft  right  altos'  to  the 
wital  v^,  iteir  real  veloicity  will  exceed  ^h»  calcufatted  one ; 
00  that  in  the  first  place  we  should  certainly  have  the  nani* 
mum  of  th^r  velocities :  and  il  we  wei«  obliged,  for  want  of 
data  to  leave  the  odxer  Itent  of  ilw  motion  unasc^itnned,  it 
must  be  aUowed'fo  be  a  considerate  point  gained  if  we  oonld 
siiow  whttt  is  likely  to  be  die  least  velocity  of  the  solar 
motion ;  but  a  more  satisfactory  defence  of  the  method  is, 
thsct  if  we  were  m  assume  a  mean  of  ail  die  angular  devia- 
tions from  the  peipendicukr  to  die  visnal  ray  that  may  take 
pkce  in  the  dareotions  <si  die  i^eal  motkms  of  the  stais,  the 
only  portion  we  could  ^m  upon  as  a  mean  would  lie  an 
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inclination  of  45  degree.  For  in  this  case  the  chance  of  a 
greater  or  smaller  deviation  would  be  equal ;  and  when  a 
number  of  stars  are  taken^  the  deviations  either  way  might 
then  be  supposed  to  coitipensate  each  other;  but  what  is 
chiefly  to  our  purpose,  not  only  the  angle  of  45  degrees,  but 
also,  any  other,  that  might  be  fixed  upon  as  a  proper  one  to 
represent  the  mean  quantity  of  sidereal  motidns,  would  lead 
exactly  to  the  same  result  of  the  solar  velocity  to  be  investi- 
gated. For  if  the  velocities  of  any  two  stars  were  equalized, 
when  their  motions  are  supposed  to  be  petrpendicular  to  the 
visual  ray,  they  would  be  as  much  so  when  they  make  any 
other  given  angle  wi^  it ;  and  it  is  the  equalization  or  ap- 
proach to  equality  arid  not  ithe  quantity  of  the  velocities  that 
is  the  sfirit  of  this  method.  I  haye  only, to  add,  that  an 
eiqualizatidn  of  the  $olar  motion  with  that  of  any  star  selected 
for  the  purpose  may  be  had  by  a  direct  method  of  calculation, 
and  wilt- therefore  be  of  great  use  in  settling  the  rate  of  the 
motion  to  be  determined. 

It  must  be  evident  from  what  has  been  said^  that  a  certain 
mean  rate,  or  middle  rank,  should  be  assigned  to  the  motion 
of  the  sun,  unless  very  suflBcient  reasons  should  induce  us  to 
depart  .from  this  condition.  To  obtain  this  end  must  conse^ 
quently  be  our  principal  aim ; .  and  if  we  can  at;the.saime  timi? 
bring  the  sidereal  motions  to  a  greater  eqimlity  among  each 
other,  it  will  certainly  be  a  very  proper  secondary  consi- 
deration. 

There  are  two  ways  of  taking  a  mean  of  the  sidereal 

motions,  one  of  them  may  be  called  the  rate  and  the  other 

the  rank.     For  instsuice,  a  number  equal  to  the  mean  rate  of 

the  six  numbers,  9,  6,  ig,  15,  17,19,  would  be  12 ;  but  one 
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that. should  hold  a  middk  rank  b^:ween  the  three  highest  and 

tiliree  lowest  of  the  six  would  be  14.   In  assigning  the  rate  of 

tl^  fiolar  motion  it  appears  to  be  most  eligible  that  it  should 

hold  a  middle  rank  among  the  sidereal  velocities.     We  shall 

however  find  that  nearly  the  same  result  will  be  obtained 

fron)  cither  of  the  methods. 

\Wth  respect  to  our  second  consideration,  we  may  see  that 

it  also  ;admits^  of  a  oeilain  modification  by  the  choice  of  the 

sojar  motion ;  for  in  Table  IX.  when  this  motion  is  i'',5  the 

yeloqty.  of  Arcturus  1565735,  will  exceed  that  of  Sirius,, 

917007,  more  than  seven  times;  whereas  a  solar  motion  of 

1".  will  .'give  us  the  proportional  velocities  of  these  stars  as 

188867  to  465174;  and  the  former  will  then  exceed  the 

\^t^^X  m\^.  ^W  tinaes. ;     . 

-  ••    -  '>!jr:r?;'':fn  <'   ' .  . 
Calculation^  Jon  dra^ving  Figures  that  will  represent  the  observed 

.  .     Motions  of  the  Stars. 

The  neQ9^ary  calculations  for  investigating  die  solar  mo- 
tion-  are.  of  considerable  extent,  and  may  be  divided  into  two. 
classes,  the  first  of  which  will  remain  unaltered  whatsoever 
be  th«  solar  ipootion.  under  examination,  while  the  other  must 
be  adjusted  to  every  change  that  may  be  required.. 

The  (Urection  of  the  sun  remaining  as  it  has  been  settled  in 
tihe  first  part,  of  this  l^aper,  the  permanent  computation  of 
each  star  will  contaki  the  annual  quantity  of  the  observed  or 
apparent  motion,  its  direction  with  the  parallel  of  the  star, 
i)$;  direction  with  the  parallactic  motion,  and  its  velocity. 
TThe  changeable  part  will  consist  of  the  angular  quantity  of 
the  real  motion,  the  parallactic  direction  of  this  motion,  and 
its  velocity.  ■ 

Jj^efore  we  can  make  a  calculation  of  the  requu*ed  veloqitie;?^^ 
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^^  vmsi  ^%  ui>On  ^e  |)rdb^le  t€^r^ 4l^i^&inlk'^  test  ^ 
the  stars,  ki  the  same  manheif  is  We  haV6  dohe  wi^  the  fiip^ 
mx.  In  this  I  have  thought  ft  ddvidabl^  W  distiilguish  ^  ^Ut#6i 
that,  from  theii*  kstr^,  m»y  Ir^  csill^  {}i4^i{yai,  Mild  ''h«V)§ 
limited  thdjr  extent  to  the  &j>if  h«6^  6[  the  9ti<k>h<l>  ttiag^riitud^,' 
on  account  of  the  uncertainty  which  st^  ^maliis  sfybvi^  ^t^t 
progressive  distances.  For  thoi^h  it  appeats  HOScfniAlde  to 
allow  that  the  bright  stars  of  th^  si^coiid  iliagnrttldif  iaicy  h& 
twice  as  ftr  frema  lis  as  those  of  thfr  fii*st,  it  ^tt  ttdtiiiH  of 
some  doubt  whether  this  rule  ought  to  b^  «t?ibtly  fdttdt^^ 
up  to  the  3d,  4th,  5th,  and  6th  inagnitttd^ ;  esf^e^fSly  Vi^teil 
it  is  not  easy  to  ascertain  th^  bbtmdaries  which  dft6tild'  l&nit 
the  magnitudes  of  vei*y  srtlalt  statS. 

The  number  of  these  principal  stars  is  24.  The  r^lMMti^ 
18  are  also  arranged  by  admitting  that  dieir  magnitudes  ex- 
press their  relative  dis£ahces ;  aild  t^otwithsfianding  ^e  doubt- 
fulness we  have  noticed,  their  testimony  with  respect  to  the 
prdper  quaiitify  df  li^sckr  yn^tittH,  ihm0  W  ^holll#b«fe6eived 
-Mth  sdttife  diflldertce,  must  hoi  be  heg}fe€*etf  *  sortie  coriSi- 
di^rable  atordtion  m  thefi^sU^s^d  dlstbiicei^,  H6Mf>eV^,  W6tdd= 
haVe  But  litdb  eflR^  upotl  the  corieiUsfohS  inf^ndM  to  b<^ 
drawn  from  thdr  vdocitSes. 

thfe  fblloVirthg;  tible  tontaJfts  thfe  resiift  <Jf  Ute  cdleufetions 
that  relate  to  the  permaneht  quantifies.  Ih  tfie  fittt  ^kP 
second  edIlJhiris,  we  have  Hii  names  of  fte  stWs,  and-  their 
assigned  lielative  dibtiartces.  Thie  third  giveS  the  ap^afent 
angukr  mbtioASi  and^  the  fourth  their  ditettioh.  "fhe  fiffii' 
contiJns  the  diiiecWon  of  the  same  motions,  with  itespeCt  ta 
the  pafaltactic  motions  arising  frtmi  iXie  giteh  iblistrdSr^cticm ; 
and  the  sixth  gives  the  velocity  of  the  stars  whicK  ptodiice 
the  quantity  of  tfte  ap^a^nt  motions. 
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Table  X. 


Names  of  the 
Stars. 


Propor- 
tional 

Distances. 


Appareat 
Motions. 


Direction  with  the 
Paranel. 


Directioh  with  the 
parallactic  Motion. 


Velocity  of 
the  Stars. 


Sirius    - 
Arcturus 


1,00 


9,08718 


^5.89.42,0  sp 


10.24.44,35/^ 
o.  o.  3    sp 


1115281 
2504621 


5796-68 
421657 


Capella    ^ 
Lyra     - 


^  ■ 

;  Ononis 


i,«5 
1,30 


0.46374 
0.38435 


7»-85-«*.4  {/ 
56\ao.57,3  nf 


i^.4fi.i  1 


Prowon 
Aldebaran 


1,35 
1.35 


0,16273 
0,13038 


85.38.14,6  «/ 


159-28.  1 
169.18.58 


np 
np 


219684 
176010 


Poilux    - 
Spica     - 


140 
i>40 


i,«394i 
o,i«34i 


50.  8.24,55^ 
7ga9'87.8  ^f 


9.40.4^ 
i3.41.48 


% 


1735172 
172778 


1, 


1,46 

1,47 


0^5037 
0,19102 


o..  o.  o  prec. 
84.  5.  1,8  »/> 


61.30.^ 
144.13.16 


sp 

np 


^75065, 


Antares    - 
Altair    - 


i^eguhis    - 

jSLeonis 


0,26000 
0,7 191 « 


o.553a4 


90,  o.  o  north 
48.40.18,0  nf 


178-57-44 
103.17.29 


np 
nf 


37960a 
1057105 


1, 
1,50 


7.16.  8,4.  j^ 


70.  9.2d 
4og48i 


sp 


338711 
829856 


0  Tauii  - 
Fomalhaut 


•  Cjrgni 
Castor    > 


1,60 

1,50 


0,10039 
0,30698 


84.58.27,1  sf 
1 1,16.16,3  «/• 


27-45-56',3  »/ 
17.30.40,6  ^ 


13.17.11 
16.475 


150579^ 

46o469t 


«  Ophiucitt' 

cc  Coronae 


1,60 
9,00 


0,06440 
0^13294 


40.30.«4,8  sf 
7'g4'i5>4  ff 


177-31-39 
45'g5»43 


np 
sp 


103036 
^65869 


SyOO 
2,00 


0,07698 

o£a?22 


38-a9«8 
105,  0.43 


162.43.46 
12.55.11 


153955 
465587 


ttAquarii      I  a,oo   10,20615 
«t  Andromedaei  2,00    f  0,09268 


67.10.17.1  nj> 

40.20.48.2  y 


161.34.  4 
1574585 


41*295 
185360 


et  Serpentis  • 
«  Pegasi 


2,00 

SyOO 


0,31913 
0,1^^917 


60.   7.12,5  ttf 

72.  5^16 fOnp 


438«57 
378338. 


a  Hydrae 
»  Dbrae  - 


«,30 


0,16598 
0,18376 


57.30.24^  ff^ 

54.42^52^^ 


107.  6.94 
ia7'  8'  7 


np 


3^17^ 

44102% 


y  Pegasi 
a  Anetis   - 
«Cetr    - 


a,5o 
2,50 


0,17355 
0,11587 


59-48.  7^np 

37-  9' 15.9  y 


174-  5.15 
g9-3g-47 


18.55 
fl3'4* 


it 


433880. 
889685 


"^jSo" 
S'Oo 


0,14406 
0,23000 


33.44.  2,9 «/» 
90.  -0.  o 


141 


np 
nf 


403356 
690000 


/3  Vicg^ws 
y  Aquilae 
a^Capricomi 
j8  Aquilae 
o^Capricorni 
«'  librae 


3,00 
3,00 


o,777«6 
o>i938o 


i7-59-«5.5  sf 
55-54-41,7  ^^ 


79-83-35,3  »/ 
85-  7-37.0  ^j> 


111 
178. 


39- 


11.44 
25.20 


2331169 
579589 


3.50 
4,00 


0,26452 
0.35127 


21.18 
4915 


925819 
1405079. 

1176000 

1253875. 


4.20 
6,00 


0,28000 
0,20898 


90.  o.  o  north 
5927-584  np 


146. 
131- 


59-44 
46-  7 
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The  contents  of  this  Table  will  enable  us  to  examine  the 
motions  of  the  stars  in  different  points  of  view.  For  instance, 
by  the  apparent  motions  in  the  third  column,  and  their  direc- 
tions in  the  fourth,  a  figure  may  be  drawn  which  will  repre- 
sent the  actual  state  of  the  heavens,  with  respect  to  those 
annual  changes  in  the  situations  of  our  36  starsj  which  in 
astronomical  tables  are  called  their  proper  motions. 

Fig.  1,  Plate  IV.  gives  us  these  motions  brought  into  one 
view,  so  that  by  supposing  successively  every  c«ie  of  the  stars. 
to  be  represented  by  the  central  point  of  the  figure,  we  may 
see  the  angular  quantity  and  direction  of  the  several  annual 
proper  motions  represented  by  the  line  which  is  drawn  from 
the  centre  to  each  star.  By  this  means  we  have  the  compa- 
rative arrangement  and  quantity  of  these  movements  with 
respect  to  their  directions. 

Fig.  3  represents  the  same  motions,  but  instead  of  being 
drawn  so  as  to  show  their  directions  with  regard  to  the 
several  meridians  and  parallels  of  the  stars,  they  are  laid 
down  by  the  angles  contained  in  the  fifth  column ;  and  will 
therefore  indicate  their  arrangement  with  respect  to  a  line 
drawn  from  the  solar  apex  towards  the  parallactic  centre. 
These  directions  will  remsun  the  same,  whatever  may  be  the 
velocity  of  the  solar  motion  upon  which  we  shall  ultimately 
fix,  provided  no.  change  be  made  in  the  situation  of  the  apex 
towards  which  the  sun  has  been  admitted  to  move. 

In  these  two  figures,  the  lines  drawn  from  the  centre  give 
us  only  the  angular  changes  of  the  places  that  have  been 
either  observed  or  calculated,  and  not  the  velocities  which  are 
required  in  the  stars  to  produce  them.  It  will  therefore  be 
necessary  to  represent  the  velocities  by  two  other  figures,  in 
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wUch  the  same  direcdons  are  preserved,  but  where  the  extent 
of  each  line  is  made  proportbiud  to  the  distance  of  the  eitars 
in  the  second  column. 

Fig.  2  is  drawn  according  to  this  plan ;  the  angles  of  the 
dimctiians  remain  as  dn  the  foiH«h  column,  but  the  iines^re 
lengthened  so  as  to  ghre  us  the  velocilses  comained  in  the 
sixth. 

in  Fig-  4,  the  angles  of  <he  gd  cfigur^  are  preserved^  but 
the  lines  aa^  again  lengthened  as  in  Fig.  12. 

N.  B.  These  two  lastvfigureswioukl  haveheenof  ah  mcon- 
venient  size  if  they  had  been  )drawn  on  the  same  sciAe  witSi 
the  two  foregoing  ones,  for  which  reason,  in  comparing  the 
9d  and  4th  with  the  1st  aotid  3d,  it 'must  be  4:*emembered  that 
the  former  are  reduced  to  one  half  of  the  dkn^fisions  {if  Uie 
latter. 

Remarks  on  the  sidereal  Motions  asi  they  are  represmtedfmm 

Observation. 

As  we  have  now  before  us  a  set  of  figures  which  give  a 
complete  view  of  the  result  of  the  calculations  contained  in 
the  Xth  Table,  we  may  examine  the  arrangements  of  the  stars, 
and  draw  a  few  conclusions  from  them,  that  will  throw  some 
light  upon  the  subject  of  our  present  inquiry. 

In  the  first  place,  then,  we  have  to  observe  in  Fig.  1,  that 
17  out  of  the  21  stars,  whose  motions  are  directed  towards 
the  north,  are  arowded  together  into  a  compass  of  little  more 
than  76^  d^ees.  But  this  figure,  as  we  have  shown,  is 
drawn  from  observation.  We  are  consequently  obliged  to 
conclude,  that,  if  these  motions  are  the  real  ones,  there  must 
he  some  physical  cause  which  gives  a  bias  to  the  directions  in 
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which  the  stars  are  moving ;  if  so,  it  would  not  be  im[»*o«- 
bable  that  the  sun,  being  situated  among  this  group  of  stars, 
should  partake  of  a  motion  towards  the  same  part  of  the 
heavens. 

Our  next  remark  concerns  the  velodty  of  the  sidereal 
motions ;  and  therefore  we  must  have  recourse  to  Fig.  s, 
where  we  perceive  that  the  greatest  motions  are  not  confined 
to  the  brightest  stars.  For  instance,  the  velocity  of  /3  Virginis 
is  but  little  inferior  to  that  of  Arcturus,  and  exceeds  the  velo- 
dty of  Procyon.  Likewise  the  velocities  of  /3  Aquilas, «'  Librae^ 
and  a^Capricomi,  surpass  that  of  Sirius ;  and  an  inspection  of 
the  rest  of  the  figure  will  be  suflicient  to  show  how  very  far 
the  velocities  of  Capella,  Lyra,  Rigel,  e^  Orionis,  Aldebaran, 
and  Spica,  are  exceeded  by  those  of  many  other  stars. 

If  we  look  at  the  arrangement  of  the  stars  with  respect  to 
the  direction  of  the  solar  motion,  we  find  in  Fig.  g,  that  a 
somewhat  different  scattering  of  them  has  taken  place ;  but 
stiU  most  of  the  stars  appear  to  be  affected  by  some  cause 
which  tends  to  lead  them  to  the  same  part  of  the  heavens, 
towards  which  the  sun  is  moving ;  and  the  directions  of  the 
greatest  number  of  them  are  not  very  distant  from  the  line 
of  the  solar  motion. 

The  whole  appearance  of  this  figure  presents  us  with  the 
idea  of  a  great  compression  above  the  centre,  arising  from 
some  general  cause,  and  a  still  greater  expansion  in  the 
lower  part  of  it.  The  considerable  projection  of  a  few  stars 
on  both  sides,  is  however  a  plain  indication  that  the  com- 
pressing or  dilating  cause  does  not  act  in  their  directions. 

When  the  velocity  of  the  stars,  represented  in  the  same 
point  of  view  in  Fig.  4,  is  examined,  we  find  a  particularity 
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in  the  direction  and  comparative  velocities  in  the  largest  stara 
that  must  not  be  overlooked.  Four  of  them,  Rigel,  «  Orionis, 
Spica,  and  Antares,  have  a  motion  towards  that  part  of  the 
heavens  in  which  the  solar  apex  is  placed,  and  their  motions 
are  very  slow.  Three  other  stars  of  the  ist  magnitude,  Arc- 
turus,  Procyon,  and  Sirius,  move  towards  the  opposite  part 
of  the  heavens,  and  thdr  motions,  on  the  contrary,  are  very 
quick. 

The  direction  of  the  motion  of  Aldebaran,  compared  with 
its  small  velocity,  is  no  less  remarkable;  and  seems  to  be 
contrary  to  What  has  been  pointed  out  with  the  three  last 
mentioned  stars ;  we  shall  however  soon  have  an  opportunity 
of  showing  that  it  is  perfectly  consistent  with  the  principles 
of  the  solar  motion. 

The  Solar  Motion  and  its  Direction  assigned  in  the  first  Part  of 
.this  Paper  are  confirmed  by  the  Phenomena  attending  the 
observed  Motions  (^  the  $6  Stars. 

An  appfication  of  some  of  the  foregoing  remarks  will  be 
our  next  subject;  and  Ibelieve  it  will  be  found,  that  in  the 
first  place  they  point  out  the  expediency  of  a  solar  motion. 
That  next  to  this  they  also  direct  us  to  the  situation  of  the 
apex  of  this  motion :  and  lastly,  that  they  will  assist  us  in 
finding  out  the  quantity  requisite  for  giving  us  the  most  satis* 
factory  explanation  of  the  phenomena  of  the  observed  proper 
motions  of  the  stars. 

In  examining  the  second  figure,  it  has  been  shown  that  no 
less  than  six  stars  of  the  first  magnitude,  namely,  Capella^ 
Lyra,  Rigel,  »  Orionis,  Aldebaran,  and  Spica,  have  less  velo* 
city  than  nine  or  ten  much  smaller  stars.    Aldebaran  and 
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a  Orionia  indeed  have  so  little  xnoticm  that  there  aire  but  three 
stars  in  all  the  36  that  have  less.  But  the  situation  of  these 
Iwi^ht  stars,  from  their  nearness,  must  be  favourable  to  our 
perceiving  their  real  motions  if  they  had  any,  unless  they 
were  counteracted  by  some  general  cause  that  might  rend^ 
them  less  conspicuous.  Now  to  suppose  tbat  the  largest  stars 
should  really  have  the  smallest  nptions,  is. too  singular  an 
opinion  to  be  maintained ;  it  follows,  therefore,  that  the  appa^ 
rently  small  motions  of  these  large  stars  is  <?wing  to  some 
general  cause,  which  renders  at  lea$t  sonie  pajrt  of.  their  real 
motion  invisible  to  us.  But  when  a  sc^ar  moticm  is  intrpduced, 
the  parallax  arising  from  that  psLUst  v^ill  completely  account 
for  the  singularity  of  these  slow  motions. 

If  the  foregoing  argument  proves  the  expediency  0f  a  soidr 
motion,  its  direction  is  no  less  evidently  pointed  out  by  it. 
For  if  the  parallax  occasioned  by  the  moticm  of  the  sun  is  to 
explain  the  appearances  that  have  be6ii  remarked,  it  will  fol- 
low, that  a  direction  in  opposition  to  the  motion  of  Arcturus, 
will  answer  that  end  in  the  most  satisfactoi^ymanqer.  That 
compression,  for  instance,  which  has  beefi  :i^^ked  ui^  t))^ 
motions  of  the  stars  moving  toward  the  solar  ape?:  in  JFig.  3^ 
and  which  is  so  completely  accounted  fqr  by  a  pw^U^i^Q 
motion  arising  from  the  mp^on  of  the  sun,  pouita  out -the. 
direction  in  whiqh.  the  sun  shouldf  move,  in  order  to  produce 
this  require^  parallactic  n^iotion.  The  eiqp^sion  of  the  moticina 
that  are  in  opposition  to  the  former  is  evidently  owing  to  ^ 
same  parallactic  mqtions,  which  in  thi$  direction  unite  with 
the  real  jnotiorus  of  th?^  stars ;  and  as,  in  Jbe  fprmer.  esse,  the 
observed  motions  are  the  di&rejqce^  between  tb^  pay^U^K^: 
and  real  motions,  so  here  they  are  the  sum  qf  then}. .    . 
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The  remark  that  stars  having  a  side  motion,  are  not  affected 
by  thci  cause  of  the  compression  or  expansion,  which  acts 
upon  the  rest,  is  perfectly  explained ;  for  a  parallactic  motion, 
in  the  direction  of  the  motion  of  Arcturus,  can  have  no  effect 
in  lengthening,  or  shortening  the  perpendicular  distance  to 
vrhich  a  sti^r  maj^  move  in  a  side  direction. 

I  have  oi4y  to^addf,  that  the  small  velocities  of  Rigel, 
a  Ononis,  Spica,  and  Antares,  in  Fig.  4,  as  well  as  the  great 
velocities  of.^c1f^us,Procyon,  and  Sirius,  point  out  the  same 
ape:(i:  yhichin.tlie  ^rst  part  of  this  Paper  has  already  been 
^5;tablished  b^  ,x^9i:e  :e^teadje4  computations. 

The  cas^of  i\ldeb»rap,  though  seemingly  contrary  to  what 
1»3 .^en  shpwnj^wnfifiris  tlv^  s^me  conclusions.  This  will 
appear  jb^pof^idfripgth^  a  ^^tar^j  ipovipg  towar4s  the  solar 
af)^  with  *.gr^f^l^r,^^.moiiQfl  than  its  parallactic  one,  must 
continue  apparently  to  move  in  its  real  direction ;  but  should 
a  star,  such  as  Aldebaran,  move  towards  the  apex  with  less 
yiolocdty.  than  the.  para^acticmo^  which  opposes  it,  there 
yfx\X  .ariMs  a  chai^e^  o£  Section,  and  the  star  will  be  seen 
moving  towards  the  opposite  part  of  the  heavens. 

Trial  of  the  ^)M[eihod  to  obtain  the  Q;iantity  of  the  Solar  Motion 
'  iyy  its  Rank  ajnofig  the  sidereal  Velocities. 

(Recording  to.  the.  conditions  that  have  been  explained,  4 
c^ci^tip^  ipaj^  bp  .ipftde  with  a  view,  of  equalizing  the  velo- 
cities., of  the  51m  and  the  stv  ot  Oriojiis;  and  the  result  of  i^ 
^iU.sjjpvf  t^t  the  proposed  pquajity  will  bp  obtained  when 
th^  ^  jspla^r  .xp^otipn  is .  y'ia^^^o.  .  ft .  will,  mcorepver  be  found 
than  so  small  an  increase  of  this  motion  as  o/^oi  would  give 
us  19  stars  with  less,  and  17  with  more  velocity  than  that 
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which  the  calculation  assigns  to  the  sun;  this  consequently 
fixes  one  of  the  limits  to  which  the  solar  motion  ought  not  to 
come  up,  if  we  intend  it  should  hold  a  middle  rank  among^  the 
sidereal  velocities. 

On  the  other  hand,  by  a  similar  calcillation  of  the  velodties 
of  the  star  Pollux  and  the  sun,  it  appears  that  a  solar  motion 
of  o'',967754  will  make  them  equal ;  ahdtha^t  a  diminution  of 
this  motion  not  exceeding  o",oi  -would  give  us  19  stars 
moving  at  a  greater  rate  than  the  sun,  and  only  17  falling 
short  of  its  velocity.  This  consequently  fixes  the  other  Hmit 
to  which  the  solar  motion  ought  not  to  be  depressed.  And 
thus  it  appears  by  this  method,  that  the  quantity  we  are 
desirous  of  ascertaining,  is  confined  v/ithin  very  narrow 
bounds,  and  that  by  fixing  upon  a  mean  of  the  two  limits^  we 
may  have  ^he  rank  of  the  solar  motion  true  ito  less  diftii 

Calculations  for  investigating  the  Consequences  arising  from  any 
proposed  Qjuantity  of  Solar  Motion^  and  for  delineating  them 
by  proper  Figures. 

Before  we  can  justly  examine  the  real  motions  of  stars  which 
it  will  be  necessary  to  admit  in  consequence  of  a  given  solar 
motion,  it  will  be  convenient  to  have  them  represented  in  two 
figures  that  we  may  see  their  arrangement  and  extent ;  and 
as  a  calculation  of  the  required  particulars  will  oblige  us  to 
fix  upon  a  certain  quantity,  we  shall  take  the  motion  that  has 
been  ascertained  to  belong  to  the  niiddle  rank  of  the  sidereal 
velodties  for  a  pattern.  The  result  of  the  necessary  calcula^ 
tions  is  as  follows. 
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Names. 

Panllacdc 
Morion. 

Real  Motion. 

Parallactic  Angle. 

Velocity. 

Sun     - 

0,00000 

1', '116992 

•     10 
00.00.00 

111699a 

Sinus.    - 

0,75697 

0,395212 

149.20.  6      sf 

395212 

Arcturus    - 

0,59847 

1488713 

i79-59-55,7  sp 

1786455 

Capella     - 

0,88905 

0,506123 

32.29.12,5  nf 

632654 

Lyra    -      - 

0,36349 

0,498949 

40.29.14     nf 

648634 

Kigel    -    - 

0,55470 

0,709381 

4.36.5a     np 

957665 

a  Orionis    - 

0,71410 

0,842559 

1.38.38     np 

^^S74i55 

Procyon    - 

0,74161 

0,523428 

156.32.21      sp 

73^799 

Aldebaran    - 

0,72736 

0,608148 

2.45.15     nf 

851407 

Pollux    -    - 

0,78643 

0,743971 

50.12.11     np 

1056439 

Spica    -     - 

0,74009 

0,902004 

7.  6.44     np 

1298886 

Antares 

0,74110 

1,000835 

0.16.10,5  "P 

1461219 

Ahair    -    - 

0,64544 

1,07104a 

40.48.  4     tif 

1574431 

kegulus    - 

0,75095 

0,706833 

17-43-53     "P 

1046113 

/3  Leonis    ~ 

0,68003 

0,443848 

54.10.14,5  np 

665763 

j8  Tauri       - 

0,73063 

0,633317 

2-  51 5.5  nf 

949976 

Fomalhaut 

0,66693 

0,38341 4 

13-22.  5,5  nf 

575121 

a  Cygni    - 

0,46516 

.  0,529503 
0,474647 

0.18.  2,2  np 

847204 

Castor    -    - 

0.55841 

11.30.32     np 

949293 

a  Ophiuchi 

0,3520a 

0,290934 

8.23.43     nf 

581869 

a  Coronas    - 

0,23427 

0,370580 

37.21.17      nf 

741160 
1513508 

m  Aquarii    - 

0,55743 

0,756754 

4-3819.5  "/ 

a  Andromedae 

0,55389 

0,464035 

2-33-34     nf 

928071 
1196917 

a  Serpentis 

0,38655 

0,598458 

6.38.54     nf 

a  Pegasi     - 

0,55567 
0,46554 

0,734265  1 

5-35.47.5  nf 

1468530 

a  Hydras    - 

0,538281 

17.  8.26     np 

1238046 

a*  Librae    - 

0,43377 

0,563892 

15-  4-29     np 

1353342 

y  Pegasi     - 

o,4454P 

0,618272 

'^'29-^7     nf 

^5^679 

a  Arietis    - 

0.43893 

0,342934 
0,454165 

9  35-^9'5  nf 

857336 

aCeti     - 

0,33271 

11.26.  5,5  np 

1271662 

a  Herculis 

0,21909 

0446795 

5.56.38,5  nf 

1340388 

j8  Virginis    - 

0,36039 

0,967572 

48.29.  2,5  nf 

2902716 

y  Aquilas    - 

0,30898 

0,502168 

0.36.25     nf 

1506503 

a  Capricorni 

0,31390 

0,537285 

19-51 .52,5  nf 

1880497 

jQ  Aquilae    - 

0,24370 

0,226458  , 

9636 59'5  sp 

905830 

a'  Capricorni 

0,26151 

0,519230 

17.  4-54.5  nf 

2180769 

of  Librae     - 

0,17347 

0,349371 

26.29.44,5  «/• 

2096229 
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By  the  contents  of  this  Table,  Fig.  5  is  drawn  with  the  lines 
contained  in  the  third  column  and  the  angles  of  the  fourth ; 
the  scale  of  it  is  that  of  the  5th  and  3d  figures ;  and  it  repre- 
sents the  directions  and  angular  quantities  of  the  real  motions 
that  are  required  to  compound  with  the  parallactic  effects  of 
the  second  column,  so  as  to  produce  those  annual  proper 
motions  which  are  established  by  observation. 

Fig.  6  is  drawn  on  the  reduced  scale  of  the  2d  and  4th 
figures.  The  lines  make  the  same  angles  with  the  direction 
of  the  solar  motion  as  before,  but  their  lengths  are  in  the 
proportion  of  the  velocities  contained  in  the  last  column. 

^Remarks  that  lead  to  a  necessary  Examination  of  the  Cause  of  the 

sidereal  Motions. 

The  first  particular  that  will  strike  us  when  we  cast  our 
eye  on  Fig.  5,  is  the  uncommon  arrangement  of  the  stars.  It 
seems  to  be  a  most  unaccountable  circumstance  that  their  real 
motions  should  be  as  represented  in  that  figure ;  indeed,  if 
we  except  only  ten  of  the  stars,  all  the  rest  appear  to  be 
actuated  by  the  same  influence,  and,  like  faithful  companions 
of  the  sun,  to  join  in  directing  their  motions  towards  a  simi- 
larly situated  part  of  the  heavens. 

This  singularity  is  too  marked  not  to  deserve  an  exami- 
nation ;  for  unless  a  cause  for  such  peculiar  directions  can  be 
shown  to  exist,  I  do  not  see  how  we  can  reconcile  them  with 
a  certain  equal  distribution  of  situations,  quantities,  and  mo- 
tions, which  our  present  investigation  seems  to  demand.  In 
order  to  penetrate  as  far  as  we  can  into  this  intricate  subject, 
we  shall  take  a  general  view  of  the  causes  of  the  motions  of 
celestial  bodies. 
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A  inotKtt  of  the  stws  mayame  esdkeir  ftom  diear  mutiial 
gravitation  towards  each  othear,  or  from,  an  origiaal  projectBc 
fi>ros  knpireraed  upon  duBm.  These  two  Gamses  are  known  to 
act  on  att  the  bodi^  belbnging^  to  the  sobur  system,  and  we 
mxy^  tiieveferc  reasonab]^  ^dmk  tiiem  to.  exert  their  inlkieiios 
likewise  on  the  starsL  But  it  will  not  be  sufiident  to  know  a 
general  cause  for  their  motions,  unless:  we  ean  show^  that  its 
infli^nice  mH  tend  ta  make  them  go  towards  a  certain  pairt  of 
dte  heavens  rath»r  liian  to  siwy  other.  Let  ns  examine  how 
these  camses  sore  aetiog  ia  the  solsur  sjnstem. 

The  projectile;  motions  of  the^  ptaincte,  th&  asteroids^  and  the 
satel^€|s,  excepthig  tiioae  o£  tiae  Geon^um  SUbut,  are  all  de^ 
ofdedljfi  in  iaiwMir  of  a  marked  smguhuntjr  oS  ^leoticm.  We 
may  ad4  to  theni  tbe  comet  of  the  3i^ar  i6%a^  whose,  regular 
periodical  r^urn  in  1759  has  sufiRdehtly  proved  it&  penoanent 
connection  with  the  solar  system.  Here  diea  we  have  not 
less  than  23  various  bodies  belonging  to  the  solar  systema.  to 
show  that  tlua  eause  not  only  can,  hnt  in  the  only  case  of 
wlych  we  have  a  complete  knowledge,  actually  does  influence 
the  cekestial  moticHis,  so  as.  to  ^ve  them  a  very  particiibr 
appropriate  direction.  Even  the  exception  of  the  Georgian 
satel^es  may  he*  brought  in  confirmation  of  the  same  pecur 
liarity ;  for  though  they  do  not  unite  with  the  rest  of  the 
bodies  of  oior  system,  ^y  still  conform  among  ea^i  other  to 
establish  the  same  t^idency  of  a  ^nular  direction  in  their 
ipootion  rowid  the  primary  planet.  And  thus  it  is  proved  that 
ike  similar  direction  of  the  motion  o£  a  group  of  stars  may  be 
ascribed  to  their  similar  projectile  motiona  without  incurrittg 
the  censure  of  improbability. 

Let  us  however  pursue  the  objection  a  little  farther,  and  as 
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ive  have  shown  that  the  celestial  bodies  of  the  solar  system 
actually  have  these  similar  projectile  motions,  it  may  be  re- 
quired that  we  should  also  prove  that  the  stars  have  them 
likewise ;  since  the  appearances  in  Fig.  5  may  otherwise  be 
looked  upon  as  merely  the  consequence  of  the  assumed  solar 
motion.  To  this  I  answer,  that  setting  aside  the  solar  motion^ 
and  allowing  the  observations  of  astronomers  on  the  proper 
motion  of  the  stars  to  give  us  the  real  direction  and  angular 
quantity  of  these  motions,  even  then  the  same  similarity  will 
equally  remain  to  be  accounted  for.  In  my  examination,  of 
Fig.  1  and  3,  it  has  been  shown  that  we  ought  to  ascribe  the 
similar  directions  of  the  sidereal  motions  to  some  physical 
cause,,  which  probably  exerts  its  influence  also  on  the  solar 
motion ;  therefore  in  reverting  to  those  figures  I  may  be  said 
to  appeal  to  the  actual  state  of  the  heavens,  for  a  proof  of 
what  has  been  advanced,  with  respect  to  the  similarity  of  the 
directions  of  projectile  motions. 

Having  thus  examined  one  cause  of  the  sidereal  motions, 
and  shown  that  as  far  as  we  are  acquainted  with  its  mode  of 
acting  in  the  solar  system,  it  is  favourable  to  a  similarity 
of  direction ;  and  that  moreover,  if  we  ascribe  the  motion  of 
the  stars  to  it,  we  have  also  good  reason,  from  observation,  to 
believe  it  to  be  in  favour  of  the  same  similarity ;  we  may  in 
the  next  place  proceed  to  consider  the  mutual  gravitation  of 
the  stars  towards  each  other.  This  is  an  acknowledged  prin- 
ciple of  motion,  and  the  laws  of  its  exertion  being  perfectly 
known,  we  shall  in  this  inquiry  meet  with  no. difficulty  relating 
to  its  direction,  which  is  always  towards  the  attracting  body. 
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Considerations  of  the-  attractive  Power  required  for  a  sufficient 
Velocity  of  the  sidereal  Motions. 

As  attraction  is  a  power  that  acts  at  all  distances^  we  ought 
to  begin  by  'examining  whether  the  motions  of  our  stars  can 
be  accounted  for  by  the  mutual  gravitation  of  neighbouring 
stars  towards  each  other,  or  by  a  periodical  binal  revolution 
of  them  about  a  common  centre  of  gravity ;  or  whether  we 
ought  not  rather  to  have  recourse  to  some  very  distant 
attractive  centre.  This  may  be  decided  by  a  calculation  of 
the  effects  arising  from  the  laws  according  to  which  the  prin- 
ciple of  attraction  is  known  to  act.  For  instance,  let  the  sun 
and  Sirius  be  two  equal  bodies  placed  in  the  most  favourable 
shnation  to  permit  a  mutual  approach  by  attraction :  that  is, 
let  them  be  without  projectile  motions,  and  removed  from  all 
other  stars  which  might  impede  their  progress  towards  each 
other,  by  opposite  attractions.  Then,  by  calculation,  the  space 
over  which  one  of  them  would  move  in  a  year,  were  the 
matter  of  both  collected  in  the  other  as  an  attractive  centre, 
would  be  less  than  a  five  thousand  millionth  part  of  a  second; 
supposing  that  motion  to  be  seen  by  an  eye  at  the  distance  of 
Srius,  and  admitting  the  parallax  of  the  whole  orbit  of  the 
earth  on  this  star  to  be  one  second. 

This  proves  evidently  that  the  mere  attraction  of  neigh- 
bouring stars  acting  upon  each  other  cannot  be  the  cause  of 
the  sidereal  motions  that  have  been  observed. 

In  the  case  of  supposed  periocfiical  binal  revolutions  of  stars 
about  a  common  centre  of  gravity,  where  ccmsequently  pro- 
jectile motions  must  be  admitted,  the  united  power  of  the 
connected  stars,  provided  the  mass  of  either  of  them  did  not 
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greatly  exceed  that  of  the  sun,  would  fall  very  short  of  the 
attraction  reqiired  to  ^ ve  a  sufficient  velocity  to  thew  motions. 
The  star  Arcturus  for  example,  whidi  happens  to  move,  as  is 
required,  in  an  op^sste  dk-ectttnn  to  the  proposed  sofair  mo- 
tion, were  it  conDected  with  the  ;siin«  and  bad  the  pra|)er 
degree  of  necessary  ^nyjectile  iiiodon^  could  not  describe  an 
arch  of  i*'  of  its  orfait,  about  ithdr  common  centre,  in  km 
than  102  years ;  and  though  the  oj^site  motion  oif  the  sim^ 
by  a  par^iliactic  efl^t  woidd  double  that  qaantity^  it  sdU  woidd 
fall  short  of  the  change  we  observe  in  this  star  in  the  coume 
of  a  Isingle  yeatr. 

Otfier  oonsidersMbnrs  iare  atill  more  against  die  idmissbn 
of  such  partial  conneotiom :  they  would  mtiFely  oppose  the 
similarfty  of  tlie  ^Gfirectik^vs  ?itf  the  sidereal  motions  that  jurre 
been  ;»^ved  to  exist,  and  wlxich  we  are  now  endeavioming  to 
explain. 

Let  ias  dien  exaimne  in  what  manner  a  £stant  centre  <Qf 
attraction  may  be  the  cause  of  the  requiiied  motkass.  By 
admi^ng  this  centre  to  be  dt  a  great  distance,  we  shaH  have 
its  inHuenoe  eiOended  over  ^  apace  that  wiU  (take  in  a  ni^ale 
group  of  stars,  imd  thus  the  similar  directions  of  their  motions 
win  be  accounted  for.  Thesr  velocities  also  may  be  ascribed, 
to  the  energy  of  the  centre,  which  tmay  be  ^sstiffickntly  great 
for  all  the  purposes  of  the  required  mdtiDiis.  A  drcumstance, 
however,  attends  the  directions  of  the  motions  to  hit  ex- 
plained, which  shows  that  a  distant  ^centre  of  attractioii  dione 
win  not  be  sufficient;  for  these  motions, 4gs  we  may  see  in 
Fig.  3,  though  pretty  similar  /in  thdir  divecticms,  still  are  'di- 
verging;  whereas  if  tiiey  were  solely  caused  iby  attradaon^ 
they  would  ^converge  towards  the  attracting  centre^iand  foint 
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lovt  its  ttemion.  it  is  therdbre  evktent  tliat  phsjectile  mo^ 
ttons  viJ^A  be  €omlime4  with  attrictkm^  tfid  t&at  die  motioiiB 
of  the  Btxn  wiieKi  mgutsted  in  this  mxnner,  are  not  unlike  the 
4ispositian  by  whidi  tlie  bovKes  of  the  solar  system  are  go^ 
TWHttd.  If  we  {lureue  this  arr^aig^nent,  it  will  be  proper  to^ 
consider  the  condition,  and  probable  exist^ce  of  such  a  centre 
<dfattraoiaon. 

There  are  two  ways  in  whidi  a  centre  of  attraction,  so 
|xnverful  as  the  present  occasion  would  require,  may  be  con^ 
Vtraoted;  the  niosit  sinpie  of  them  would  be  a  single  body  of 
^i«at  magnitude;  this  voxy  exist,  though  we  should  not  be 
^e  to  ^erosive  it  by  any  superbnty  of  kistre ;  for  notwitfa-^ 
standing  it  imght  hare  the  usual  starry  bnghtness^  the  de^ 
CMSse  of  its  light  aiising  from  its  great  distance  would  hardly 
te  conpaisated  by  the  size  of  its  diameter;  but  to  have 
recoitfse  to  an  ilamible  centre,  or  at  least  to  one  that  cannot 
be  disCoiguiBhed  Uxxm  a  star,  would  be  intirely  hypDtheticai, 
ami,  us  such,  cannot  be  adnutted  in  a  disoissioKi,  tiie  aTowed 
objeot  of  which  is  to  prove  its  existence. 

The  seamd  way  of  the  constructioifii  of  a  very  powerf«i 
centre,  mi^  be  joint  attraction  of  a  great  number  of  stars 
UMted  iniD  one  condensed  group. 

The  actual  existence  of  such  graii|»  of  stars  has  already 
been  proued  by  ofaservatians  made  wkh  my  large  instru- 
ments ;  many  of  those  objects,  which  were  looked  u^on  as 
nd>iriDas  patches,  haiviBig  bem  completely  resolved  into  stars 
by  my  40  and  so-fieet  telescopes.  For  instance^  the  nebula 
dkoonrered  by  Dr.  M^uxby  in  the  year  1714,  in  wbidi  the 
disooMcer,  and  other  abBervers  aSter  Mm^  have  sem  no  star« 
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I  have  ascertained  to  be  a  globular  cluster,  containing,  by  a 
rough  calculation,  probably  not  less  than  fourteen  thousand 
stars.  From  the  known  laws  of  gravitation,  we  are  assured 
that  this  cluster  must  have  a  very  powerful  attractive  centre 
of  gravity,  which  may  be  able  to  keep  many  far  distant 
•celestial  bodies  in  control. 

But  the  composition  of  an  attractive  centre  is  not  limited  to 
one  such  cluster.  An  union  of  many  of  them  will  form  a 
still  more  powerful  centre  of  gravitation,  whose  influent 
may  extend  to  a  whole  region  of  scattered  stars.  To  prove 
that  I  argue  intirely  from  observations,  I  shall  mention  that 
another  nebula,  discovered  by  Mr.  Messier  in  the  year  1781, 
is,  by  the  same  instruments,  also  proved  to  consist  of  stars ; 
and  though  they  are  seemingly  compressed  into  a  much 
smaller  space,  and  have  also  the  appearance  of  smaller  staris, 
we  may  fairly  presume  that  these  circumstances  are  only 
indications  of  a  greater  distance,  and  that,  being  a  globular 
cluster,  perfectly  resembling  the  former,  the  distance  being 
allowed  for,  it  is  probably  not  less  rich  in  the  number  of  its 
component  stars.  The  distance  of  these  two  clusters  from 
each  other  is  less  tlujn  12  degrees,  and  we  are  certain  that 
somewhere  in  the  line  joining  these  two  groups  there  must 
be  ja  centre  of  gravitation,  far  superior  in  energy  to  the 
single  power  of  attraction  that  can  be  lodged  in  either  of  the 
clusters. 

I  have  selected  these  two  remarkable  objects  merely  for 
tiieir  sinuation,  which  is  very  near  the  line  of  the  direction  of 
the  solar  motion;  but  were  it  necessary  to  bring  farther  proof 
of  the  existence  of  combmed  attractions,  the  numerous  objects 
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of  which  I  have  ^ven  cataloguea^  would  amply  furnish  me 
with  arguments. 

If  a  still  more  powerful  but  more  difiFused  exertion  of 
attraction  should  be  required  than  what  may  be  found  in  the 
union  of  clusters,  we  have  hundreds  of  thousands  of  stars, 
not  to  say  millions,  contained  in  very  compressed  parts  of  the 
milky  way,  some  of  which  have  already  been  pointed  out  in 
a  former  Paper .+  Many  of  these  immense  regions  may  well 
occasion  the  sidereal  motions  we  are  required  to  account  for; 
and  a  similarity  in  the  direction  of  these  motions  will  want  no 
Ulustration. 

With  regard  to  the  situation  of  the  condensed  parts  of  the 
milky  way,  and  of  the  two  clusters  that  have  been  mentioned, 
we  must  remark,  that  the  seat  of  attraction  may  be  in  any 
part  of  tifie  heavens  whatsoever ;  for  when  projectile  motions 
are  given  to  botfies  that  are  retained  by  an  attractive  centre, 
they  may  have  any  direction,  even  that  at  right  angles  to  its 
situation  not  excepted.. 

It  will  give  additional  force  to  the  arguments  I  have  used 
for  the  admission  of  far  distant  centres  of  attraction,  as  well 
as  projectile  motions  in  the  stars  that  are  connected  with 
tfiem,  when  we  take  notice  that^  independent  of  the  solar 
motion,  and  setting  jthat  intirely  aside,  the  action  of  these 
causes  will  be  equally  required  to  explain  the  acknowledged 
proper  motions  of  the  stars.  For  if  the  sun  be  at  rest,  then 
Arcturus  must  actually  change  its  place  more  than  2,"  a  year, 
and  consequently  this  and  many  other  stars,  which  are  well 
known  to  change  their  situation,  must  be  supposed  to  have 

•  Pha.  Ttans.  for  1786,  page  457;  for  17S9,  page  212;  for  1802,  page  477. 
t  Ibid,  for  1802,  page  495.,. 
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projeetilet  motions,  and  to  he  aplajcot  to*  ths  afetracticBt  of  far 
distant  centres. 

II I  am  not  mistaken,  it  will  nom  be  allowed  that  not  ob^ 
jeotion  can  arise  agamst  any  solar  vdodty  we  any  fix  upon, 
for  want  of  a  cause  that  may  be  assigned  to  aot  upon  the  swi, 
and  many  stars,  sa  aa  to  account  for  their  motions,  and  sinoikur 
tendency  towards  a  certain  part  of  the  hearens;  we  may 
coilsequently  proceed  in  examining  wlietlier  the  quantity  that 
has  been  assumed  for  calculating  the  contents  of  the  Xith 
Table,  wilt  su^cienlly  come  up  to  the  condftioQ^  we  have 
iMbpted  for  directing  our  determination. 

in  Fig.  6  we  have  the  velocities  of  die  36^  stars  delbieated; 
and  by  examining  the  last  cohimn  oi  the  TiEibie  fpom  which 
they  are  taken,  we  find  that  the  parallactic  effects  arising 
from  the  proposed  solar  motion  require  the  vekM%r  of  18 
stars  to  exceed  that  of  the  sun,  and  exactly  the  same  number 
to  be  inferior  tx>  it;  so  far  then  the  rank  which  has  been  as- 
signed to  the  solar  motion  is  a  perfect  medium  among  the 
sid^eol  velocities. 

If  we  examine  in  d^e  next  place  how  this  motion  will  agree 
with  a  mean  rate  deduced  from  the  velodties  in  the  above 
mentioned  column,  we  find  a  36^)^  part  of  thekr  sum  to  be 
1 19^550.  A  solar  motion,  dierefore,  which  agrees  with  this 
mean  rate  will  (fiffer  from  one  assigned  by  the  mkidle  rank 
no  more  than  qI^ojqss^  9  ^^i  ^^  account  of  the  smallness 
of  this  quantity,  the  calculations  required  to  lessen  it,  by  some 
litde  increase  of  the  solar  motion,  might  well  be  dispensed 
with;  but  if  we  were  desirous  of  greater  precision,  the 
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secondary  purpose,  next  to  be  considered,  would  rather  in- 
cline  us  to  an  opposite  alteration. 

The  great  disparity  of  the  sidereal  motions,  whicli  has  been 
mentioned  as  an  incongruity  in  the  first  part  of  this  Paper, 
and  has  more  evidently  been  shown  to  exist  when  we  exa- 
mined the  representations  of  these  motions  in  the  3d  figure, 
is  the  next  point  we  have  to  consider  in  the  effect  of  the  solar 
motion.  Let  us  see  how  far  we  have  been  successful  in  les- 
sening the  ratio  these  velocities  bear  to  each  otlier.  The  last 
column  of  the  Xth  Table  contains  them  as  they  must  have 
been  admitted  if  the  sun  had  been  at  rest.  The  proportion  of 
the  quickest  motion  to  the  slowest  is  there  as  2504621  to 
103036 ;  and  the  velocity  of  one  is  therefore  above  24  times 
greater  than  that  of  the  other.  But  in  consequence  of  the 
solar  motion  we  have  used,  the  two  extreme  velocities  are 
reduced  to  2902716  and  395212 ;  which  gives  a  proportion 
of  less  than  7^^  to  1. 

If  the  quantity  of  the  solar  motion  were  lessened  to  i",  we 
might  bring  the  ratio  of  the  extreme  velocities  so  low  as  6 
to  1 ;  but  as  the  middle  rank  has  already  given  it  a  little 
below  the  mean  rate,  I  do  not  think  that  we  ought  to  lower 
it  still  more ;  so  that  when  all  circmnstances  are  properly 
considered,  there  is  a  great  probaWlity  that  the  quantity 
assumed  in  the  last  calculation  may  not  be  far  from  the  truth. 
It  aj^ears,  therefore,  that  in  the  present  steite  of  our  know- 
ledge of  the  observed  proper  motions  of  the  stars,  we  have 
sufficient  reason  to  fix  upon  the  quantity  of  the  solar  motion 
to  be  such  as  by  afi  eye  placed  at  right  angles  to  its  direction, 
and  at  the  distance  of  Sirius  from  us,  would  be  seen  to  de- 
scribe annually  an  arch  of  1  ",116992  of  a  degree;  and  its 
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velocity,  till  we  are  acquainted  with  the  real  distance  of  this 
star,  can  therefore  only  be  expressed  by  the  proportional 
number  of  1116999. 

Concluding  Remarh  and  Inferences. 
We  have  now  only  to  notice  a  few  remarks  that  may  be 
made,  by  way  of  objection  to  the  solar  motion  I  have  fixed 
upon.  If  the  quantity  of  this  motion  is  to  be  assigned  by  the 
mean  rank  of  sidereal  velocities,  it  may  be  asked,  will  -hot 
the  addition  of  every  star,  whose  proper  motion  shall  be 
ascertained,  destroy  that  middle  rank,  which  has  been  esta- 
blished? To  this  I  shall  answer,  that  future  observations 
may  certainly  afford  us  more  extensive  information  on  the 
subject,  and  even  show  that  the  solar  motion  should  not 
exactly  hold  that  middle  rank,  which  from  various  motives  we 
have  been  induced  to  assign  to  it ;  but  at  present  it  appears, 
tliat  according  to  the  doctrine  of  chances,  a  middle  rank 
among  the  sidereal  velocities  must  be  the  fairest  choice,  and 
will  remain  so,  unless,  what  is  now  a  secondary  consideration, 
should  hereafter  become  of  more  importance  than  the  first. 
That  this  should  happen  is  not  impossible,  when  a  general 
knowledge  of  the  proper  motions  of  all  the  stars  of  the  1st, 
sd,  and  gd  magnitudes  can  be  obtained ;  but  then  the  method 
of  calculation  that  has  been  traced  out  in  thia  and  the  former 
Paper,  is  so  perfectly  applicable  to  any  new  lights  observation 
may  throw  upon  the  subject,  that  a  more  precise  and  unob- 
jectionable solar  motion  can  be  ascertained  by  it  with  great 
facility.  Hitherto  we  find  that  a  mean  rank  agrees  sufficiently 
with  the  phenomena  that  were  to  be  explained :  the  apparent 
velocities  of  Arcturus  and  Aldebaran,  without  a  solar  motion 
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for  instance,  were  to  each  other,  in  the  IXth  Table,  as  208  to 
.12 ;  our  present  solar  motion  kas  shown,  that  when  the  de- 
ception arising  from  its  parallactic  effect  is  removed  by 
calculation,  these  velocities  are  to  each  other  only  as  179  to 
.  85,  or  as  2  to  1 .  And  though  Arcturus  still  remains  a  star 
that  moves  with  great  velocity,  yet  in  the  Xlth  Table  we 
have  4  or  5  stars  with  nearly  as  much  motion ;  and  4  with 
more. 

Our  solar  motion  also  removes  the  deception  by  which  the 
motion  of  a  star  of  the  consequence  of  a  Orionis  is  so  concealed 
as  hardly  to  show  any  velocity ;  whereas  by  computation  we 
find  that  it  really  moves  at  a  rate  which  is  fully  equal  to  the 
motion  of  the  sun. 

I  must  now  observe,  that  the  result  of  calculations  founded 
upon  facts,  such  as  we  must  admit  the  proper  motions  of  the 
stars  to  be,  should  give  us  some  useful  information,  either  to 
satisfy  the  inquisitive  mind,  or  to  lead  us  on  to  new  disco- 
veries. The  establishment  of  the  solar  motion  answers  both 
these  ends.  We  have  already  seen  that  it  resolves  many  dif- 
ficulties relating  to  the  proper  motions  of  the  stars,  and 
reconciles  apparent  contradictions ;  but  our  inquiries  should 
not  terminate  here.  We  are  now  in  the  possession  of  many 
concealed  motions,  and  to  bring  them  still  more  to  light,  and 
to  add  new  ones  by  future  observations  should  become  the 
constant  aim  of  every  astronomer. 

This  leads  me  to  a  subject,  which  though  not  new  in 
itself,  will  henceforth  assume  a  new  and  promising  aspect. 
An  elegant  outline  of  it  has  long  ago  been  laid  before  the 
public  in  a  most  valuable  paper  on  general  Gravitation,  under 
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the  form  of  "  Thoughts"  on  the  subject;*  but  I  believe, 
from  what  has  been  said  in  this  Paper,  it  will  now  be  found 
that  we  are  within  the  reach  of  a  link  of  the  chain  which 
connects  the  principles  of  the  solar  and  sidereal  motions  with 
those  that  are  the  cause  of  orbitual  ones. 

A  discovery  of  so  many  hitherto  concealed  motions,  pre- 
sents us  with  an  interesting  view  of  the  construction  of  that 
part  of  the  heavens  which  is  immediately  around  us.  The 
similarity  of  the  directions  of  the  sidereal  motions  is  a  strong 
indication  tliat  the  ^tars,  having  such  motions,  as  well  as  the 
sun,  are  acted  upon  by  s<Mne  connecting  cause,  which  can 
only  be  attraction ;  and  as  it  has  been  proved  that  attraction 
will  not  explain  the  observed  phenomena  without  the  ex- 
istence of  projectile  motions,  it  must  be  allowed  to  be  a 
necessary  infwence,  that  the  motions  of  the  stars  we  have 
exan^Aed  are  governed  by  the  same  two  ruling  principles 
which  regttlate  the  orbitual  motions  of  the  bodies  of  the  solar 
systiem.  It  will  also  be  admitted  that  v/e  may  justly  invert 
the  inference,  and  from  the  operation  of  these  causes  in  our 
system,  conclude  that  their  influence  upon  the  sidereal  mo- 
tions will  tend  to  produce  a  similar  effect;  by  which  means 
the  probable  motion  of  the  sun,  and  of  the  stars  in  orbits, 
becomes  a  subject  that  may  receive  the  assistance  of  argu- 
ments supported  by  observation. 

What  has  been  said  in  a  paragraph  of  a  former  Paper, 
where  the  sun  is  placed  among  the  insulated  starSj-f  does 
not  contradict  the  present  idea  of  its  making  one  of  a  very 
extensive  system.     On  the  contrary,  a  connection  of  this  na- 

*  Sec  the  note  Phil.  Trans,  for  1783,  page  283.  f  ■^^^^^  ^^^  ^^^»  P*g^  47^ 
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ture  has  been  alluded  to  in  the  same  Paper.*  The  insulation 
ascribed  to  the  sun  relates  merely  to  a  supposed  binary  com- 
bination with  some  neighbouring  star ;  and  it  has  now  been 
proved  by  an  example  of  Arcturus,  that  the  solar  motion 
cannot  be  occasioned  or  accounted  for  by  a  periodical  revo- 
lution of  the  sun  and  this  or  any  other  star  about  their 
common  centre  of  gravity. 

•  Phil.  Trans,  for  i8o2»  page  479. 
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In  Table  VJI.  of  the  first  part  of  this  Paper,  star  Aldebaran,  the  two  last  columns, 
for  \y>  18' 58',  read  13^41' 48*. 
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30,05 

7* 

ENE 

I 

Cloudy. 

58 

2    0 

56 

60 

30,02 

68 

E 

I 

Cloudy. 

6 

48 

7  .P 

50 

59 

29,89 

76 

S 

1 

Fine. 

67 

2    0 

64 

gb 

29,85 

67 

W 

1 

Cloudy. 

7 

g 

7    0 

^ 

59 

30,05 

V 

sw 

I 

Fine. 

2    0 

61 

30,07 

67 

s 

I 

Fair. 

8 

SI 

7    0 

53 

60 

30,10 

84 

sw 

2 

Fair. 

71 

2    0 

69 

61 

30,08 

68 

ssw 

2 

Fair. 

9 

56 

7    0 

59 

61 

29,89 

80 

E 

I 

Cloudy. 

74 

2    0 

70 

63 

29,66 

78 

SSE 

2 

Cloudy. 

10 

59 

7    0 

60 

62 

90 

0,185 

SSE 

I 

Rain. 

66 

2    0 

64 

63 

29,54 

88 

S 

2 

Cloudy. 

II 

1*^ 

7    0 

|9 

6z 

»9.43 

87 

0,215 

S 

2 

Cloudy. 

68 

2    0 

63 

63 

29.49 

80 

S 

2 

Rain. 

12 

n 

7    0 

S« 

61 

29,91 

82 

0,388 

S 

2 

Fine. 

2    0 

58 

62 

30.03 

78 

S 

2 

Rain. 

»3 

fr 

7    0 

50 

62 

30,22 

88 

0,095 

s 

1 

Fine. 

2    0 

66 

62 

30,21 

73 

s 

1 

Cloudy. 

H 

55 

7    0 

55 

62 

30,08 

87 

0,075 

s 

I 

Rain. 

56 

2    0 

54 

62 

29.90 

88 

N 

I 

Rain. 

15 

49 

7    0 

5> 

61 

29,82 

92 

1,190 

N 

2 

Rain. 

62 

2    0 

61 

62 

29,96 

70 

N 

I 

Fair. 

16 

49 

7    0 

5* 

61 

30,08 

82 

W 

I 

Fine. 

66 

2    0 

66 

62 

30,06 

68 

W 

I 

Cloudy. 
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METEOROLOGICAL  JOURNAL 

for  June,  1805. 

Six's 

Time. 

Therm. 

Barom. 

Hy- 

Rain. 

Wind*. 

Therm. 

without. 

within. 

gro- 

1805 

leutand 
greatest 

me- 
ter. 

Wnther. 

'"^■" 

Heat. 

H. 

M. 

A.M. 

P.M. 

laches. 

laebet. 

Poinu. 

Str. 

June 17 

0 

54 

0 

t 

i. 

30.0a 

83 

W 

Cloudy. 

68 

0 

62 

29,97 

67 

WNW 

I 

Cloudy. 

18 

54 

0 

57 

61 

29,76 

86 

0,068 

WNW 

2 

Fair. 

68 

0 

68 

62 

3»9*77 

68 

NW 

Pur. 

•9 

50 

0 

53 

6t 

30,00 

80 

NW 

Fair. 

66 

0 

61 

62 

30,04 

75 

N 

Rain. 

20 

49 

0 

5> 

61 

29,98 

83 

0,160 

NE 

Cloudy. 

58 

0 

56 

62 

30,0a 

76 

NE 

Cloudy. 

SI 

49 

0 

50 

60 

30,12 

85 

o-«7S 

NE 

Qoudy. 

57 

0 

55 

60 

30,12 

77 

NE 

Cloudy. 

az 

ts 

0 

50 

59 

3o>i6 

80 

NB 

Cloudy. 

0 

58 

60 

30,17 

73 

N£ 

Qoudy. 

23 

SO 

0 

5* 

60 

30,22 

76 

NE 

Cloudy. 

65 

0 

63 

60 

30,20 

73 

NE 

Cloudy. 

»4 

5« 

0 

55 

60 

30,00 

84 

W 

Hazy. 

75 

0 

74 

62 

29,87 

69 

NW 

Fair. 

25 

1^ 

0 

59 

61 

29,70 

70 

W 

Cloudy. 

i 

0 

63 

62 

29,64 

82 

WNW 

Rain. 

26 

0 

n 

61 

29,87 

80 

0,085 

W 

Fair. 

66 

0 

62 

29.91 

68 

SW 

Fair. 

27 

J? 

0 

5* 

61 

29,89 

77 

ssw 

Fair. 

0 

65 

62 

29,85 

7* 

SW 

Cloudy. 

28 

12 

0 

55 

61 

29,82 

87 

0,300 

ssw 

Cloudy. 

0 

60 

62 

29,82 

83 

N 

Rain. 

29 

j: 

0 

5* 

61 

30,01 

85 

0,478 

NE 

Fine. 

0 

62 

63 

30,09 

70 

NE 

Hazy. 

30 

so 

0 

52 

61 

30,20 

85 

E 

Fine. 

7« 

0 

68 

63 

30,18 

69 

W 

Fair. 
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METEOROLOGICAL  JOURNAL 

for 

July,  1805. 

Six's 

Time,  1 

Therm. 

Therm. 

Barom. 

Hy- 

Rain. 

Winds. 

Therm. 

without. 

within. 

geo- 

1805 

least  and 

greatest 

Heat. 

me- 
ter. 

Weather. 

H. 

M. 

A.M. 

P.M. 

Inches. 

Inches. 

Points. 

Str. 

July   I 

0 
52 

0 

5*6 

6°. 

30,26 

8°. 

N 

Fine. 

7^ 

0 

69 

63 

30**7 

70 

SW 

Fair. 

2 

5« 

0 

58 

6» 

30,16 

78 

ssw 

Cloudy. 

68 

0 

66 

63 

30,05 

75 

SW 

Cloudy. 

3 

60 

6 

58 

62 

29*93 

87 

SW 

Cloudy. 

•/ 

67 

0 

67 

6J 

29,87 

85 

ssw 

Rain. 

4 

57 

0 

S9 

63 

29»74 

83 

0,020 

ssw 

Fair, 

79 

0 

78 

66 

29,67 

69 

SSE 

2 

Cloudy. 

5 

62 

0 

6z 

65 

29,58 

8z 

s 

2 

Cloudy. 

70 

0 

68 

65 

29,64 

73 

s 

2 

Cloudy. 

6 

55 

0 

56 

65 

29,76 

85 

0,420 

SW 

2 

Fair. 

69 

0 

67 

65 

29,78 

75 

SW 

2 

Rain. 

7 

5i 

0 

54 

64 

29'93 

86 

0,380 

wsw 

2 

Fair. 

70 

0 

67 

65 

29,96 

75 

SW 

Cloudy. 

8 

57 

0 

58 

64 

29*98 

88 

0,035 

ssw 

Cloudy. 

62 

0 

61 

64 

29,97 

85 

SSW 

Cloudy. 

9 

5* 

0 

56 

a 

30,08 

85 

0,016 

N£ 

Fair. 

70 

0 

69 

30,08 

7» 

NE 

Fair. 

10 

53 

0 

54 

64 

30,02 

8$ 

w 

Hazy. 

74 

0 

71 

65 

29,96 

70 

NW 

Cloudy. 

11 

57 

0 

59 

64 

30,05 

86 

HE 

Cloudy. 

64 

0 

6* 

65 

30,08 

80 

NE 

Cloudy, 

12 

5* 

0 

56 

63 

30,11 

80 

NE 

Cloudy. 

S8 

0 

67 

64 

30,08 

70 

NE 

Fair. 

13 

57 

0 

58 

64 

30*04 

81 

NNE 

Cloudy. 

68 

0 

68 

65 

30,03 

70 

NE 

Fair. 

14 

51 

0 

IJ 

64 

30,03 

83 

NE 

Cloudy. 

67 

0 

65 

30,01 

77 

NE 

Cloudy. 

IS 

5* 

0 

54 

64 

30,04 

80 

NE 

Cloudy. 

65 

0 

65 

64 

30,04 

78 

NE 

Cloudy. 

16 

54 

0 

57 

64 

30,07 

79 

NE 

Fine. 

69 

0 

68 

65 

30,09 

-Z2. 

NE 

Fair. 
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METEOROLOGICAL  JOURNAL 

for  July,  1805. 

Six*t 

Time. 

Therm. 

Therm. 

Barom. 

Hy- 

Rain. 

Winds. 

Therm. 

without. 

within. 

£ro> 

1805 

leait  and 

greatest 

Heat. 

0* 
me- 
ter. 

Weather. 

H. 

M. 

A.M. 

P.M. 

Inches. 

Inches. 

Pointt. 

Str. 

July  17 

0 

54 

7 

0 

0 
55 

i* 

30,17 

lo 

NE 

Cloudy. 

63 

2 

0 

63 

64 

30,17 

76 

NE 

Cloudy. 

18 

50 

7 

0 

53 

63 

30,16 

80 

NE 

Cloudy. 

65 

2 

0 

64 

64 

30,17 

73 

NE 

Cloudy. 

19 

5* 

7 

0 

55 

^5 

30,14 

80 

NE 

Cloudy. 

66 

2 

0 

65 

64 

30,10 

75 

ENE 

Fair. 

20 

55 

7 

0 

57 

63 

30,0.3 

85 

WSW 

Hazy. 

76 

2 

0 

76 

65 

^9>98 

75 

SW 

Cloudy. 

21 

60 

7 

0 

62 

64 

29,76 

93 

0,565 

S 

Rain. 

69 

2 

0 

68 

^5 

*9>59 

9> 

S 

Cloudy. 

22 

55 

7 

0 

57 

^ 

29,78 

90 

0,290 

WSW 

Cloudy. 

7« 

2 

0 

70 

^5 

^9>77 

70 

WSW 

Cloudy. 

23 

59 

7 

0 

60 

^ 

^947 

i* 

0,230 

S 

Rain. 

7« 

2 

0 

68 

!5 

«9'3« 

81 

S 

Cloudy. 

24 

54 

7 

0 

57 

64. 

29,56 

86 

0,215 

W 

Cloudy, 

68 

2 

0 

67 

65 

29,70 

80 

WNW 

Pair. 

«5 

55 

7 

0 

57 

64 

«9>94 
30,06 

80 

WNW 

2 

Fair. 

67 

2 

0 

65 

64 

75 

NW 

Cloudy. 

26 

52 

7 

0 

53 

64 

30,14 

85 

WSW 

Fine. 

73 

2 

0 

73 

65 

30,07 

70 

SW 

Fair. 

27 

57 

> 

0 

61 

'4 

29,80 

81 

SE 

Cloudy. 

74 

2 

0 

73 

29.71 

73 

S 

Hazy. 

28 

59 

7 

0 

61 

ti 

*9'73 

86 

S 

2 

Cloudy, 

70 

2 

0 

69 

66 

«9>7* 

76 

s 

2 

Fair. 

29 

57 

7 

0 

60 

^1 

29,76 

85 

s 

2 

Cloiidy. 

69 

2 

0 

69 

66 

29,78 

71 

s 

2 

Fair. 

30 

55 

7 

0 

57 

65 

29,83 

87 

s 

1 

Fine. 

69 

2 

0 

69 

66 

29,84 

7» 

s 

2 

Fair. 

31 

54 

7 

0 

56 

65 

29,81 

86 

SSE 

2 

Cloudy. 

70 

2 

0 

67 

66 

«9>7» 

78 

SSW 

I 

Cloudy. 
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METEOROLOGICAL  JOURNAL 

for  August,  1805. 

Six*a 

Time. 

Therm. 

Therm. 

Barom. 

Hy- 

Ram. 

Winds. 

Therm. 

withouL 

within. 

gro- 

1805 

leaac  and 

me- 

Weathn. 

greatctt 

■^~" 

tcr. 

Heat. 

H. 

M. 

A.M. 

P.M. 

Inchea. 

Inches. 

Points. 

Str. 

Aug.  I 

0 

55 

7 

0 

0 
57 

^5 

29,66 

0 

87 

0,070 

ssw 

Cloudy. 

70 

2 

0 

69 

65 

29,63 

77 

ssw 

Rain. 

2 

1^ 

7 

0 

59 

65 

29,51 

87 

0*315 

SE 

Rain. 

69 

2 

0 

67 

66 

*9'49 

82 

S 

Cloudy. 

3 

58 

7 

0 

60 

^s 

*9'75 

90 

I1O55 

w 

Cloudy. 

72 

2 

0 

72 

66 

29,82 

72 

w 

Hazy. 

4 

5a 

7 

0 

54 

^1 

29^95 

90 

sw 

5?.">^J 

l^ 

2 

0 

71 

66 

a9»94 
29,5^ 

73 

s 

Cloudy. 

5 

61 

7 

0 

63 

65 

88 

sw 

Cloudy.[«:,^J';- 

73 

2 

0 

73 

67 

29,72 

67 

wsw 

6 

55 

7 

0 

57 

66 

29,76 

84 

sw 

Fine. 

73 

2 

0 

7» 

67 

29,80 

67 

wsw 

Fair. 

7 

52 

7 

0 

54 

66 

29*94 

83 

sw 

Fine. 

71 

2 

0 

69 

67 

29>9^ 

70 

s 

Cloudy. 

8 

57 

7 

0 

S8 

^5 

29,90 

86 

0,225 

SE 

Cloudy. 

73 

2 

0 

73 

tz 

29.92 

7* 

s 

Cloudy. 

9 

58 

7 

0 

60 

66 

29,92 

90 

0,275 

s 

Cloudy. 

75 

2 

0 

74 

67 

?9>95 

78 

s 

Cloudy. 

10 

61 

7 

0 

63 

66 

30,08 

87 

sw 

Cloudy. 

74 

2 

0 

73 

68 

30,10 

71 

w 

Fair. 

11 

55 

7 

0 

60 

67 

30,12 

84 

NE 

Cloudy. 

76 

2 

0 

75 

69 

30,05 

72 

S 

Fine. 

12 

58 

7 

0 

62 

68 

29,88 

80 

NE 

Fair. 

79 

2 

0 

78 

71 

29,80 

71 

SSE 

Fair. 

»3 

61 

7 

0 

61 

69 

29.84 

85 

NE 

Cloudy. 

71 

2 

0 

70 

70 

29'97 

70 

WNW 

Fair. 

M 

60 

7 

0 

60 

,    68 

30»oo 

87 

W 

Fair. 

70 

2 

0 

70 

69 

30,02 

70 

W 

Fair. 

15 

5> 

7 

0 

53 

65 

30*11 

84 

0,112 

W 

Fine. 

7> 

2 

0 

7» 

68 

30,07 

67 

WNW 

Cloudy. 

16 

57 

7 

0 

58 

66 

30,00 

83 

0,020 

W 

Cloudy. 

73 

2 

0 

71 

67 

29,96 

Jll 

W 

Cloudy. 
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MBTEOROLOGICAL  JOURNAL 

for  August,  1805. 

Six'a 

Time. 

Therm. 

Therm. 

Barom. 

Hy- 

Rain. 

Winda. 

Therm. 

without. 

within. 

geo- 

i8p5 

least  and 
greateat 

me- 
ter. 

Weather. 

Heat. 

H. 

M. 

0 

0 

Inchea. 

Inchea. 

Pointa. 

Str. 

Aug.17 

^0 

0 

60 

!7 

30,00 

0 

90 

0,068 

NE 

Cloudy.     , 

7* 

0 

7> 

68 

30,05 

72 

NE 

Fine. 

18 

60 

0 

61 

67 

29,97 

88 

W 

Cloudy. 

73 

0 

7» 

68 

29,88 

74 

S 

Cloudy. 

>9 

56 

0 

57 

66 

29^63 

90 

0,740 

WNW 

Fair. 

68 

0 

63 

67 

29,59 

80 

NW 

Rain. 

20 

57 

0 

57 

66 

29,60 

92 

0,565 

NW 

Rain. 

68 

0 

68 

67 

29,70 

81 

NE 

Fair. 

21 

59 

0 

59 

65 

29*94 

9> 

0,095 

NNE 

Cloudy. 

62 

0 

61 

66 

30,05 

83 

NNE 

Cloudy. 

22 

57 

0 

58 

65 

30*20 

83 

NNW 

Cloudy. 

68 

0 

66 

66 

30,22 

77 

WNW 

Cloudy. 

*3 

61 

0 

61 

66 

30.24 

92 

W 

Cloudy. 

73 

0 

73 

68 

30,27 

73 

WNW 

Fair. 

«4 

62 

0 

62 

66 

30,24 

85 

W 

Cloudy. 

73 

0 

73 

68 

30,24 

7« 

NW 

Fair. 

*S 

58 

0 

59 

6S 

30,12 

91 

W 

Cloudy. . 

75 

0 

74 

68 

30,04 

73 

wsw 

Fair. 

26 

59 

0 

61 

67 

29^98 

88 

sw 

Cloudy. 

7» 

0 

68 

67 

29,93 

81 

sw 

Cloudy. 

^7 

57 

0 

59 

66 

*9'93 

88 

sw 

Fair. 

74 

0 

73 

68 

29,9^ 
29,96 

7* 

w 

Fair. 

28 

59 

0 

59 

66 

87 

sw 

Cloudy. 

7» 

0 

70 

67 

29>55 

78 

sw 

Cloudy. 

29 

62 

0 

63 

66 

29,98 

88 

sw 

Fair. 

76 

0 

75 

69 

30,05 

75 

sw 

Fair. 

30 

61 

0 

63 

67 

30,10 

84 

NE 

Cloudy. 

73 

0 

73 

69 

29,95 

78 

s 

2 

Fair. 

3» 

59 

0 

61 

67 

29,80 

87 

sw 

I 

Cloudy. 

7» 

0 

69 

68 

29,70 

78 

ssw 

2 

Cloudy. 
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JWETEOJIOLGGICAL  JQURNAi. 

for  Septemfacff,  1805. 

Six*s 

Time. 

Therm. 

Therm. 

BtTMB.  Hy- 

SLam. 

Winda.    : 

Therm. 

without. 

witbia. 

gro- 

]8o$ 

leaat  and 

rae- 

Wctthv.       ; 

grcatcflt 

ter. 

Heat. 

H. 

M. 

0 

0 

laehM. 

Ischet. 

Potnu. 

«tr.J 

; 

Sept.  I 

0 

S8 

0 

59 

66 

29*63 

0 
88 

SW   ' 

1 ' 

Fair.                    ! 

72 

0 

7* 

68 

29,67 

73 

WNW 

2  > 

Fair.                   1 
Clovd^.              1 

2 

57 

0 

58 

67 

«9»93 

86 

0,135 

N£ 

I 

67 

0 

66 

67 

89,96 

s 

NW 

I 

Cloudy.              , 

3 

57 

0 

58 

.67 

-29,85 

SW 

1 

Cloudy.              ! 

70 

0 

69 

67 

'^9^^ 

.76 

SW 

2 

Cloudy. 

4 

58 

0 

59 

66 

29.73 

^ 

o/d6o 

SW 

I 

Cloudy. 

72 

0 

7? 

67 

tQ'Jo 

75 

S6W 

I 

Fair. 

5 

61 

0 

6z 

:66 

09,60 

^7 

0,02?l 

S 

2 

Cloudy. 

73 

0 

73 

68 

i9,68 

76 

S     ♦ 

2 

Fair.    r-. .   , 

6 

58 

0 

d 

67 

29,60 

93 

0,702 

S 

I 

Rain.     [^^thaSer. 

71 

0 

70 

68 

29.48 

74 

S 

2 

Cloudy.  L  high.      , 

7 

60 

0 

60 

66 

29^58 

83 

0,110 

S 

2 

67 

0 

66 

66 

29,33 

80 

S 

2 

Cloudy. 

8 

57 

0 

58 

65 

Z9,52    88 

0,075 

SW 

2 

Cloudy. 

68 

0 

67 

66 

29.63  '  73 

SW 

2 

Fair. 

9 

5* 

0 

53 

65 

*9'93 

88 

SW 

Fine. 

69 

0 

69 

66 

30.01 

74 

WSW 

Fair. 

10 

5* 

0 

53 

64 

30,16  !  84 

SW 

Fair. 

71 

0 

70 

67 

30,12  I67 

SW 

» 

Fine. 

11 

62 

0 

62 

66 

30,06  93 

SW 

J   . 

Cloady. 

73 

0 

V 

67 

30.05  j  79 

SW 

Cloudy. 

12 

61 

0 

61 

67 

30,04  92 

s 

Cloudy. 

7* 

0 

70 

68 

30,04  79 

NW 

I  • 

Cloudy. 

13 

53 

0 

54 

66 

30,10  1 87 

0,015 

WSW 

Fair. 

70 

0 

69 

66 

30,09 

76 

w 

Cloudy. 

M 

56 

0 

57 

66 

30,16 

88 

w 

Fine. 

73 

0 

7» 

68 

30,18 

74 

SW 

Fine. 

IS 

5+ 

0 

55 

66 

30,22 

87 

w 

Fine. 

72 

0 

70 

68 

30.  >  5 

81 

S 

Fine. 

16 

56 

0 

56 

67 

30,02 

88 

s 

Hazy. 

75 

0 

75 

69 

'?'{?^. 

JL 

s 

^ 

Fine. 
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METEOROLOGICAL  JOURNAL 

far  September,  1805, 

Six'a 

Time. 

Therm. 

Therm. 

Barom. 

Hy- 

Rain. 

Wiads. 

Therm. 

without: 

within. 

gro- 

1805 

lcut«nd 

greatest 

tet. 

Wether. 

-r— 

■■^'" 

Heat. 

H. 

M. 

0 

0 

laehet. 

Inchei. 

PoinU. 

Str. 

Sep.  17 

p 

57 

7 

0 

60 

68 

ap.pft 

• 
90 

S 

1 

Cloudy. 

7« 

2 

0 

72 

69 

29,94 

78 

S 

2 

Fair. 

18 

S* 

7 

0 

59 

68 

30,00 

9» 

S 

1 

Foggy. 

79 

2 

9 

79 

Z^ 

29.95 

76 

SE 

Fine, 

>9 

6+- 

7 

0 

65 

69 

29,83 

85 

E 

Fine. 

7> 

2 

0 

71 

70 

29,86 

84 

SE 

Fair. 

20 

57 

7 

0 

57 

69 

29,98 

83 

0,360 

wsw 

Fair,  r****  •*«*»*  *'»«'• 
Fair.Lla^Tthondcr] 

68 

2 

0 

67 

30''5 

68 

WNW 

21 

57 

7 

0 

57 

67 

29,92 

8^ 

ESB 

Cloudy. 

66 

2 

0 

63 

68 

29«8o 

78 

S 

Cloudy. 

22 

S» 

7 

0 

ij 

66 

29,88 

8B 

NE 

F\air. 

65 

2 

0 

67 

29*98 

u 

N 

Rain. 

23 

50 

7 

p 

1* 

65 

30il2 

0^046 

WNW 

Cloudy. 

^i 

2 

0 

63 

65 

30,12 

8d 

N 

Cloudy. 

24 

46 

7 

0 

48 

63 

30''4 

86 

SW 

Cloudy. 

60 

2 

0 

58 

65 

30,14 

73 

NE 

Pair. 

25 

^3 

7 

0 

45 

62 

30,18 

83 

W 

fine. 

61 

2 

0 

61 

64 

30*18 

73 

WNW 

Pine. 

26 

53 

7 

0 

n 

62 

30,16 

87 

W 

Cloudy. 

64 

2 

0 

63 

30,16 

78 

NNE 

Cloucty. 

27 

50 

7 

0 

50 

62 

30,24 

86 

NE 

Fine. 

6s 

2 

0 

64 

63 

30.24 
30,36 

80 

NE 

Fine. 

28 

5» 

7 

0 

54 

62 

90 

SW 

Cloudy. 

64 

2 

0 

64 

63 

30.4« 
30,60 

81 

NE 

Fair. 

29 

^9 

7 

Q 

5° 

62 

90 

NE 

Cloudy. 

6z 

2 

6 

61 

63 

30,61 

73 

NE 

Pair. 

30 

a; 

7 

0 

48 

61 

30,56 

88 

NE 

Pine. 

2 

0 

61 

62 

30,50 

80 

NE 

Cloudy. 
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METEOROLOGICAL  JOURNAL 

for  October,  1805. 

Six's 

Time. 

Therm. 

Barom. 

Hy- 

Rain. 

Winds. 

without. 

within. 

gro- 

IS05 

least  and 
greatest 

me- 
tcr. 

Weather. 

*^""^ 

Heat. 

H. 

M. 

0 

0 

lacbet. 

Inches. 

Poinu. 

Str. 
2  • 

Oct.   I 

0 

54 

0 

55 

61 

30.44 

0 

83 

NE 

Cloudy. 

V 

61 

0 

Si 

61 

30»38 

78 

NE 

Cloudy. 

2 

55 

0 

S6 

61 

30.30 

89 

NE 

Cloudy. 

63 

0 

62 

63 

30,»8 

77 

ENE 

Fair. 

3 

5» 

7 

0 

5» 

62 

30.23 

87 

E 

Fine. 

61 

2 

0 

61 

64 

30,20 

76 

E 

Fine. 

A 

g 

0 

50 

61 

30,25 

88 

ENE 

Fine. 

0 

60 

63 

30,25 

75 

E 

Fine. 

5 

jj 

0 

48 

61 

30,31 

d 

NE 

Fine. 

0 

60 

63 

30.31 

73 

£ 

Fine. 

6 

43 

0 

43 

61 

30.31 

85 

NE 

Fine. 

60 

0 

59 

61 

30.31 

78 

NE 

Fine« 

7 

39 

0 

41 

59 

30,34 

85 

ENE 

Fine. 

58 

0 

58 

62 

30.28 

78 

WNW 

Fine. 

8 

48. 

0 

5> 

60 

30,10 

90 

W 

Cloudy. 

63 

0 

63 

6z 

30.05 

87 

WNW 

Cloudy. 

9 

53 

0 

53 

61 

19.96 

92 

ENE 

Cloudy. 

58 

0 

58 

62 

29.85 

82 

E 

Cloudy. 

10 

S3 

0 

53 

60 

29.45 

93 

0,123 

E 

Rain. 

54 

0 

54 

62 

29.54 

84 

NE 

Cloudy. 

II 

39 

0 

4» 

58 

29,98 

82 

o,r8o 

NE 

vJloudy. 
Clou<^. 

5» 

0 

51 

60 

30,08 

77 

NE 

12 

36 

0 

36 

57 

30,09 

83 

SW 

Fair. 

52 

0 

52 

59 

29,95 

79 

S 

Fair. 

13 

47 

0 

48 

57 

29.65 

83 

SE 

Cloudy. 

53 

0 

53 

58 

29,60 

89 

SW 

Rain. 

«4 

4> 

0 

4» 

56 

29,60 

90 

0,125 

SW 

Fair. 

56 

0 

56 

59 

29.54 

84 

SW 

Fair. 

'5 

47 

0 

47 

57 

-9.3* 

92 

0,380 

NE 

Rain. 

54 

0 

53 

60 

29'43 

80 

NE 

Fair. 

16 

44 

0 

45 

57 

29.36 

87 

0,040 

NE 

^;loudy. 

52 

0 

5« 

58 

29.19 

83 

NE 

Cloudy. 
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METEOROLOGICAL  JOURNAL 

for  October,  1805. 

Six't 

Time. 

Therm. 

Therm. 

Baxom. 

Hy- 

Riin. 

Winds. 

Therm. 

withoat. 

gro- 

1 80; 

leutand 
grettett 

me- 
ter. 

Weather. 

HeM. 

H.    M. 

0 

0 

Inehe*. 

Inches. 

Poinu. 

Str. 

Oct.  17 

0 
40 

7    0 

4« 

55 

29H« 

• 
83 

WNW 

Cloudy. 

48 

2      0 

47 

57 

*9.55 

85 

WNW 

Cloudy; 

18 

39 

7    0 

40 

55 

29,85 

87 

0,035 

NE 

Fine. 

5» 

2    0 

51 

57 

29,95 

78 

NE 

Fair, 

»9 

38 

7    0 

38 

55 

30.tS 

86 

NE 

Fine. 

5' 

2    0 

5» 

58 

30»20 

80 

NE 

Fair. 

20 

38 

7    0 

38 

55 

30,26 

88 

NE 

Foggy. 

5« 

2      0 

5» 

56 

30,22 

87 

ENE 

Fair. 

21 

45 

7    <5 

45 

55 

30,18 

88 

NE 

Cloudy. 

53 

2    0 

53 

57 

30.14 

!3 

ENE 

Cloudy- 

22 

49 

7    0 

49 

55 

30,04 

83 

E 

Cloudy. 

5* 

2    0 

52 

58 

29,93 

74 

E 

2 

Fair. 

23 

4« 

7    0 

4« 

54 

«9.77 

84 

E 

2 

Fine. 

5* 

2    0 

5* 

58 

»9.7» 

82 

E 

2 

Fine. 

»A 

45 

7    0 

48 

55 

29,66 

90 

E 

Rain; 

53 

2    0 

53 

57 

*9.55 

90 

E 

Cloudy. 

«$ 

5« 

7    0 

5* 

56 

29.35 

95 

0,265 

£ 

Cloudy. 

59 

2.  0 

59 

58 

29.45 

93 

S 

Cloudy. 

26 

5' 

7  .0 

5« 

57 

29,46 

95 

E 

Cloudy. 

54 

2    0 

54 

58 

«9.34 

93 

E 

Cloudy. 

27 

50 

7    0 

50 

57 

29.34 

97 

0,235 

NE 

Rain. 

$1 

2*  0 

5« 

58 

*9.43 

92 

NE 

Cloudy. 

28 

45 

7    0 

45 

57 

29,62 

83 

NE 

2 

Cloudy. 

47 

2     0 

47 

58 

29,66 

76 

NE 

2 

Cloudy. 

29 

43 

7    ^ 

43 

56 

29.55 

90 

NE 

2 

Cloudy., 

47 

2    0 

47 

57 

29,58 

83 

NE 

I 

Cloudy. 

30 

37 

7    0 

■    37 

54 

29,84 

90 

NE 

2 

Fine. 

48 

2    0 

47 

57 

30,05 

80 

NE 

2 

Fine. 

3> 

35 

7    0 

35 

54 

30,40 

86 

SW 

1 

Fair. 

45 

2    0 

45 

55 

30.45 

86 

ssw 

I 

Foggy. 
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MBTBOROLOGICAL  JOURNAL 

for  November^  1805. 

1805 

Six'( 
Therm, 
leut  and 
greuett 

Heat. 

Time. 

TlieriB. 
without. 

TncnA. 
withitu 

Btf«m. 

Hy. 
gro- 
me- 
ter. 

Rain. 

WiiuU 

Weatlier. 

H.    M. 

0 

a 

Incfaet. 

Inchea. 

Poinu. 

Str. 

Nov.  I 

2 

3 

4 

5 
6 

7 
.8 

9 
10 

II 

12 

>3 
>4 
15 
16 

0 
37 

48 
34 
49 
37 
49 
3« 
40 
38 
45 

39 
41 
39 
42 
39 
44 
4« 
44 
4^ 
43 
38 
46 

40 
49 
37 

4.7-. 

37 
44 
37 
48 
34 
49 
38 
49 
35 
40 
4' 
45 

*4 

40 
41 
42 
4* 
40 
44 
41 
4* 
40 
43 
40 

45 

40 
,   i7 

54 
54 
52 
55 
5* 
54 
5* 
55 
S« 
54 
5« 
54 
5* 
54 
53 
54 
5« 
S3 
52 
53 
5* 
S3 
5' 
5« 
5" 
5* 
50 
S* 
S* 
S3 
5* 

30.36 
30»i8 

30,07 
30,10 
30«a3 
30>*7 
30-34 
30>34 
30>4« 
30.38 
30.3« 
30,38 
30,38 
30,36 
30.34 
30.34 
30.26 

30.21 

30,15 
30,15 
30,28 

30.34 
30.3s 
30,28 

30.3$ 
30.4* 
30.52 
30,5+ 
30.63 
30,68 
50.68 
30,68 

83 
71 
•83 
78 

86 
8z 

90 
84 
88 

87 
90 
88 

93 
94 
93 
92 
92 

9» 
90 
90 

9» 

87 
90 

89 

93 

•82 
90 
83 
94 
80 

OvfSS 

ESB 

£ 

NE 
NE 
NE 
-E 

B 

E 

SE 

S 

S 
SSB 
SE 

E 

E 

E 

E 

B 

E 

E 

B 
ESE 
£N£ 
NE 
NE 
NE 
NE 
NE 
NE 
NE 

• 

Pine 

Gloudy. 

Faiiv 

Fain 

Fin*. 

Finei 

Fine. 

Fine. 

Poggf. 

Foggjr. 

Cloudy. 

Cloi%. 

Cloudy. 

tfoggy. 

Clott(W. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 

Clou<fy. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 

Fair. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 
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METEOROLOGICAL  JOURNAL                                    j 

jfcff  November,  1805.                              1 

Six'a 

Time. 

Tberm. 

Xberm. 

Barom. 

Hy- 

Rain* 

Windi. 

Therm. 

without. 

within. . 

gro- 

1805 

leaatjmd 
greatest 

me- 
ter. 

Weather. 

""" 

^"" 

Heat. 

B. 

M. 

0 

0 

I9chei. 

Inches. 

Points. 

Str. 

• 

Nov.  17 

Ss 

7 

0 

3« 

5« 

30*59 

• 

9» 

BN5 

1 
Fine. 

♦4 

2 

0 

44 

54 

30,50 

80 

E 

Fine.                  ; 

18 

9i 

0 

33 

.50 

30,28 

83 

£ 

Fine. 

4* 

0 

4* 

53 

30,18 

79 

E 

Fair.                    ' 

"9 

H 

0 

33 

50 

50,08 

87 

W 

Cloudy. 

+> 

2 

0 

38 

5« 

30,05 

86 

sw 

Cloudy.              i 

20 

36 

0 

¥> 

5° 

30,20 

93 

ENE 

Cloudy.              i 

45 

2 

0 

44 

53 

30.2« 

90 

ENS 

Fair.                   i 

21 

3» 

0 

3» 

49 

30,46 

85 

N 

Fine.                   ' 

39 

0 

39 

5» 

30,41 

81 

WSW 

Fine. 

22 

33 

0 

37 

48 

30»a3 

90 

SW 

Cloudy.               ■ 

47 

0 

47 

5» 

30rl6 

85 

sw 

Cloudy. 

23 

37 

0 

37 

49 

30,30 

89 

N 

Cloudy. 

43 

0 

43 

53 

30,30 

83 

N 

Fair. 

24 

3» 

0 

34 

49 

30,28 

88 

SW 

Cloudy. 

44 

0 

43 

5* 

30.24 

90 

W 

Cloudy. 

as 

4* 

0 

4* 

50 

30,22 

90 

WSW 

Cloudy. 

47 

0 

47 

53 

30,17 

85 

WSW 

Cloudy. 

26 

4» 

0 

4* 

50 

30,22 

9P 

sw 

Cloudy. 

47 

0 

47 

53 

30,21 

8.1 

WSW 

Cloudy. 

27 

4» 

0 

♦! 

5» 

30,20 

90 

£ 

Cloudy.             t 

46 

0 

46 

53 

30,14 

^3 

E 

Cloudy. 

28 

37 

0 

38 

5» 

30,01 

87 

E 

Cloudy. 

50 

0 

45 

53 

29,90 

87 

E 

Cloudy. 

29 

48 

0 

44 

5* 

29*55 

94 

S 

Cloudy. 

54 

0 

54 

55 

29,50 

93 

S 

Cloudy. 

30 

53 

0 

54 

53 

29,28 

97 

0,340 

SSW 

2 

Cloudy. 

55- 

0 

54 

57 

29,21 

94 

s 

2 

Rain. 

Digitized  by 


Google 


INAL 

Winds. 

Weather. 

u 

Poinu. 

Str. 

s 

SW 
S 

NNW 

NNW 

W 

SW 

sw 
sw 

w 

w 
sw 
sw 

s 

sw 
sw 
sw 

s 

NW 

wsw 

NW 
NNW 
NNW 
NNE 

N 
NNW 
NW 
NW 
NW 
NW 
NW 
NNE 
NNE 

2 

2 

I 
I 

2 
2, 
2 

Cloudy. 

Cloudy. 

Cloudy. 

Fair. 

Cloudy. 

Rain. 

Cloudy. 

Cloudy. 

Fine. 

Fine. 

Fair. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 

Cloudy. 

Rain. 

Rain. 

Fair. 

Fine. 

Cloudy. 

Cloudy. 

C  oudy. 

Fine. 

Fine. 

Fine. 

Fair. 

Snow. 

Cloudy. 

Fine. 

Fine. 
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METEOROLOGICAL  JOURNAL 

for  December,  1805. 

Six'i^ 

Time. 

Therm. 

Therm. 

Baronx. 

Hy. 

Rain. 

Winds. 

- 

Therm. 

without. 

within. 

BJO* 

^ 

1805 

least  and 

^ 

0 

me- 

IVMfh^r 

greatest 

ter. 

w  cauicr* 

Heat. 

H.  M. 

0 

0 

Inches. 

Inches. 

Points. 

Str. 

Dec.  17 

0 

*5 

8     0 

26 

44 

30.38 

0 
90 

NE 

Fair. 

32 

2     0 

3* 

47 

30,41 

88 

NE 

Cloudy. 

18 

*9 

8     0 

3| 

44 

30.33 

90 

W 

Clouay. 

39 

2     0 

38 

47 

30.29 

9> 

W 

Fair. 

19 

3»- 

8    0 

35 

44 

30,07 

89 

sw 

Cloudy. 

44 

2    0 

44 

47 

29.94 

9' 

s 

Rain. 

.       20 

43 

8     0 

47 

47 

29,63 

96 

0,025 

ssw 

Cloudy. 

S2 

2     0 

51 

49 

29,48 

96 

ssw 

Rain. 

21 

50 

8     0 

5» 

so 

29»2a 

9$ 

sw 

Cloudy. 

53 

2     0 

50 

53 

29,00 

93 

ssw 

Rain, 

22 

4« 

8     0 

4* 

5° 

28,85 

95 

0.375 

s 

Fair. 

46 

2     0 

46 

Si 

28,81 

90 

s 

Fair. 

*3 

35 

8    0 

36 

49 

29,00 

88 

sw 

Cloudy. 

40 

2     0 

40 

S« 

29,12 

87 

s 

Fair. 

24 

30 

8    0 

37 

5° 

29.52 

94 

N 

Cloudy. 

40 

2    0 

39 

5« 

29,70 

9» 

NE 

Fair. 

as 

.32 

8    0 

34 

47 

29,83 

90 

sw 

Cloudy. 

•46 

2    0 

42 

SI 

29,68 

90 

s 

Rain. 

26 

4* 

8    0 

45 

48 

28,96 

95 

0,310 

-s 

Rain.     rMwhwiod 
Cloudy.'- '•"-*«*"'• 

48 

2    0 

48 

5* 

28,87 

96 

s 

27 

37 

8.    0 

37 

48 

29,60 

90 

NE 

Fine. 

40 

2    0 

40 

S> 

29,83 

88 

NE 

Fine. 

28 

31 

8     0 

35 

49 

29,98 

93 

SSE 

Fair. 

4* 

2     0 

42 

$« 

29,81 

93 

S 

Rain. 

*9 

42 

8     0 

46 

SO 

29,87 

97 

0.035 

SSW 

Cloudy. 

53 

2     0 

53 

S» 

29,81 

97 

SW 

Cloudy. 

30 

5» 

8     0 

5i 

5* 

29,87 

g6 

0,016 

sw 

Rain. 

54 

2     0 

53 

S3 

29.90 

96 

SW 

Cloudy. 

31 

53 

8    0 

53 

.53 

29»94 

97 

s 

Cloudy. 

• 

54 

2    0 

54 

55 

29,82 

96 

s 

2 

Cloudy. 
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Variation  of  the  Magnetic  Needle. 


o       / 


June        -        -        -  -        fi4    7,8  W. 

Dip  of  the  needle        -        -        70  21.  , 


Note.    Subtract  a'  from  the  variation  of  last  year,  for  the 
error  of  the  instrument. 
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Read  March  27,  1806. 

Isle  of  France^  Aug.  ig,  1805. 

A  PORE-KNOWLEDGE  of  the  wind  and  weather  is  an  object  so 
very  interesting  to  all  classes  of  men,  and  the  changes  in  the 
mercurial  barometer  affording  the  means  which  appear  most 
conducive  to  it,  a  system  that  should  with  certainty  explain 
the  connection  between  the  variations  of  the  mercury  and 
those  in  the  atmosphere  under  all  circumstances,  becomes 
greatly  desirable ;  to  seamen,  more  especially,  whose  safety 
and  success  depend  so  much  upon  being  duly  prepared  for 
changes  of  wind,  and  the  approaching  storm,  it  would  be  an 
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ifter  a  gale  from  WSW,  the  mercury  had  risen  from  994s 
to  99,841  and  was  nearly  stationary  for  two  days^  the  wind 
being  then  moderate  at  NW,  with  cloudy  weather.  On  the 
«9d,  the  wind  slufted  to  SW,  blew  fresh,  and  heavy  showers 
of  rain  occaMonally  fell ;  but  the  mercury  rose  to  30,02,  and 
remained  at  that  height  for  thirty  hours ;  and  on  the  weather 
clearing  up,  and  the  wind  becoming  moderate  in  the  same 
quarter^  it  rose  to  30,28. 

•  Fresh  breezes  from  E  and  SE  caused  a  rise  In  the  baro* 
meter  in  King  George's  Sound,  once  to  30,20,  and  a  second 
time  to  30,18,  although  the  weather  at  these  times  was  hazy ; 
but  with  light  winds  from  the  same  direction,  which  were 
probably  local  sea  breezes  only,  the  mercury  stood  about 
^9^95  in  that  neighbourhood. 

2^  Example.  Jan.  12, 1802,  in  D'Entrecasteaux's  Archi- 
pelago, the  mercury  rose  to  30, 23,  previously  to  a  fresh  breeze 
setting  in  from  the  eastward.  In  the  evening  of  the  13th  it 
blew  strong  from  ESE,  with  hazy  weather,  and  a  rapid  fall 
of  the  mercury  to  29,94  ^^^  *h^^  taken  place ;  but  instead  of 
the  wind  increasing,  or  bad  weather  coming  on,  the  wind  died 
away  suddenly,  and  a  light  breeze  came  off  the  land  at  mid- 
night, with  cloudy  weather. 

At  the  Cape  of  Good  Hope,  which  is  nearly  in  the  same 
latitude,  the  mercury  rises  with  the  fresh  gales  that  blow  there 
from  the  SE  in  the  summer  season.  The  weather  that  ac- 
companies these  south-east  winds,  is  nearly  similar  in  both 
places ;  the  atmosphere  being  without  clouds,  but  containing 
a  whitish  haze,  and  the  air  usually  so  dry  as  sensibly  to  affect 
the  skin,  particularly  of  the  lips. 

$d.    Jan.  22.   Three  degrees  east  of  the  Archipelago,  the 
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mercury  fell  with  some  rapidity  down  to  stgfis  with  the  wind 
from  ESE.  It  was  eight  o'clock  at  night,  and  we  prepared 
for  a  gale  from  that  quarter ;  but  at  ten,  the  wind  suddenly 
shifted  to  WNW,  coming  very  light  off  the  land.  On  its 
veering  gradually  round  to  SSW,  clear  of  the  land,  at  noon, 
^3d,  it  freshened,  and  the  weather  became  thick ;  yet  the 
mercury  had  then  risen  to  99,84,  and  at  eight  in  the  evening 
to  ^g,9S»  though  the  wind  then  blew  strong.  It  continued  to 
rise  to  30,16  as  the  wind  shifted  round  to  SE,  and  fine  weather 
came  on ;  but  on  the  wind  passing  round  to  ENE  and  NNE; 
which  was  oiF  the  land,  the  mercury  fell  back  to  ^9,739 
though  the  weather  was  fine  and  the  wind  moderate.  On  a 
sudden  shift  of  wind  to  the  SW,  a  fresh  breeze  with  hazy 
weather,  it  again  began  to  ascend,  and  a  similar  routine  pf 
wind,  producing  nearly  the  same  effects  upon  the  barometer, 
again  took  place.  The  effect  of  sea  winds  in  raising  the 
mercury,  in  opposition  to  a  strong  breeze,  and  of  land  winds 
in  depressing  it,  though  they  were  light,  was  here  exemplified 
in  two  remarkable  instances. 

4^th.  In  the  neighbourhood  of  the  Isle  of  St.  Francis  of 
Nuyts,  longitude  133^**  east  of  Greenwich,  we  experienced  a 
considerable  change  in  the  barometer.  For  nine  days  in  Ja- 
nuary and  February  the  wind  continued  to  blow  constantly, 
though  moderately,  from  the  eastward,  mostly  from  the  SE. 
It  appeared  like  a  regular  trade- wind  or  monsoon,  but  so  far 
partook  of  the  nature  of  sea  and  land  breezes,  as  commonly 
to  shift  more  to  the  soutliward  in  the  day,  and  to  blow  more 
from  east  and  NE  in  the  night.  The  weather  was  very  hazy 
during  these  nine  days ;  so  much  so,  that  for  six  of  them  no 
observation  of  the  sun's  altitude,  worthy  of  confidence,  could 
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betaken  from  the  sea  horizon,  although  the  sun  was  suffi- 
ciently clear ;  and  in  the  whole  time,  the  mercury  never  once 
stood  so  high  as  30  inches,  but  was  frequently  below  29,70. 
I  considered  this  to  be  the  more  extraordinary,  as  settled 
winds  from  the  eastward,  and  especially  from  SE,  had  before 
made  it  rise  and  stand  high  upon  this  coast,  almost  univer- 
sally, even  when  there  was  a  considerablfe  degree  of  haze. 
The  direction  of  the  south  coast,  beyond  the  Isle  of  St.  Francis, 
and  even  abreast  of  it,  was  at  that  time  unknown  to  me ;  but 
I  then  suspected,  from  this  change  in  the  barometer,  that  we 
should  find  the  shore  trending  to  the  southward,  which  proved 
to  be  the  case.  The  easterly  winds,  then,  whilst  they  came 
oiFthe  sea,  caused  the  mercury  to  rise  upon  the  south  coast; 
but  in  this  instance  that  they  came  from  off  the  land,  they 
produced  a  contrary  effect ;  but  it  is  to  be  observed,  that  the 
most  hazy  part  of  the  time,  and  that  during  which  the  mer- 
cury stood  lowest,  was  two  days  that  the  wind  kept  almost 
constantly  on  the  north  side  of  west,  more  directly  off  the 
land :  its  height  was  then  between  29,65  and  29,60. 

The  haze  did  not  immediately  clear  aA^ay  on  the  wind 
shifting  to  the  westward;  notwithstanding  which,  and  that 
the  new  wind  rose  to  a  strcmg  breeze,  and  was  accompanied 
with  squalls  of  rain,  the  mercury  began  to  ascend,  and  had 
reached  29,95  when  the  squalls  of  wind  and  rain  were 
strongest ;  the  direction  of  the  wind  being  then  from  SSW. 
On  its  becoming  moderate,  between  SSW  and  SSE,  the  mer- 
cury ascended  to  30,14,  and  remained  there  as  long  as  the 
wind  was  southwardly. 

^th.  Going  up  the  largest  of  the  two  inlets  on  the  south 
coast,  in  March,  we  were  favoured  with  fine  fresh  breezes 
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from  SSW  to  SSE,  sometimes  with  fine,  sometimes  with  dull 
weather,  the  mercury  rising  gradually  from  30,08  to  50,22. 
In  twenty-four  hours  afterwards,  it  fell  below  30  inches,  and 
a  light  breeze  came  from  the  northward,  off  the  land^  with 
finer  weather  than  before.  The  mercury  continued  to  fell 
to  29,56,  where  it  stopped ;  the  wind  having  then  ceased  to 
blow  steadily  from  the  northward,  and  become  variable.  In 
twenty-four  hours  more,  the  wind  set  in  again  to  blow  fresh 
from  the  southward,  the  mercury  having  then  returned  ta 
S9,94i  and  it  was  presently  up  to  30,22  and  30,28.  It  kept 
nearly  at  this  height  for  several  days  that  the  southwardly 
wind  blew  fresh,  but  on  its  becoming  lighter,  and  less  steady 
in  its  direction,  the  mercury  descended ;  and  in  the  calm  which 
followed,  it  had  fallen  to  29,90.  This  example  affords  clear 
proof  of  a  fresh  wind  from  the  sea  making  the  mercury  rise, 
whilst  a  light  wind  ofFthe  land,  with  finer  weather,  caused  it 
to  descend. 

6th.  The  calm  was  the  prelude  to  a  fresh  gale ;  but  the 
mercury  began  to  rise  at  eight  in  the  evening  when  it  had 
just  sprung  up ;  by  the  next  noon  it  was  at  30,10  when  the 
wind  blew  strongest,  and  in  the  evening  at  30,22.  This  gale 
began  as  gales  usually,  if  not  always,  do  upon  this  coast,  in 
Ae  north- West  quarter,  and  shifted  round  to  SW  and  SSW ; 
but  quicker  than  I  have  generally  seen  them :  there  was  no 
rain  with  it,  nor  was  the  atmosphere  either  very  hazy  or 
cloudy.*  The  mercury  continued  to  rise  till  it  had  reached 
30,25,  and  then  was  stationary  as  long  as  the  wind  remained 
between  south  and  west;  but  on  its  veering  round  to  the 

•  I  afterwards  learned  from  Captain  Bavdik*  that  this  gale  was  much  heavier  in 
Bass'  Strait  than  we  felt  it  at  Kanguroo  Island. 
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eastward  of  south,  a  second  rise  took  place,  and  for  forty 
hours  the  mercury  stood  as  high  as  30,45,  the  wind  heing 
then  between  SE  by  S  and  east :  the  weather  was  very  dull 
and  hazy  during  the  first  half  of  these  forty  hours,  but  finer 
afterwards..  As  the  winds  between  SE  by  S  and  east  slanted 
ofFthe  main  land,  this  example  seems  to  be  in  opposition  to 
the  4th,  and  leads  me  to  thinks  that  it  might  have  been  the 
vjery  extraordinary  kind  of  haze,  and  perhaps  some  peculiarity 
in  the  interior  part  of  the  land  abreast  of  the  Isle  of  St; 
Fhancis  that  in  part  occa^oned  the  fall  of  the  mercury  with 
south-east  winds ;  as  much,  perhaps,  as  the  circumstance  of 
the  wind  coming  from  ofFthe  shore. 

After  this  rise  in  the  mercury  to  3045,  it  fell  gradually ; 
but,  for  thirteen  days,  kept  above  30  inches,  the  winds  being 
generally  between  SE  and  SW,  but  light  and  variable,  and 
the  weather  mostly  fine. 

yth.  North-eastwardly  winds,  off  the  land,  were  the  next 
that  prevailed ;  they  were  light,  and  accompanied  with  cloudy 
weather  and  spitting  rain.  The  mercury  fell  to  29  70,  and 
remained  there  till  the  wind  shifted  to  the  west  and  south- 
ward, when  it  began  to  rise,  and  in  two  days  was  up  to  30,42. 
At  that  time  we  were  off  the  projection  marked  n  in  the 
chart,  in  139^^  east  longitude ;  the  wind  had  then  veered  to 
the  south-eastward  along  the  shore,  with  a  steady  breeze, 
and  the  mercury  remained  nearly  stationary  so  long  as  it 
lasted ;  but  on  the  wind  dying  off,  and  flawing  from  one  side 
and  the  other,  it  descended  quickly  to  30  inches.  A  breeze 
then  sprung  up  at  NW,  which,  within  twenty-four  hours, 
shifted  suddenly  to  SW,  and  blew  a  gale  which  had  near 
proved  fatal  to  us.    It  was  accompanied  with  rain  and  very 
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thick  weather,  and  lasted  two  days ;  by  which  time,  the  mer- 
cury Tiad  descended  to  39,58. 

%th.  In  Bass'  Strait,  for  several  days  in  the  month  of  April, 
the  mercury  stood  above  30,4,0  with  the  wind  from  the  south 
and  eastward,  sometimes  blowing  fresh :  the  weather  gene- 
rally fine.  It  then  fell  half  an  inch  in  eight  hours,  and  a 
wind  set  in  soon  after  from  the  north-westward  which  conti- 
nued four  days,  blowing  moderately,  with  cloudy  weather, 
and  sometimes  a  shower  of  rain ;  the  mercury  remaining  sta- 
tionary between  29,83  and  29,89.  On  this  second  wind  dying 
away,  a  strong  breeze  sprung  up  which  fixed  at  WSW  with 
squally  weather ;  but  for  three  days  no  alteration  took  place 
in  the  barometer,  until  the  wind  shifted  to  NW  and  north, 
and  the  mercury  then  descended  to  ^QS^y  though  the  weather 
was  finer,  and  wind  more  moderate  than  before, 

Qth.  Passing  along  the  south  coast  of  Australia  the  second 
time,  we  experienced  light  winds  from  the  sea  for  forty 
hours  in  D'ENTRtcASXEAVx's  Archipelago,  in  the  month  of 
May :  they  were  variable  between  WSW  and  SSE  with  dull 
cloudy  weather,  and  the  mercury  stood  very  high,  being  up 
to  30,50  most  of  the  time.  The  wind  then  came  round  to  N 
by  E  and  NNW ;  previously  to  which,  the  mercury  began  to 
descend,  and  it  kept  falling  for  two  days  till  it  reached  30,19, 
though  the  weather  was  not  so  cloudy  as  before,  and  the 
wind  was  equally  light  On  the  wind  veering  to  west  and 
WSW  the  mercury  rose  to  30,25 ;  but  it  now  came  on  to 
blow  fresh,  with  squally  thick  weather,  yet  the  mercury  con- 
tinued nearly  stationary  for  twenty-four  hours,  appearing  to 
be  kept  up  in  consequence  of  the  wind  having  shifted  round 
to  SSW,  more  (Krectly  from  off  the  sea.  On  its  increasing  to  a 


Digitized  by 


Google 


m  the  Marine  Barometer.  447 

gale,  hoWfevet,  there  was  a  pretty  rapid  descent  in  the  baro- 
meter to  29,96 ;  but  the  ascent  again  was  equally  rlpid>  and 
to  a  greatei*  height^  on  the  wind  becoming  riioderate:  In  a 
short  calm  that  succeeded,  the  mercury  iStddd  at  30,42,  but 
on  the  wiild  setting  in  from  the  ndrth,  which  was  from  off 
tht  lahd,  it  fell  to  30,95,  and  remained  there  two  day« :  we 
had  then  readied  Bass'  Strait. 

From  these  eyaaaple^  upon  thfe  south'  coasts  it  appears^  ge- 
nerally, that  a  change  of  wind  from  the  northern,  to  any 
point  in  the  southern  half  of  the  cOtnpiss,  caused  the  mercury 
to  rise,  and  a  contrary  chafige  to  fail ;  and  that  the  mercury 
stood  considerably  higher  >Vhen  the  wind  was  from  the  south 
side  of  east  and  west,  llisfa,  in  similar  >^eathBr,  it  did  When 
die  wind  cam^  from  Ae  nortii  sidfe ;  but,  until  it  is  knowij 
what  are  die  winds  diat  occasioned  the  mercury  td  ascend^ 
and  what  to  descend,  upon  the  ddifer  coasts  of  Australia,  it 
will  jirolwibly  be  not  agreed,  whether  it  rose  in  consequence 
of  die*  soudi  -finds'  bringing  ih  a  more'  dense  atr  from  the 
poiai'  regions,  and  fell  on  its  bdng  displaced  by  that  Which 
came  from  the  Tropic  ;-i-or  w^hether  the  rise  and  higher 
standard  of  the  mercury  was  wholly,  or  ih  part,  occasioned 
by  die  first  being  sea  winds;  and  the  descent  because  those 
frcttn-die  northward  came  from  off  the  land. 

The-  height,  at  which  the  mercury  generally  stood  upon 
the  south  coast,  seems  to  deserve  some  attention.  It  was  very 
seldom  down  to  29,40,  and  only  once  to  2942.  Of  one  hun- 
dred and  sixty  ddys,  from  the  beginning  of  December  to 
May,  it  was  nearly  one-third  of  the  time  above  30  inches ; 
and  the  second  time  of  passingalong  the  coast,  from  the  15th 
of  May  to  the  1st  of  June,  if  only  once  descended  to  29,9^, 
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and  that  for  a  few  hours  only,  its  average  standard  for  these 
sixteen  days  being  30,95.  Upon  the  eastern  half  of  the  coasts 
beyond  Cape  Catastrophe,  in  March,  April,  and  May,  the 
mercury  stood  higher  than  it  did  on  the  western  half  in  De- 
cember, January,  and  February :  the  average  standard  of  the 
first  was  30,09,  but  that  of  the  latter  only  29,94.  At  the 
Cape  of  Good  Hope,  the  mean  height  in  the  barometer,  during 
eighteen  days  in  October  and  November,  was  30,07. 

The  marine  barometer  on  board  the  Investigator,  supplied 
to  the  astronomer  by  the  Board  of  Longitude,' was  made  by 
Nairne  and  Blunt,  and  had,  I  believe,  been  employed  in 
one  or  more  of  the  voyages  of  Captain  Cook,  and  perhaps 
in^hat  of  Captain  Vancouver.  I  suspect,  that  it  was  not 
suspended  so  exactly  in  the  proper  place,  as  the  later  instru^ 
ments  of  these  makers  probably  are ;  on  which  account,  the 
motion  of  the  ship  caused  the  mercury  to  stand  too  high ;  and 
perhaps  one  or  two-tenths  of  an  inch  might  be  deducted  with 
advantage  from  the  heights  taken  at  sea,  but  I  think  not  when 
the  ship  was  lying  steadily  at  anchor  in  harbour.  The  baro- 
meter stood  in  my  cabin,  and  the  height  of  the  mercury  was 
taken  at  day--break,  at  noon,  and  at  eight  in  the  evening,  by 
the  officer  of  the  watch ;  as  was  also  that  of  the  thermometer. 

The  general  effects  produced  upon  the  barometer  by  the 
sea  and  land  winds,  on  the  east  coast  of  Australia,  will  be 
learned  from  the  following  abridgment  of  our  meteorological 
journal. 

1st.  In  the  run  from  Cape  Howe,  in  37^'  south  latitude,  to 
Port  Jackson,  in  34*,  once  in  the  month  of  May,  and  once  in 
June,  I  found  that  the  mercury  descended  with  light  winds 
from-  north,  NW,  west,  and  WSW ;  whilst  during  fresh 
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breezes  from  south  and  SW  it  ascended,  and  stood  consi- 
derably above  30  inches ;  with  the  wind  at  NE  and  NNE  it 
also  kept  above  30  inches,  but  not  so  high,  nor  did  it  rise  so 
fast,  as  when  the  wind  was  from  SSW.  From  between  south 
and  east,  the  winds  did  not  blow  during  these  times.  This 
example  does  not  differ  so  much  from  those  on  the  south 
coast  as  to  be  decisive  of  any  thing. 

ad.  The  observations  made  during  a  stay  of  ten  weeks  at 
Port  Jackson,  in  May,  June,  and  July,  1802,  are  more  in 
point  than  almost  any  other.  Strong  eastwardly  winds  were 
very  prevalent  at  that  time,  and  were  almost  always  accom- 
panied with  rain  and  squalls ;  yet  this  weather  was  foretold 
and  accompanied  by  a  rise  in  the  barometer,  and  the  general 
height  of  the  mercury  during  their  continuance  was  30,«o: 
higher  if  the  wind  was  on  the  south  side  6f  ESE,  and  lower 
if  on  the  north  side  of  east.  The  winds  from  south  and  SSW; 
which  blow  along  the  shore,  kept  the  mercury  up  to  about 
30,10,  when  they  were  attended  with  fine  weather,  as  they 
generally  were ;  but  if  the  weather  was  squally,  with  rain, 
it  stood  about  2g,9S.  During  settled  winds  from  between 
WNW  and  SW,  with  fine  weather,  the  mercury  generally 
stood  very  low,  down  at  29,60  ;♦  and  what  is  more  extraor- 
dinary, when  these  winds  were  less  settled,  and  the  weather 
dull,  with  rain  occasionally  falling,  the  range  of  the  mercury 
was  usually  between  sq,So  and  30,10 ;  nearly  the  same  as 

•  My  friend  Colonel  Patbrson,  F.  R.  S*  commander  of  the  troops  at  Port  Jackson^ 
in  judging  of  the  approaching  weather  by  the  rise  and  fall  in  his  barometer  in  the  winter 
season,  told  me,  that  he  had  adppted  a  rule  directly  the  reverse  of  the  common  scale. 
When  the  mercury  rose  high,  he  was  seldom  disappointed  in  his  expectation  of 
rainy,  bad  weather;  and  when  it  fell  unusually  low>  he  expected  a  continuance 
of  fine,  clear  weather,  with  westwardly  winds. 
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4^.  The  month  of  September^  1802^  and  the  greater  part 
of  August  and  October,  we  spent  upon  the  east  coast  between 
the  latitudes  ag''  and  if.  The  south-east  trade  is  the  regular 
wind  here,  but  we  had  many  variations.  Whilst  the  trade 
prevailed,  the  average  standard  of  the  mercury  was  50,15, 
and  the  more  southwardly  it  was,  and  the  fresher  it  blew,  the 
higher  the  quicksilver  rose,  though  it  never  exceeded  30,30. 
When  the  trade  wind  was  light,  it  was  usual  for  a  breeze  to 
come  oiF  the  land  very  early  in  the  monung,  and  continue 
till  eight  or  nine  o'clock ;  but  these  temporary  land  winds  did 
not  produce  any  alteration  in  the  mercury,  which  kept  at 
th^^e  tknes  about  30,10.  When  the  trade  wind  veered  round 
to  £NE,  or  more  northward,  wluch  was  not  seldom,  the  mer^ 
cury  ranged.between  30  indies  and  30,10 ;  and  when  a  breeze 
from  north  or  N  by  W  pre  vailed,  wludi  was  the  case  for  a 
considerable  p«rt  of  twenty  days  we  remained  in  Broad 
Sound,  its  h$i^t-was  somethings  but  not  much,  less.  These 
northwardly  wityls  I  take:  to.  have  been  the. north-east  wind 
in  the  offing ;  which  had  been  partly  turned,  and  in  part 
di^wn  out  of  its  dare(:tioti,  ,by  the;  peculiar  formation  of  this 
part  of  the  east  co^».  There  are  but  few  instances  of  any 
steady  westwardly  wind  prevailmg;  when  such  happened^ 
tljif^y  were  generally  from  the-north  side  of  west;  and.  at 
these  times  the  rang^tof  marcmy  was  between  99,95  and 
8P»05,  which  wa$  tl^.  lowest  I  at  any  time  saw  it  on.  this 
pprti^  of  the  e9$t<x>a(5t 

The  baromet^.  was  c^  great  service  to  me  in  the  investif* 
gation  oi:^Sm  4atigeroiw.part  of  the  east  coatf,  whece  the  ship 
was  cosnB}oiily<  suirmuiided.  ivith  rocks^  shoalsy  isiands,  or 
c0ral.»efii«  Near-the  main  liindi  if  tbefsaa  breeze  was  dgring 
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off  at  night,  and  the  mercury  descending,  I  made  no  scruple 
of  anchoring  near  the  shore ;  knowing  that  it  would  either 
be  a  calm,  or  a  wind  would  come  off  the  land;  but  if  the 
mercury  kept  up,  I  stretched  off,  in  the  expectation  that  it 
would  freshen  up  again  in  a  few  hours.  Amongst  the  barrier 
reefs,  when  the  wind  was  dying  away,  the  barometer  told 
me,  almost  certainly,  from  what  quarter  it  would  next  spring 
up.  If  the  mercury  stood  at  30,15,  or  near  it  and  was  rising, 
I  expected  the  proper  trade  wind;  arid  if  higher,  that  it 
would  be  well  from  the  southward,  or  would  WoW  fresh'; 
and  if  it  was  up  to  30,30,  both.  The  falling  of  the  mercury 
to  30,10  was  an  indication  of  a  breeze  from  the  north-east* 
ward ;  and  its  descent  below  30  inches  that  it  would  spring 
up,  or  shift  round  to  the  westward.  This  regularity  of  con- 
nection between  the  barometer  and  the  direction  of  the  wind, 
is  perhaps  too  great  to  be  expected  at  a  difierent  time  of  the 
year;  and  it  is  probable,  that  we  should  not  have  found  it 
continue  so  strictly,  had  our  stay  amongst  the  barrier  reefs 
fae^  much  prolonged. 

5th.  Leaving  the  east  coast  in  the  latitude  17''  south,  we 
steered  off  to  the  northward  for  Torres'  Strait,  in  the  latter 
part  of  October.  As  we  advanced  northward,  I  found  the 
mercury  stand  gradually  lower  with  the  same  kind  of  wind 
and  weather.  The  difference  was  not  material  till  we  reached 
the  latitude  13*,  but  afterwards,  the  south-east  wind  which 
had  before  kept  the  mercury  up  to  30,15,  then  permitted  it  to 
fall  to  29,90;  and  the  vnnds  from  ENE  and  NNE  to  29,85. 
Was  this  alteration  owing  to  the  want  of  density  in  the  ait 
brought  in  by  the  south-east  winds,  in  this  lower  latitude  ?— 
to  our  increased  distance  from  the  land  ?— or  was  it,  that  the 
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south^-jeastivind  was  no  IcMiger  obstructed  by  the  coast/ having 
a  pa/Ssage  there  through  Torres'  Strait  ? 

The  difference  between  the  height  of  the  mercury,  during 
a  north-east  and  a  south-east  wind,  was  much  less  here  than 
before,  although  the  weather  was  most  unfavourable  during 
the  time  of  the  north-east  wind,  and  should  have  increased 
the  difference  in  their  effects.  Was  this  owing  to  the  general 
approximation  to  that  equality  which  has  been  observed  to 
take  place  in  the  barometer,  in  very  low  latitudes  ?— or  that 
the  north-es^t  wind,  still  meeting  with  resistance  from  the 
coast,  had  one  cause  for  keeping  up  its  power,  which  the  south- 
east wind  had  lost  i 

In  a  general  summary  of  the  winds  on  the  east  coast,  those 
that  came  from  between  south  and  east  caused  the  mercury 
to  rise  and  stand  highest,  as  they  had  also  done  upon  the 
south-coast,  with  the  exception  of  the  4th  example.  The  winds, 
from  NE  kept  the  mercury  up  above  30  inches  on  the  east 
coast,  and  caused  it  to  rise  after  all  other  winds  except  those 
from  the  south-eastward ;  but  on  the  south  coast,  the  mer- 
cury fell  with  them,  and  stood  ocHisiderably  below  30  inches; 
because,  as  it  appears  to  me,  they  then  came  from  off  the 
land.  During  north-west  winds,  the  mercury  stood  lower 
than  at  any  other  time  upon  both  coasts ;  and  on  both  they 
came  from  off  the  land* 

Moderate  winds  from  the  south-westward,  with  fineweathfir, 
caused  a  descent  of  the  mercury  on  the  east  coast ;  and  during 
their  continuance  it  was  much  lower  than  with  winds  from 
the  north-eastward ;  but  upon  the  south  coast  it  rose  with 
aouth-west  winds,  and  stood  much  higher  than  when  they 
came  from  the  opposite  quarter.    For  this  change  I  cannot 
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see  any  other  reason,  than  tlial  ^e  wind,  wfoch  bkw  from 
the  sea  upon  one  coast,  cdfitie  frdm  oft  lift  land  in  the  6ther. 

Although  the  height  of*  the  merdury  vipaii  the  soitth  coast 
of  Australia  was,  upon  the  average,  ctitiiiAefttblf  iAdve  this 
medium  standard  69,50,  it  was  still  greater  u^  the  e&5^ 
coast:  I  cannot  fix  it  at  tess  than  <^,68  ot  $6,ity,  wh^^ 
upon  the  south  coast,  I  shotild  take  if  at  5b  fireh^is;  both 
subject  to  the  {wobable  error  of  one  or  tw<Htdnlfc*  of  otl  Indl 
in  excess.  This  superiority  seems  atfributabte  td'the  gtf^^t 
prevalence  of  sea  winds  upon  the  east  coasts  and'^dlrtiiialai'ly 
of  those  from  S£,  which,  when  all  other  cirmtMtdtftiBs  art  equtU, 
I  have, observed  to  raise  the  mercury  higher  tHan  drty  other 
on  this  side  of  the  eq^tor,  analogous  to  the  effe«cif  of  Adrth- 
east  winds  in  the  northern  kemi£(pherd ;  atfd'pa'haips'idiso,  th^ 
superiori^  may  be  in  part  owing  to  1^  east  ctoa^<feavit%  tf 
more  regular  chain  of  highei*  mbunt^st  running  at  the  back 
of,  and  parallel  to  it)  whidi  pv^^m^  a  greater  dbeftrttetion  to 
the  passage  of  the  wnid  over' the'  land,  thdn  it  raeets  on  the 
south  coast. 

The-  greatest  itaflge:  of  the  mercury  obs^i^ed  updn  the  east 
coa6t,  was  fVom'  2j^,6o  to  30,56  at  Port  Jackson ;  and  within 
the  tropic  from  s^iSS  to' 30,30;  whilst  Opon  th^  south  coast, 
the  rang<e  Was  from  29,4a  to  50,51,  in  Ac  Western  part, 
where  the  latitude  very  little  exceeds  1^  of  Port  Jackson. 
It  is  to  be  observed,  however,  that  these  extremes  are  taken 
for  very  shc»t  intervals  of  time. 

My  obseTvatkms  upon  the  north  coast  of  Australia  £0*6  bat 
little  satisfactory,  both  because  the  dianges  in  the  baroifietei^ 
were  very  small  in  so  low  a  latitude,  and  that  very  little  more 
than  the  shores  of  the  gulph  of  Carpentaria  could  be  examined, 
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on  account  of  the  decayed  state  of  the  Investigator,  which 
obliged  me  to  return  with  all  practicable  expedition  to  Port 
Jbckson.  An  abridged  statement,  however,  of  the  general 
height  of  the  mercury  under  the  five  following  circumstances, 
will  aflfbrd  some  light  upon  the  subject,  and  perhaps  not  be 
uninteresting.  1st.  On  the  east  side  of  the  gulph,  and  at  the 
head,  with  the  south-east  monsoon,  or  trade  wind.  sd.  At 
the  head  of  the  gulph  with  the  north-west  monsoon.  3d-  On 
the  west  side  during  the  north-west  monsoon.  4th.  At  Cape 
Amhem  under  the  same  circumstance;  and  5th.  In  the  pas- 
sage from  Cape  Amhem,  at  a  distance  from  the  coast,  to 
Timor,  with  variable  winds. 

In  a  memoir  written  by  Alexander  Dalrymple,  Esq. 
F.  R.S.  respecting  the  Investigator's  voyage,  there  is  this 
general  remark : — ^*  Within  the  tropics,  the  monsoon  blowing 
"  on  the  coast  produces  rainy  weather,  and  when  blowing 
**  from  over  the  land,  it  produces  land  and  sea  breezes." 
TWs  I  found  verified  on  the  east  side  of  the  gulph  of  Car- 
pentaria, between  Nov.  3  and  16,  which  time  was  employed 
in  its  examination ;  for  though  we  had  found  the  south-east 
trade  to  blow  constantly  on  the  east  side  of  Cape  York  just 
before,  and  doubtless  it  did  so  then,  yet  in  the  gulph  we  had 
a  tolerably  regular  sea  breeze,  which  set  in  from  the  west- 
Ward  at  eleven  or  twelve  o'clock,  and  continued  till  seven, 
eight,  or  nine  in  the  evening.  Towards  the  head  of  the  gulph, 
the  trade  wind,  which  blew  at  night  and  in  the  morning,  came 
more  from  the  NE,  and  the  sea  breezes  more  from  north  and 
NW,  but  without  producing  any  regular  alteration  in  the 
height  of  the  mercury,  whose  average  standard  was  29,95 : 
it  never  fell  below  29 ,90  or  rose  above  30,04.    At  the  head, 
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the  height  of  the  mercury  remained  nearly  the  same,,  laitil 
the  nprth^wQst  monsoon,  beg-an  to*  blow  steadily,  about  the 
joth  of  December,  two  or  tl»ee  days  excepted,  when  the 
d^y  winds  were  from  the  south-eastwardi  and  the  mercury 
then  stood  between  29,80  ^d  99,95.  At  these  times,  how- 
ever, there  was  usuaUy  some  thunder  and  lightning  about^ 
si^n^  of  the  approaching  rainy  monsoon,  which  may  perhaps? 
account  for  the  descent  of  ^  mercury  indeperotently  of  the 
dircjction  of  the  wind. 

«d  On  the  confirmation  of  the  north-west  moiwooo^  there 
was  a  change  io,  th^  baromeiter  ^  the  head  of  the  gulph,-  the 
common  standard  of  the  mercury  being  at  29,88 ;  but  diu-ing 
the  timeaof  heavy*  rainr,  with  thunder^^lightning^,  and.  squalls 
of  wind,  wh«n  amongst,  the  islands  of  Cape  Vanderiin,  the 
mean  height  waa  29^79/   The  north-west  moosocv,.  after 
coming  over  Arnhem's  land,  blows  along  the  shore  for  a.  con- 
siderable part  of  the  spape  between?  the  Cape  Maria  and  Cape- 
Va»  Diemen,  of  Tasm^n ;  and  during  the  examination  of  the 
part?,  so  circumstancQd,.  w^e  sometimes  had'  tolwably  fine 
weather,  and  the  merwry  above  29^90 ;  but  the  wind  was 
then  usually  more  from  the.  north  than  when  the  mercury 
stood  lower.    Asr  we  approaohed  Cape  Maria,  and  the  bight 
between  it  and  th^  south  side  of  Q^oote  Eyland,  the  mercury 
stood  gradually  lQvv;er ;  ajid:  in:  the  bight,  where,  the  north- 
west monsoon  came  directly  from  off' the  shore^  although  wet 
had  sea.  and  land  breves,  with  fine  weather,  according  to. 
Mr.  Dalrymple's  general  position,  yet  the  mercury  was  un- 
commonly low,  its  range-  being;  from  29,63  to  29,81 :  thei 
average  29,74,  below  what  it  had  stood  in  the  very  bad 
weather  ne^ff^  Cape  Vanderiin,  These  winds  and  weather,  and 
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the  low  "State  of  the  mercury,  continued  until  We  g6t  ^thout 
side  of  Groote  Eyland. 

3d.  On  the  east  side  of  Groote  Eyland,  and  the  west  side 
of  the  gulph,  northward  from  that  island,  we  sometimes  had 
sea  and  land  breezes  with  fine  weather ;  we  had  also  two 
moderate  gales  of  wind  from  the  eastward,  of  from  two  to 
four  days  continuance  each,  with  one  of  which  there  were 
heavy  squalls  of  wind  and  rain ;  sometimes  also,  the  winds 
were  tolerably  steady  between  north  and  west,  with  fine 
weather.  During  all  these  variations,  the  mercury  never  dif- 
fered much  from  its  average  standard  29,90 ;  and  it  seemed 
as  if  the  increase  of  density  in  the  air,  from  the  wind  blowing 
upon  the  coast,  was  equal  to  its  diminution  of  quantity  from 
the  fall  of  rain  and  strength  of  the  wind ;  and  on  the  other 
side,  that  the  wind  from  over  that  corner  of  Amhem's  Land 
permitted  the  mercury  to  descend,  as  much  as  the  fine 
weather  would  otherwise  have  occasioned  it  to  rise. 

Upon  the  north  side  of  Groote  Eyland,  the  mercury  stood 
higher  than  usual  for  five  days,  and  during  this  time  the  wind 
blew  writh  more  regularity  from  NW,  the  only  exception 
being  for  a  few  hours  in  the  afternoons,  when  it  commonly 
sjMiing  up  from  the  NE  in  the  manner  of  a  sea  breeze :  the  * 
weather  remained  fine  during  these  five  days,  and  the  height 
of  the  mercury  averaged  29^4. 

4,th.  In  the  neighbourhood  of  Cape  Amhem,  the  mercury 
usually  stood  about  29,90,  whether  the  wind  was  from  NW, 
NE,  or  east,  if  the  weather  was  fine ;  but  if  by  chance  the 
Wind  shifted  to  the  south  side  of  west,  off  the  land,  it  de- 
scended to  29,80  though  the  weather  remained  the  same :  and 
this  was  its  standard  durmg  those  times  when  strong  gusts 
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came  from  the  NW  accompanied  with  heavy  rain,  tfnmder, 
and  lightning- 

In  this  example,  the  wind  from  SW  occasioned  the  mercury 
to  stand  lower  than  that  from  NW  in  the  same  weather; 
which  is  contrary  to  what  was  observed  upon  the  south  and 
east  coasts ;  particularly  on  the  former,  where  the  south-west 
wind  elevated  the  mercury  up  to,  and  sometimes  above,  30,25. 

5th.  On  March  6,  1803,  we  made  sail  off  from  the  north 
coast,  towards  Timor,  the  north-west  monsoon  having  ceased 
to  blow  at  Cape  Arnhem,  and  the  eastwardly  winds  appearing 
to  have  set  in ;  but  we  soon  outran  them,  and  had  the  wind 
so  variable  and  light  afterwards,  that  it  took  us  twenty-three 
days  to  reach  Coepang  Bay,  a  distance  of  no  more  than  la"* 
of  longitude.  The  only  two  remarks  I  made  upon  the  baro- 
meter during  this  passage  were,  that  the  common  height  of 
the  mercury  was  29,95  at  those  times  that  the  wind  remained 
steady  for  some  hours,  from  whatever  quarter  it  came,  and 
about  29,85  when  it  was  most  unsettled ;  and  that  it  stood 
higher,  upon  the  average,  after  we  had  passed  Cape  Van 
Diemen,  when  the  south-west  winds,  which  blew  oftenest, 
canje  from  the  sea,  than  it  did  before. 

The  medium  height  of  the  merojry,  deducting  the  time 
between  Cape  Maria  and  Groote  Eyland  in  the  2d  example^ 
I  should  take  at  29,92,  which,  when  the  quantity  of  rainy 
squally  weather,  with  thunder  and  lightning,  is  considered^  is 
Yery  high :  the  whole  range  of  the  mercury  upon  the  north 
coast  wt\s  four-tenths  of  an  inch. 

The  principal  differences  in  the  effect  of  winds  upon  this 
coast,  from  what  they  produced  upon  the  south  and  east 
coasts,  are,  that  a  north-east  wind  raised  the  mercury  as 
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high,  if  not  higher,  than  one  from  the  S£ ;  and  that  a  north- 
west wind,  where  it  came  from  off  the  sea  and  was  moderate, 
was  equal  to  either  of  them,  and  kept  it  up  higher  than  the 
south-west  wind  did* 

In  order  to  have  ascertained  the  full  effects  of  sea  and  land 
winds  upon  the  barometer,  it  was  desirable  to  have  learned, 
whether  the  south-east  winds,  which  occasioned  the  mercury 
to  rise  highest  upon  the  south  and  east  coasts,  would  have  left 
it  at  the  medium  standard,  or  made  it  descend  upon  the  north* 
west  and  west  coasts  of  Australia ;  but,  unfortunately,  the 
state  of  the  ship  did  not  permit  me  to  determine  this ;  for  at 
the  distance  we  kept  from  these  coasts,  in  making  the  best  of 
our  way  to  Port  Jackson,  the  accumulation  of  air  over  the 
shore,  arising  from  a  sea  wind,  or  the  contrary  from  a  land 
wind,  can  scarcely  be  supposed  to  have  much,  if  any  effect. 
The  principal  winds  we  experienced  between  Timor  and  Cape 
Leuwen,  in  the  months  of  April  and  May,  were  from  SE  and 
SW.  The  south-east  wind  prevailed  as  far  as  the  latitude.  95*, 
and  the  mercury  stood  at  first  with  it  at  29,95 ;  but  as  we 
advanced  southward,  it  rose  gradually  to  30,25,  nearly  in  the 
same  way  as  it  had  before  descended,  on  the  east  side  of 
Australia,  when  we  steered  northward  in  the  month  of  Oc- 
tober. This  wind  was  succeeded  by  an  unsteady  northwardly 
wind,  which  brought  the  mercury  down  to  29,90 ;  but  on  its 
veering  by  the  west  to  SW  it  rose  fast,  and  fixed  itself  about 
30,32 :  we  were  then  drawing  near  Cape  Leuwen. 

As  far  as  this  example  can  be  admitted  in  proof,  it  appears, 
that  a  wind  from  the  SW  has  an  equal,  if  not  a  superior  power 
to  one  at  SE  in  raising  the  mercury  upon  the  west  coast ; 
v/hich  was  not  the  case  upon  the  south,  and  still  much  les9^ 
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4ipon  the  east  and  north  coasts,  where  the  south-west  wind 
caused  it  to  fell.  Winds  from  the  northward  caused  the  mer- 
cury to  descend,  as  I  believe  they  always  will  in  the  southern 
hemisphere,  if  not  obstructed  by  the  land;  but  upon  the 
north  co^tst,  we  have  seen  the  mercury  stand  hgher  with  it 
than  almost  any  other* 

Upon  a  summary  of  the  effects  of  the  same  winds  upon  the 
different  coasts  of  Australia,  as  deduced  from  the  above  ex** 
amples,  the  following  queries  seem  to  present  themselves. 

Why  do  the  winds  from  north  and  NW,  which  cause  the 
mercury  to  descend  and  stand  lower  than  any  other  upon 
the  south  and  east  coasts,  as  also  in  the  open  sea,  and  in  the 
south-west  bight  of  the  gulph  of  Carpentaria,  make  it  rise 
upon  the  outer  part  of  the  north  coast,  with  the  same,  or  even 
worse  weather  ? 

Why  should  the  north-east  wind,  which  occasions  a  fall  in 
<S)e  barometer  upon  the  south  coast,  considerably  below  the 
mean  standard,  be  attended  with  a  rise  above  the  mean  upon 
tlie  east  and  north  coasts  ? 

The  south-east  wind,  upon  the  south  and  east  coasts,  caused 
the  mercury  to  rise  higher  than  any  other ;  why  should  it  not 
have  the  same  effect  upon  the  north  coast,  and  upon  the 
west  ? 

How  is  it  that  the  south-west  wind  should  make  the  quick- 
silver rise  and  stand  high  upon  the  south  and  west  coasts, — 
should  cause  it  to  fall  much  below  the  mean  standard  upon 
the  east  coast, — and  upon  the  north,  make  it  descend  lower 
than  any  other,  with  the  same  weather  ? 

The  answer,  I  think,  can  only  be  one;  and  it  aeems  to  be 
sufficiently  obvious^ 
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The  canse  of  the  amsibUity  of  the  mercury  to  ynnds  bIow«> 
ing  from  the  sea  and  from  off  tjre  Iwid,  may  perhaps  adtaiit  of 
more  than  ostei  explanation^;  but  the  following  seems  to  me  to 
lie  direct,  and?  tolerably  satisfactor3r.  The  lower  air,  when 
brought  in  by  a.  wind  from  the*  sea,  meets  with  resistance  in 
passing  o^srertbe  land;  and  to*  overcome  this  resistance,  it  is 
dUiged  to  rise,  and  will  make  itself  room  by  forcing  the  su-* 
perincumbent  ai*  upwardb.  The  first  body  of  air,  that  thus 
qomes  in  from  the  sirav  being  itself  obstructed  in  its  velocity, 
will  obstruct  the  second,  which  wJE  therefore  rise  over  the 
first  in  like  manner,  toi  ovencome  the  obstruction  ;  and  as  die 
course  of  the  second  body  of  air  will  be  more  direct  towards: 
the  top  of  the  highest  part  of  the  land  it  has  to  surmount^ 
than  the  first  was,  so  the  first  part  of  the  second  body  wilt 
arrive  at  the  top,  before  the  laiteir  part  of  the  first  body  has 
reached  it ;  andl  this  latter  part  will  not  be  able  to  pass  over 
the  top^  being:  kept  down  by  the  second  body  and'  the  succes* 
sive  streami  of  air,  xa^^i^se  vdbcity  is  superior  to  it;  In  this 
manner,  an  ediip,  or  body  of  compressed,  and  comparatively 
inactive  m:  will  be  fonned,  which^  at  first,  will  occupy  all  the 
space  befow  a.  line  drawn  foorai  die  shore  to»  the  top  of  die 
highest  land:;  but,  arlmost  imraediatEly,  the  succeeding  bodies 
of  aii?i  at  a  distance  f?rom.  the*  slione,  wilLfeelJ  the  effect  of  the 
obstruction ;  and  being  impelled  by  those  that  ibllow  them, 
will  be^n  to  rise,  taking  their  course  for  the  topof  the  highest 
land,  before  they  come  to  the  shore ;  by)  which  means,  the 
stratum  of  lower  aiii  will  be  deeper  between  the  top  of 
the  land  and  the  shore,  and. to  some  distance  out!  from  it,  than 
it  is  either  ypon.  themountains  or  in  the  open  sea.  If  this  is 
admitted  to  be  a  necessary,  consequence  of  a  wind  blowing 
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upon  the  shore  from  the  sea,  it  follows,  that  Ae  mercury 
ought  to  stand  something  higher  when  such  a  wind  blows^ 
whether  it  is  from  the  south  or  any  other  quarter,  than  it  will 
with  the  same  wind  where  it  meets  no  such  obstruction ;  and 
the  more  direct  it  blows  upon  the  coast,  and  the  higher  the 
land  is,  (all  other  circumstances  being  equal,)  the  higher 
ought  the  mercury  to  rise.  On  the  other  hand,  when  the 
wind  comes  from  off  the  hills,  this  dead  and  dense  air  will  be 
displaced,  even  from  its,  hollows  under  the  highest  land; 
both  on  account  of  its  own  expansion,  and  because  its  particles 
will  be  attracted  by  those  of  the  air  immediately  above,  which 
are  taking  their  unobstructed  course  out  to  sea ;  and  thus  the 
air  over  the  coast  will  resume  its  natural  state  with  a  land 
wind. 

In  order  to  appreciate  duly  the  effect  of  sea.  and  land  winds 
upon  the  barometer,  in  the  preceding  examples,  it  is  neces* 
sary  to  be  recollected,  that  in  the  southern  hemisphere,  a  wind 
from  the  south  has  a  natural  tendency  to  raise  the  mercury 
in  the  open  sea,  and  one  from  the  north  to  depress  it;  pro* 
bably,  from  the  superior  density  of  the  air  brought  in  by  the 
former ;  therefore,  if  the  mercury  rises  quicker  and  higher 
with  a  south  wind  upon  the  south  coast,  than  it  does  with  a 
north  wind  upon  the  north,  it  is  not  to  be  at  once  concluded, 
that  the  effect  of  the  wind  as  coming  from  the  sea,  is  less 
upon  the  north  coast ;  for  it  has,  in  the  first  place,  to  coun« 
teract  the  tendency  of  the  mercury  to  fall  with  a  north  wind ; 
and  in  some  cases,  its  effects  as  a  sea  wind  may  be  as  consi- 
derable, relatively  to  the  latitude,  where  there  shall  be  no 
rise  in  the  barometer,  as  upon  the  south  coast  it  might  where 
a  considerable  one  took  place.    The  same  thing  may  be  said 
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«€)f  the  winds  from  the  east  and  from  the  west;  for  where  the 
vicinity  of  land  is  out  of  the  question,  the  former  generally 
causes  an  ascent,  ( from  what  principle  I  leave  others  to  de- 
termine,) and  the  latter  a  descent  in  the  barometer,  and  I 
believe  this  extends  to  both  hemispheres,  and  all  climates. 
The  wind  from  SE.then,  which  combines  something  more 
than  half  the  power,  both  of  the  south  and  of  the  east  wind, 
will  raise  the  mercury  higher  than  any  other,  on  the  south 
side  of  the  equator,  and  the  wind  from  NW  permit  it  to  fall 
lower,  independently  of  their  effects  as  sea  and  land  winds; 
and  this  allowance  requires  to  be  first  made  upon  them :  the 
south-west  and  north-east  quarters  should  be  equal  where 
there  is  no  land  in  question,  and  of  a  medium  strength  be- 
tween the  power  of  the  south-east,^  and  the  deficiency  of  the 
north-west  wind. 

I  leave  it  wholly  undetermined,  whether  the  effects  of  sea 
and  land  winds  upon  the  barometer,  as  above  described,  ex- 
tend beyond  the  shores  of  the  country  where  these  observa- 
tions were  made,  and  to  about  one  hundred  leagues  of  distance 
from  th^i;  but  it  seems  not  improbable,  that  they  may  be 
found  to  take  place  near  the  shores  of  all  countries  similarly 
circumstanced ;  that  is,  upon  those  which  are  wholly,  or  for 
the  most  part,  surrounded  by  the  sea,  and  situated  within  the 
fortieth  degree  of  latitude.  In  colder  climates,  where  snow 
lies  upon  the  ground  during  a  part  of  the  year,  the  wind 
from  off  the  land  may  perhaps  be  so  cold,  and  the  air  so  much 
condensed,  as  to  produce  a  contrary  effect ;  but  this,  and  the 
prosecution  of  the  subject  to  other  important  consequences,  I 
leave  to  the  philosopher ;  my  aim  being  only  to  suppjly  my 
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small  contribudon  of  raw  materials  to  the  hands  of  the 
manufacturer,  happy  if  he  can  make  them  subservient  to  the 
promotion  of  meteorological  science. 

I  will  conclude  with  stating  a  few  general  remarks  upon 
the  barometer,  such  as  may  be  useful  to  seamen. 

It  is  not  so  much  the  absolute,  as  the  relative  height  of  the 
mercury,  and  its  state  of  rising  and  falling,  that  is  to  be 
attended  to  in  forming  a  judgment  of  the  weather  that  will 
succeed ;  for  it  appears  to  stand  at  different  heights,  with  the 
same  wind  and  weather,  in  different  latitudes. 

In  the  open  sea,  it  seems  to  be  the  changes  in  the  weather, 
and  in  the  strength  of  the  wind,  that  principally  affect  the 
barometer;  but  near  the  shore,  a  change  in  the  direction  of 
the  wind  seems  to  affect  it  full  as  much,  or  more,  than  either 
of  thase  causes  taken  singly. 

It  is  upon  the  south  and  east  coasts  of  any  country  in  the 
southern,  or  the  north  and  east  coasts  in  the  northern  hemi* 
sphere,  where  the  effect  of  sea  and  land  Mohds  iipon  the  baro- 
meter is  likely  to  be  the  most  conspicuous. 

In  the  open  sea,  the  mercury  seems  to  stand  higher  in  a 
steady  breeze  of  several  days  continuance,  from  whatever 
quarter  it  comes,  provided  it  does  not  blow  hard,  than  when 
the  wind  is  variable  from  one  part  of  the  compass  to  another; 
and  perhaps  it  is  on  this  account,  as  well  as  from  the  direction 
of  the  wind,  that  the  mercury  stands  higher  within  the  tropics, 
than,  upon  the  average,  it  appears  to  do  in  those  parallels 
where  the  winds  are  variable  and  occasionally  blow  with 
violence. 

The  barometer  seems  capable  of  affording  so  much  assis- 
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tance  to  the  commander  of  a  ship,  in  warning  him  of  the 
approach  and  termination  of  bad  weather,  and  of  changes  in 
the  direction  of  the  wind,  even  in  the  present  state  of  meteo- 
rological knowledge,  that  no  officer  in  a  long  voyage  should 
be  without  one.  Some  experience  is  required  to  understand 
its  language,  and  it  will  always  be  necessary  to  compare  the 
state  of  the  mercury  with  the  appearance  of  the  weather, 
before  its  prognostications  will  commonly  be  understood ;  for 
a  rise  may  foretel  an  abatement  of  wind, — a  change  in  its 
direction, — or  the  return  of  fine  weather;  or  if  the  wind  is 
light  and  variable,  it  may  foretel  its  increase  to  a  steady 
breeze,  especially  if  there  is  any  easting  in  it ;  and  a  fall  may 
prognosticate  a  strong  breeze  or  gale,  a  change  of  wind,  the 
approach  of  rain,  or  the  dying  away  of  a  steady  breeze. 
Most  seamen  are  tolerably  good  judges  of  the  appearance  of 
the  weather ;  and  this  judgment,  assisted  by  observation  upon 
the  quick  or  slower  rising  or  falling  of  the  mercury,  and 
upon  its  relative  height,  will  in  most  cases  enable  them  to  fix 
upon  which  of  these  changes  are  about  to  take  place,  and  to 
what  extent,  where  there  is  only  one ;  but  a  combination  of 
changes  will  be  found  more  difficult,  especially  where  the 
effect  of  one  upon  the  barometer  is  counteracted  by  the  other; 
as  for  instance,  the  alteration  of  a  moderate  breeze  from  the 
westward  with  dull,  or  rainy  weather,  to  a  fresh  breeze  from 
the  eastward  with  fine  weather,  may  not  cause  any  alteration 
in  the  height  of  the  mercury ;  though  I  think  there  would 
usually  be  some  rise  in  this  case.  Many  combinations  of 
changes  might  be  mentioned,  in  which  no  alteration  in  the 
barometer  would  be  expected,  as  a  little  consideration,  or 
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experience  in  the  use  of  this  instrument,  will  make  tefliciently 
evident;  the  baromet^  alone,  therefore,  is  not  sufficient ;  bitt 
in  assisting  the  judgment  of  the  seaman,  is  Citable  of  reii^ 
dering  very  important  services  to  navigation. 


Digitized  by 


Google 


C^7l 


%L    Acanmt  of  a  IM^awery  of  native  Minium.    In  a  Lettet 
from  Janies  Smithsoin,  Esq.  E  R.  S.  to  the  Bight  Hon,  Sit 
Joseph  Banks,  K.  B.  P.  R.S. 


Head  April  94^,  i$o6. 

MY  DEAR  SIR, 

X  BEG  leave  to  aoquamt  you  with  a  discovery  <vhich  I  have 
lately  made,  as  it  a<Ws  a  new,  and  peiiiaps  it  may  be  thought 
an  interesting,  species  to  the  ores  of  lead.  I  have  found 
minium  native  in  the  earth. 

■'  It  is  disseminated  in  small  quantity,  in  the  siibstance  of  i 
compact  carbonate  of  zinc. 

It*  appearance  in  general  is  that  of  a  matter  in  a  pulverulent 
state,  but  in  places  it  shows  to  a  lens  a  flaky  and  crystalline 
texture. 

Its  colour  is  like  that  of  factitious  minium,  a  vivid  red  with 
a  cast  of  yellow. 

Gently  heated  at  the  blowpipe  it  assumes  a  darker  colour, 
but  on  cooling  it  returns  to  its  original  red.  At  a  stronger 
heat  it  melts  to  litharge.     On  the  charcoal  it  reduces  to  lead. 

In  dilute  white  acid  of  nitre,  it  becomes  of  a  coffee  colour. 
On  the  addition  of  a  little  sugar,  this  brown  calx  (fissolves, 
and  produces  a  colourless  solution. 

By  putting  it  into  marine  acid  with  a  little  leaf  gold,  the 
gold  is  soon  intirely  dissolved- 

When  it  is  inclosed  in  a  small  bottle  with  marine  acid,  and 
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a  iitde  bit  of  paper  tinged  by  tumsol  is  fixed  to  the  cork»  the 
paper  in  a  short  time  entirely  loses  its  blue  colour,  and  be* 
comes  white.  A  strip  of  common  blue  paper,  whose  colouring 
matter  is  indigo,  placed  in  the  same  situation  imdergoes  the 
same  change. 

The  very  small  quantity  which  I  possess  of  this  ore,  and 
the  manner  in  which  it  is  scattered  amongst  another  substance, 
and  blended  with  it,  have  not  allowed  of  more  qualities  bdng 
determined,  but  I  apprehend  these  to  be  sufficient  to  establish 
its  nature. 

This  native  minium  seems  to  be  produced  by  the  decay 
of  a  galena,  which  I  suspect  to  be  itself  a  secondary  produc- 
tion from  the  metalUzaticm  of  white  carbonate  of  lead  by 
hepatic  gas.  This  is  particularly  evident  in  a  specimen  of  this 
ore  wliich  I  mean  to  send  to  Mr.  Greville,  as  soon  as  I  can 
find  an  opportunity.  In  one  part  of  it  there  is  a  cluster  of 
large  crystals.  Having  broken  one  of  these,  it  proved  to  be 
converted  into  minium  to  a  considerable  thickness,  while  its 
centre  is  still  galena. 

I  am,  &c. 

JAMES  SMITHSON- 

Cassell  in  Hesse, 
March  2d,  i8o6« 


Digitized  by 


Google 


t^l 


XII.  Description  of  a  rare  Species  of  Worm  Shells y  discovered  at 
an  Island  lying  off  the  North-west  Coast  of  the  Island  of 
Sumatra^  in  the  East  Indies.  By  J.  Griffiths,  Esq.  Commu^ 
nicated  by  the  Right  Hon.  Sir  Joseph  Banks,  K.  B.  P.  R.  S. 


Read  February  13,  1806. 

A  SHORT  time  after  a  very  violent  earthquake  that  occurred 
in  the  island  of  Suftiatra,  in  the  year  1797,  these  uncommon 
productions  of  nature  were  discovered ;  the  violence  of  the 
concussion  was  more  particularly  confined  to  that  part  of 
the  island  situated  on  the  sea  coast,  between  two  degrees 
of  the  equator  north  and  south,  and  to  the  islands  adjacent- 
Its  effects  were  most  severely  felt  at  Padang;  many  lives 
were  lost,  and  considerable  damage  sustained,  by  a  most  tre^ 
mendous  inundation  of  the  sea;  this  was  also  experienced  at 
the  low  island  of  Battoo,  distant  from  the  coast  of  Sumatra 
about  twenty  leagues. 

These  shells  were  procured  in  a. small  sheltered  bay,  with 
a  muddy  bottom,  surrounded  by  coral  reefs,  on  the  island  of 
Battoo ;  upon  the  sea  receding  from  the  bay  after  the  inundation 
they  were  seen  protruding  from  a  bank  of  slightly-indurated 
mud,  and  two  or  three  broken  specimens  were  brought  to  me 
at  Padang,  by  the  master  of  a  boat  trading  between  that  port 
and  the  island,  for  cocoa-nut  oil,  sea  slug,  &c. 

As  I  had  not  observed  any  of  these  shells  in  the  cabinets  I 
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had  seen  abroad,  or  in  England,  nor  yet  a  description  in  any 
author  that  I  was  able  to  consult,  joined  to  the  total  ignorance  of 
the  Dutch  inhabitants  of  Padang,  many  of  whom, had  been  a 
long  time  in  the  habit  of  trading  to  BattoQ  without  having  seen 
or  heard  of  such  a  production,  led  me  to  believe  them  entirely 
new,  and  made  me  extremely  desirous  to  procure  some  more 
perfect  specimens,  and  such  information  respecting  them,  as 
might  be  acceptable  to  you,  Sb*,  in  your  pursuit  and  inquiry  on 
every  subject  connected  with  natural  history. 

I  was  consequently  induced  to  send  a  small  praw,  with  a 
servant  of  mine  ( a  Papooa  Coffree )  who  was  very  expert  in 
<living,  and  had  bejsn  employed  under  myown  mspeciion  in 
procuring  many  sul^ttiArine  objects^  which  the  coast  and  islands 
)liear  Padailg  abound  iwidi;  kis  therefore  froni  his  aooount^ 
corroborated  by  others  of  the  crew,  that  I  can  give  a  descrip^ 
tion  of  the  loctility  <^-thiese  subjects,  with  their  appearance  m 
the  water,  which  I  think  is  correct 

'  He  stated,  that  Ke  had  found  these  tube  shells  in  the  bay 
before  me^ndoned,  and  in  another  inl^  o^  the^ea,  stickling  out 
of  rather  hard  mud,  milted  with  small  stoics,  sand,  &c.  from 
«ght  to  ten  inches  or  mwe,  and  from  one  to  three  fathoms 
under  water ;  they  were  standing  in  differ^t  directions,  and 
sepaijate  from  each  other.  Both  the  master  of  the  boat  and 
Crew  assured  me,  that  the  animal  throws  out  tenticula  from 
the  two  apertures  of  the  apex  of  the  shell,  that  resembled  the 
small  actinias  adhering  to  the  rocks  about  Pa4ang,  and  that  the 
body  of  the  shell  was  filled  with  a  soft  gelatinous  flesh,  similar 
to  that  of  the  teredo  navalis,  but  this  they  had  washed  out, 
from  its  very  soon  J)rovmg  putrid,  and  extrenbefy  offensive ; 
that  they  were  in  considerable  number,  and  being  gently 
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shaken,  easily  taken  up ;  but  all  of  them  mutilated  more  or 
less,  which  was  probably  occasioned  at  the  time  of  the  earth- 
quake, when  many  large  fragments  of  madrepores,  corals, 
&c.  were  torn  from  their  situation,  by  the  agitation  of  the 
sea. 

Although  more  than  twenty  specimens  were  brought  to  me, 
and  others  obt^ed  afterwards,  there  was  not  one  complete ; 
yet  b^ing  so  fortunate  as  to  procure  a  portion  of  the  shell  with 
the  apex  nearly  perfect,  and  another  with  the  opposite  closed 
extremity  equally  so,  I  9m  enabled  to  give  a  description  of 
them. 

The  length  of  the  longest  of  these  shells  that  came  into 
my  possession  was  5  feet  4  inches,  and  the  circumference  at 
the  base  9  inches,  tapering  upwards  to  a-J-  inches ;  the  colour 
on  the  outside  milk  white,  the  inner  surface  rather  of  a 
yellow  tinge.  This  spedmen  was  nearly  perfect,  having  a 
small  part  of  the  lower  extremity  entire.  I  have  others  of 
various  dimensions,  a  very  good  one  about  3  feet  long  and  4 
inches  round,  tapering  to  i|-  inch  at  the  point ;  most  of  these 
shells  had  adhering  to  them,  about  one  foot  or  more  from  the 
top,  the  small  cockscomb  oyster,  small  serpulag,  &c.  conse- 
quently they  must  have  been  that  distance  protruded  from  the 
hard  mud,  but  the  water  being  thick  and  discoloured,  the 
people  of  Battoo  had  not  taken  notice  of  them  antecedent  to 
the  earthquake. 

These  tube  shells  differ  very  much  among  themselves,  not 
one  of  them  being  correspondent  in  size  or  thickness  to  ano- 
ther. The  large  end  of  the  shell  is  completely  closed,  and  has 
a  rounded  appearance ;  at  this  part  it  is  very  thin.  The  small 
end  or  apex  is  very  brittle,  and  is  divided  by  a  longitudinal 
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septum  running  down  for  eight  or  nine  inches,  forming  it  into 
two  distinct  tubes,  inclosed  within  the  outer  one,  from  whence 
the  animal  throws  out  tentacula ;  the  substance  of  the  shell  is 
composed  of  layers  having  a  fibrous  and  radiated  appearance, 
covered  externally  with  a  pure  white  crust,  and  internally 
is  of  a  yellow  tinge ;  the  external  surface  is  frequently  inter- 
rupted in  a  transverse  direction  by  a  sudden  increase  of 
thickness,  which  probably  indicates  different  stages  in  the 
growth  of  the  shell,  although  they  are  at  unequal  distances, 
sometimes  at  six  inches,  at  others  four,,  in  the  same  shell. 
These  interruptions  bear  a  rude  and  unfinished  appearance, 
and  do  not  extend  into  the  radiated  substance,  but  are  merely 
on  the  outside  shell,  which  has  rather  a  smooth  surface,  but 
at  the  same  time  impressed  with  the  irregularities  of  the  sub- 
stance with  which  it  was  in  contact.  These  shells  all  differ  in 
thickness,  some  being  not  more  than  one^eighth  of  an  inch, 
others  full  half  an  inch  in  substance ;  many  are  nearly  straight, 
others  crooked  and  contorted.  The  internal  surface  is  in 
general  smooth,  though  in  some  of  them  covered  with  ex- 
crescences resembling  tubercles,  and  without  any  indication  of 
the  animal  having  adhered  to  any  part  of  it. 

It  is  the  great  length  and  size  of  these  shells,  which  are 
the  largest  of  the  testacea  of  a  tubular  form  yet  discovered^ 
and  the  division  in  the  upper  part,  which  constitute  their 
principal  peculiarities.  I  should  add,  that  on  their  being  broken 
in  a  transverse  direction,  the  body  of  the  shell  between  the 
inner  surface  and  the  outer  crust,  appears  to  resemble  stalao* 
tites,  and  indeed  they  might  easily  be  mistaken  for  them. 

By  consulting  Rumpuius  I  found  that  my  opinion  of  these 
tubes  being  entirely  a  new  genus,  was  unfounded,  for  which, 
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Sir,  I  am  much  indebted  to  your  kind  attention.  He  is  th 
only  original  author,  I  believe,  who  has  given  any  account  of 
tins  production,  but  the  figure  of  the  shell  in  RuMPHitJS  is 
somewhs^  diiierent  from  those  I  have  described;  it  exhibits 
two  long  jointed  tubes,  issuing  from  the  upper  part  of  the 
exterior  tube ;  imd  he  describes  them  to  be  found  in  shallow 
water  among  the  mangrove  trees ;  in  the  account  given  by 
RuMPKius  there  is  a  description  both  of  the  ground  in  which 
they  are  found,  and  the  mode  in  which  the  large  end  of 
th0  shell  is  closed,  exactly  similar  to  what  I  have  stated, 
so  that  it  is  evidently  of  the  same  genus,  but,  a9  it  differs 
in  having  tfce  two  tubes  through  which  the  tentacula  pass 
out,  of  coNsiderable  length,  and  entirely,  separate,  a  circum- 
stance which  may  be  connected  with  the  situation  of  the  animal 
in  shallaw  water  among  mangroves,  this,  I  apprehend,  must 
be  clearly  admitted  to  be  an  entirely  new  species*. 

Mr.  Home,  who  has  interested  himself  in  the  natural  history 
of  this  animal,  has  taken  the  trouble  to  arrange  the  drawings 
for  the  further  illustration,  of  tlie  siAject,  which  have  been 
exescQted  under  his  inspection  from  the  spedmens  I  have 
brought  to  this  country;  and  I  shall  be  happy  if  my  materials, 
r;r  any  I  can  procure  from  Sumatra,  may  enable  that  gentle- 
man to  make  any  fltrther  observations  on  this  curious  produc- 
lion  of  nacmfe. 


New  Burlington  Slrecf, 
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EXPLANATION  OF  THE  DRAWINGS.      (Plate  X.  ) 

Fig.  1,  Is  a  representation  of  the  whole  shell  in  the  most 
perfect  state  in  which  its  parts  have  been  seen,  and  there 
is  reason  to  believe  that  the  only  part  wanting  is  the  orifice  of 
the  double  tube.  The  drawing  is  made  upon  a  scale  of  2|- 
inches  to  a  foot.  r  ,:  . 

Fig  2,  A  drawing  of  the  small  termination  of  the  shell. 
At  its  lower  part,  for  an  inch  in  length,  it  e:^hibits  the  usual 
appearance  of  the  external  surface,,  but  from  thence  to  the 
end,  it  is  very  irregular,  and  in  some  specimens  small  shells 
of  oysters,  small  serpulae,  &c.  adhered  to  it.  All  this  surface 
was  probably  above  the  mud,  exposed  to  the  sea  water.  At 
the  upper  extremity  one  of  the  tubes  is  broken,  shewing  the 
size  of  its  canal,  also  that  it  is  connected  with  the  outer  tube 
in  which  it  is  inclosed.  The  other  tube  is  a  little  bent,  and 
diverging  outwardly,  and  this  is  probably  its  natural  termi-- 
nation. 

Fig.  3,  Represents  a  section  of  the  shell,  at  that  part 
where  it  forms  a  double  tube,  to  shew  the  origin  of  the  two 
tubes,  the  thickness  of  the  septum  between  them,  and  the 
two  orifices  leading  into  them. 

Fig.  4,  Is  a  transverse  section  of  the  shell  at  the  thickest 
part,  after  it  had  been  polished,  to  shew  that  it  is  made  up  of 
strata  of  crystals  surrounding  one  another  in  concentric  circles ; 
also  a  front  view  of  the  orifices  into  the  double  tube. 

Fig.  5.  A  front  view  of  the  orifices  into  the  double  tube, 
also  shewing  the  thickness  of  the  shell  at  that  part,  the  canal 
of  which  has  an  oval  form. 
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Plate  XL 

Fig.  6,  Represents  the  internal  cavity  of  the  shell  at  its 
lower  part,  which  is  every  where  smooth ;  it  also  shews  how 
very  thin  the  shell  is  which  closes  up  the  extremity,  compared 
with  that  of  the  general  tube,  which  is  also  thinnest  at  the 
lowest  part. 

Fig.  7,  A  section  of  a  specimen  which  had  the  tuberculated 
appearance  on  its  internal  surface* 
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XIII.  Qb&ervatkns  w  the  Shell  0/  the  Sea  fTormfownd  an  Ufc 
Coast  of  Sumatra,  proving  it  to  belong  to  a  Species  of  Teredo  ; 
with  an  Account  of  the  Anatomy  of  thu  Terede  NavaUs,  By 
Everard  Home,  Esq.  F.  R.  S. 


Read  May  1, 1806. 

The  shell  of  the  sea  worm  from  Sumatra,  had  only  to  be 
seen  by  any  one  engaged  in  comparative  anatomy,  to  arrest 
his  attention,  and  excite  a  desire  for  further  information 
respecting  it. 

In  the  spring  1805,  Captain  Maxwell  of  the  Calcutta  East 
Indiaman,  obligingly  gave  me  a  specimen  of  this  shell,  five 
feet  long,  but  imperfect  at  both  extremities.  He  said  it  was 
brought  from  Sumatra,  but  could  give  me  no  further  account 
of  it.  The  appearance  externally,  and  its  radiated  structure, 
led  many  of  my  friends  to  consider  it  as  a  mineral  substance, 
formed  into  a  hollow  stalactite.  Sir  Joseph  Banks,  however, 
decided  on  its  being  the  shell  of  a  sea  worm.  The  only  means 
of  ascertaining  this  point  then  in  our  power  was  adopted.  It 
was  analysed  by  Mr.  Hatchett,  who  found  that  it  was  com- 
posed of  carbonate  of  lime,  and  an  animal  gelatinous  substance, 
which  is  greater  in  quantity  than  in  the  chama  gigas,  but  less 
than  in  the  common  oyster. 

Having  determined  that  it  was  a  shell,  I  applied  to  Mr. 
Marsden,  as  the  person  best  acquainted  with  tlie  natural 
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history  of  Sumatra,  for  further  particulars  respecting  it.  He 
introduced  me  to  his  friend  Mr-  Griffiths,  who  favoured  Sir 
Joseph  Banks  with  the  account,  which  has  already  been  laid 
before  this  learned  Society,  and  also  put  into  my  possession  a 
variety  of  specimens  of  the  shell,  to  assist  me  in  prosecuting 
the  subject. 

There  were  no  facts,  by  which  the  genus  of  the  worm,  to 
which  this  shell  belongs,  could  be  ascertained*  Sir  Joseph 
Banks,  however,  had  no  doubt  of  its  being  a  teredo.  This 
opinion  rendered  the  subject  still  more  interesting,  since  it 
does  not,  like  other  teredines,  live  in  wood.  The  truth  of  Sir 
Joseph  Banks's  opinion  has  been  since  established  by  the  dis^ 
covery  of  the  two  boring  shells,  and  the  two  flattened  oper- 
cula,  which  form  the  decided  character  of  teredines ;  these 
were  found  inclosed  in  one  of  the  spedroens. 

The  internal  structure  and  economy  of  teredines  are  so 
little  known,  and  much  of  what  is  said  of  them  by  Sellius,  the 
most  classical  author  on  that  subject,  is  so  vague,that  it  became 
necessary  to  acquire  an  accurate  knowledge  of  the  common 
teredo  navalis,  before  any  adequate  idea  could  be  formed  of 
this  new  species,  which  may  be  called  Teredo  Gigantea. 

In  this  investigation  the  encouragement  and  assistance  of 
Sr  Joseph  Banks  were  not  wanting.  By  the  Idndness  of  Mr. 
Whitbey,  Master  Attendant  at  Woolwich  Yard,  and  a  Fellow 
of  this  Society,  he  procured  pieces  of  wood  from  Sheerness, 
in  which  the  animals  were  alive ;  at  his  solicitation  the  Trus- 
tees of  the  British  Museum  permitted  me,  with  their  usual 
liberality,  to  examine  a  specimen  of  a  teredo  preserved  in 
spirits  of  a  very  large  size:    and  from  the  Hunterian 
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collection  another  store  was  opened  to  me  of  spedmens  pre^ 
served  in  spirits. 

These  opportunities,  the  able  assistance  of  Mr.  Cljft,  who 
has  been  indefatigable  in  making  the  drawings,  and  the  aid  of 
Mr.  Brodie,  have  enabled  me  to  draw  up  the  following  ac- 
count of  the  teredo  navalis. 

The  teredines  preserved  in  salt  water  lived  for  three  days 
after  being  brought  to  town,  which  gave  me  an  opportunity 
of  making  observations  upon  them.  •  When  the  surface  of 
the  wood  was  examined  in  a  good  light,  while  only  an  inch 
in  depth  in  sea  water,  the  animal  was  seen  to  throw  out  some- 
times one,  at  others  two  small  tubes.  When  one  only  was  pro- 
truded the  other  almost  immediately  followed  it.  One  of  these 
was  about  \  of  an  inch  long ;  the  other  (Mily  half  that  size. 
When  the  largest  was  exposed  to  its  full  extent,  there  was  a 
fringe  on  the  inside  of  its  external  orifice,  of  about  twenty 
small  tentacula,  scarcely  visible  to  the  naked  eye :  these  were 
never  seen  except  in  that^  state ;  for  when  the  tube  was  re- 
tracted, the  end  was  first  drawn  in,  and  so  on,  until  the  whole 
was  completely  inverted :  and  therefore  in  a  half  protruded 
state  it  appeared  to  have  a  blunt  termination,  with  a  rounded 
edge.    The  smaller  tube  was  not  inverted  when  drawn  in. 

These  tubes,  while  playing  about  in  the  water  appeared  at 
different  times  to  vary  in  their  directions,  but  usually  remained 
at  the  greatest  convenient  distance  from  each  other.  The 
largest  was  always  the  most  erect,  and  its  orifice  the  most 
dilated :  the  smaller  one  was  sometimes  bent  on  itself  with  its 
point  touching  the  wood. 

In  one  instance  where  a  small  insect  came  across  the 
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I 

larger  one,  the  point  of  the  smaller  ivrned  rounds  and  pushed  \ 

it  off,  and  then  went  back  to  its  original  situation.  \ 

In  several  instances  the  smaller  cme  appeared  to  be  the 
QK>st  siensibl^ :  3ince  by  touching  the  larger  one  gently,  it  did 
not  retract ;  but  on  touching  the  smaller  one  they  both  were 

instantly  drawn  in.    Indeed  whenever  they  were  retracted,  i 

they  always  were  drawn  in  together.  I 

When  the  worm  wias  oonfined  within  the  shell,  the  orifice  j 

vas  not  to  he  distinguished  in  the  irregular  surface  of  the 
wood,  which  was  covered  by  small  fuci.  | 

The  worm  appears  commonly  to  bore  in  the  direction  of  { 

the  grain  of  the  wood,  but  occasionally  it  bores  across  the 
grain,  to  avoid  the  track  of  any  of  the  others:  and  in  some 
instances  there  was  only  a  semi-transparent  membrane,  as  a 
partition  between  two  of  them. 

In  examining  the  shell  while  in  the  wood,  its  external 
orifice  is  very  small,  just  large  enough  to  give  a  passage  to 
the  two  small  tubes.  The  sides  of  the  cylinder  are  thickest 
near  its  origin,  becoming  thinner  towards  the  head  of  the 
animaL  The  greatest  thickness  met  with  was  ^  of  an  inch. 
The  canal  in  the  wood  at  its  termination,  and  for  one  inch  in 
length,  is  not  lined  with  shell,  but  smeared  over  with  a  dirty 
green-coloured  mucus,  which  is  also  spread  upon  the  last 
formed  portion  of  shell.  The  shell  was  found,  when  analysed 
by  Mr.  Hatchett,  to  be  perfectly  similar  to  that  of  the  teredo 
gigantea,  being  devoid  of  phosphate  of  lime,  and  composed  of 
97  parts  of  carbonate  of  lime,  and  3  of  animal  matter. 

While  the  animal  is  in  the  shell,  alive  and  undisturbed,  the 
head  is  in  contact  with  the  end  of  the  canal  in  the  wood ;  but 
on  laying  the  head  bare,  it  is  drawn  in  for  an  inch  into  the 
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shell.  The  body  of  the  animal  fills  the  area  of  the  shell  com- 
pletely :  but  appears  much  smaller  when  taken  out,  in  conse- 
quence of  the  sea  water,  which  it  contained,  having  escaped. 

The  worms  that  were  examined  were  of  very  different 
lengths.  The  largest  is  represented  in  the  annexed  drawing, 
(Plate  XII.  Fig.  i,)  and  was  8  inches  long.  Many  of  them 
were  alive  24  hours  after  being  removed  from  their  shell : 
and  in  these  the  heart  was  distinctly  seen  to  palpitate.  The 
blood  contained  in  the  vessels  going  to  the  head  was  of  a  red 
colour,  as  also  the  parts  near  the  liver ;  but  this  colour  disap- 
peared soon  after  death. 

The  head  of  the  worm  is  inclosed  between  the  two  boring 
shells,  which  are  concave,  so  that  the  face,  if  the  expression 
is  admissible,  is  the  only  part  exposed.  The  shells  in  their 
external  form  are  sufficiently  displayed  in  the  drawings,  to 
make  a  particular  description  of  them  unnecessary. 

The  shells  are  united  together,  on  what  may  be  called  the 
back  part  of  the  head  by  a  very  strong  digastric  muscle,  hav- 
ing a  middle  tendon,  from  which  the  fibres  go  off  in  a  some- 
what radiated  direction,  partly  to  be  inserted  into  the  concave 
{surface  of  each  shell,  and  partly  into  a  long  semicircular 
process,  projecting  from  the  posterior  part  of  each  shell.  The 
two  inclose  the  oesaphagus,  and  odier  parts  surrounding  it. 
The  form  of  the,  process  is  shewn  in  the  annexed  drawing. 
The  double  muscle  is  inclosed  in  a  smooth  shining  fasda. 
When  first  exposed  it  was  of  a  bright  red  colour. 

On  the  opposite  side  of  the  head  the  shells  are  united  by  a 
ligament,  from  which  they  are  readily  separated ;  at  this  part 
there  are  two  small  tooth-like  processes ;  one  from  the 
narrow  edge  of  each  ishell,  where  they  .are  joined  together. 
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From  the  middle  of  the  exposed  part  of  the  head,  projects 
a  kind  of  proboscis :  which  in  the  living  animal  has  a  vermi- 
cular motion :  its  extremity  is  oJvered  by  a  cuticle  of  a  convex 
form,  not  unlike  the  cornea  of  the  eye.  When  this  is  removed^ 
the  cavity  immediately  under  it  is  found  to  contain  a  hard 
brown-coloured  gelatinous  substance,  of  the  form  of  a  Flo- 
rence flask,  with  the  large  end  upwards.  As  this  proboscis 
has  ho  orifice  in  it,  there  is  reason  to  believe  that  it  adheres 
to  the  wood,  acting  as  a  centre  bit,  while  the  animal  is  at 
work  with  the  shells ;  and  by  this  means  the  canal  in  the 
wood  is  so  perfectly  cylindrical. 

The  mouth  of  the  animal  is  nearly  concealed  by  the  pro- 
jection of  the  proboscis,  but  when  exposed  is  a  very  distinct 
round  orifice ;  between  the  proboscis  and  the  large  digastric 
muscle. 

The  body  of  the  worm  is  inclosed  in  one  general  covering, 
extending  from  the  base  of  the  boring  shells,  with  which 
it  is  firmly  connected,  to  the  root  of  the  two  small  tubes, 
which  appear  out  of  the  wood.  It  terminates  in  a  small  double 
fold,  forming  a  cup,  on  the  inside  of  which  are  fixed  the  long 
small  stems  of  two  opercula,  which  become  broad  and  flat 
towards  their  other  extremity.  These,  when  brought  toge- 
ther, shut  up  the  shell,  and  inclose  the  two  contracted  tubes 
within  it :  not  one  operculum  corresponding  to  each  tube,  but 
in  a  transverse  durection.  In  the  teredo  gigantea,  the  opercula 
are  similarly  situated,  each  shutting  up  one  half  of  the  bifur- 
cation. 

At  the  base  of  this  cup  the  general  covering  is  thick,  and 
ligamentous,  for  about  ^  of  an  inch  in  length,  where  the 
stems  of  the  opercula  are  connected  with  it;  and  at  one  spot 
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of  this  thickened  part,  there  is  an  adhesicm  to  the  cylindrical 
shell,  which  is  the  only  part  of  die  animal  connected  with  it 
There  is  a  depression  in  the  shell  pointing  out  this  spot.  The 
double  fold  of  the  outward  covering,  that  forms  the  cup,  con- 
tains the  sphincter  muscle,  which  closes  the  orifice  by  bringing 
the  opercula  together. 

The  general  covering  is  composed  of  two  membranes,  the 
outer  the  strongest,  and  made  up  of  circular  fibres,  the  inner 
much  finer,  having  no  fibrous  structure.  On  the  back  of  the 
animal,  this  covering  is  firmly  connected  to  the  parts  imder^ 
neath,  and  is  there  strongest.  On  the  belly  it  forms  a  cavity, 
and  is  thinner.  It  is  every  where  sufficiently  transparent,  to 
shew  the  different  viscera  through  it. 

In  examining  the  internal  structure  of  this  worm,  the  dis- 
section was  begun  by  dividing  this  covering,  and  exposing  its 
cavity ;  into  which  there  are  two  natural  openings :  one,  that 
of  the  largest  of  the  tubes  above  described,  by  which  it  receives 
water  from  the  sea :  the  other  a  transverse  slit  under  the 
union  of  the  boring  shells,  \  of  an  inch  long,  opening  into 
the  space  before  the  mouth.  The  smaller  tube  has  no  conb- 
munication  with  this  cavity,  iTor  is  there  any  between  this 
cavity  and  that  of  the  belly;  the  viscera  having  a  proper 
covering  of  their  own :  but  the  breathing  organs,  which  are 
attached  on  the  posterior  surface  of  this  cavity,  have  their 
fringed  edge,  loose,  and  exposed  to  the  influence  of  the  salt 
water ;  so  that  the  larger  tube  is  constantly  applying  salt  water 
to  them,  and  conveying  it  to  the  animal's  mouth,  through  the 
aperture  for  that  purpose. 

The  abdominal  viscera  with  the  head  occupy  about  one 
third  of  the  animal's  length :  the  breathing  organs  another^ 
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and  the  space  between  their  termination  and  the  ends  of  the 
small  tubes  the  remaining  third. 

In  tradng  the  intestinal  canal  from  the  mouth,  the  oeso- 
phagus is  found  to  be  very  short,  and  lies  on  the  left  side  of 
the  neck.  On  the  right  side  are  two  large  glands  near  each 
other,  connected  willi  its^  coat.  The  oesophagus  gradually 
swells  out  and  becomes  stomach,  which  to  external  appear- 
ance is  a  large  bag,  extendmg  the  whole  length  of  the  abdo- 
men, and  the  intestine  begins,  close  to  the  termination  of 
the  oesophagus : .  but  when  the  stomach  is  laid  open,  thiere  is 
a  Septum  diving  it  into  two  distinct  bags,  except  at  the  lower 
end,  where  they  communicate.  It  may  therefore  be  said  to 
be  doubled  on  itself.  In  those  worms,  which  were  examined 
alive,  the  stomachs  were  quite  empty,  but  in  some  preserved 
spedmens  the  contents  were  a  yellow  coloured  pulp ;  and  the 
quantity  in  that  of  the  specimen  from  the  British  Museum 
was  about  10  grains.  This  pulp  was  examined  by  Mr. 
Hatchett,  who  considers  it  to  be  undoubtedly,  an  impalpable 
vegetable  sawdust:  since  when  burnt  the  smoke  had  precisely 
the  odour  of  wood,  and  it  formed  a  charcoal  easily  consumed, 
and  was  converted  into  white  ashes  in  every  respect  like 
vegetable  charcoal.  Sohition  of  potash  did  not  act  upon  it,  as 
it  would  have  done  had  it  been  an  animal  substance. 

The  intestine  is  extremely  small  in  size ;  it  dilates  into  a 
cavity,  containing  a  hard  white  globular  body,  of  the  size  of 
a  large  pin's  head,  and  then  makes  a  turn  upon  itself  At  this 
part  the  liver  is  attached  to  the  stomach,  and  adheres  so 
firmly  as  to  be  with  difficulty  separated.  The  gut  passes 
forwards,  till  it  reaches  the  central  line  of  the  stomach,  just 
opposite  the  septum^  and  continues  its  course  along  that  viscus^ 
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passing  round  its  lower  end,  and  up  again  on  the  opposite 
side.  It  is  then  continued  on  one  side  of  the  oesophagus  nearly 
as  high  as  the  mouth,  where  it  is  reflected  over  the  middle 
tendon  of  the  digastric  muscle  of  the  bending  shells,  and  runs 
along  the  back  of  the  animal,  till  it  terminates  in  the  small 
tube,  through  which  it  empties  its  contents* 

The  testicles  are  two  long  glandular  substances,  one  on 
each  side  of  the  stomach,  of  a  white  colour,  and  granulated 
structure.  From  each  of  them  a  duct  parses  to  the  ovaria, 
which  lie  between  the  two  breathing  organs.  The  ducts  run 
upon  their  outer  edge,  and  terminate  near  the  base  of  the 
small  tube,  and  in  this  way  the  eggs  are  impregnated,  before 
they  pass  out  at  that  orifice. 

In  the  worms  examined  in  February,  from  Sheemess,  the 
testicles  were  small,  and  no  appearance  of  ovaria  could  be 
seen :  but  in  some  spedmens  from  the  Hunteriak  Museum 
the  testicles  were  much  fuller :  and  the  ovaria  formed  two 
distinct  longitudinal  ridges;  which,  when  examined  in  the 
microscope,contained  innumerable  small  eggs ;  when  theovaria 
are  empty,  there  is  nothing  to  be  found  between  the  two 
breathing  organs  but  the  small  seminal  vessels. 

Sellius  mentions  that  the  teredo  navalis  has  its  ovaria  full 
of  %g^s,  in  the  spring  and  summer :  that  they  are  met  with 
as  late  as  December,  but  those  teredines,  which  he  examined 
in  February  had  their  ovaria  flaccid  and  empty. 

The  heart  is  situated  on  the  back  of  the  animal ;  in  the 
middle  between  the  mouth  and  the  lower  end  of  the  stomach. 
It  consists  of  two  auricles,  composed  of  a  thin  dark*coloured 
membrane;  these  open  by  contracted  valvular  orifices  into 
two  white  strong  tubes,  which  unite  and  form  the  ventricle. 


.>,rinng1( 


and  Teredo  Navalis. 


«85 


The  ventricle  may  be  said  to  be  continued  into  an  artery, 
which  supplies  the  viscera  and  goes  up  to  the  musde  of  the 
two  boring  shells.  The  heart  is  very  loosely  connected  to 
the  surrounding  parts;  its  action  was  very  distinctly  seen 
through  the  external  covering,  and  was  in  some  instances 
continued  after  it  was  laid  bare.  The  first  contraction  is  in 
the  two  auricles,  which  shorten  themselves  in  that  action. 
This  produces  a  swelling  of  the  ventricle,  followed  by  a  con- 
traction. The  artery  from  the  ventricle  can  be  traced  up  to  the 
head,  and  the  vessels  from  the  auricles  are  seen  very  dis- 
tinctly as  far  as  the  breathing  organs.  The  auricles  are  lined 
by  a  black  pigment,  so  that  their  contents  cannot  be  seen 
through  them,  and  the  ventricle  is  too  thick  in  its  coats  to 
be  transparent:  but  the  muscle  of  the  boring  shells  is  of  a 
red  colour,  as  well  as  the  liver,  and  most  of  the  surrounding 
parts,  between  the  heart  and  the  head. 

This  structure  of  the  heart  admits  only  of  a  single  circula- 
tion, as  in  other  animals  which  breathe  through  the  medium 
of  water,  but  the  mode  of  its  being  performed  is  different  from 
that  in  fishes ;  in  the  teredines  the  blood  passes  directly  from 
the  heart  to  the  different  parts  of  the  body,  and  returns 
through  the  vessels  of  the  breathing  organs  to  the  heart, 
while  in  fishes  it  goes  first  to  the  breathing  organs,  and  then 
to  the  different  parts  of  the  body. 

This  peculiar  circulation  becomes  a  link  in  the  gradation  of 
fhe  modes  of  exposing  the  blood  to  the  air  in  different  ani- 
mals, it  appears  to  be  less  perfect  than  in  fishes,  since  the 
exposure  to  the  air  is  carried  on  more  slowly,  but  is  more 
perfect  than  in  caterpillars. 

It  is  common  to  aniqpials  that  have  the  same  general  economy 
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whether  their  blood  has  red  globules  or  not,  jmd  wheth^ 
they  breathe  air  or  through  Ivater.  In  proof  of  tWs  it  was 
met  with  by  M.  Cuvier  in  the  oyster,  in  the  aiail  tribe,  and 
all  the  moUusques  which  creep  on  their  bellies.* 

The  mode,  in  which  the  breathing  organs  of  the  teredines 
are  isupplied  with  water,  makes  it  evident  that  all  sea  worms, 
as  well  as  othier  soft  animals,  which  have  no  cavity  for  the 
reception  of  sea  water,  must  have  the  breathing  organs  placed 
externally.  This  is  the  case  with  all  those  species  of  Actinia 
met  with  in  the  West  Indies,  called  Animal  Flowers ;  and  the 
beautiful  membranous  expansions  they  display  resembling 
the  petals  of  flowers,  are  in  fact  the  breathing  organs,  not 
tentacula  for  catching  food,  as  their  appearance  led  me  to  be- 
lieve, when  describing  the  new  species,  discovered  in  the  year 
1780,  and  which  has  a  place  in  the  Philosophical  Transactions 
for  1785. 

In  animals  so  perfect  in  their  organs  as  the  teredines,  and 
which  have  red  blood,  there  can  be  no  doubt  of  the  exist- 
ence of  brain  and  nerves :  but  it  is  not  to  be  wondered  at 
that,  from  the  gelatinous  texture  of  the  animal  they  eluded 
every  attempt  to  discover  them,  in  the  present  investigation. 

There  was  no  material  difference  in  the  structure  of  the 
different  varieties  that  were  examined,  although  they  varied 
from  each  other  exceedingly  in  their  size :  except  that  in  the 
large  one  from  the  British  Museum,  the  heart  was  situated 
almost  close  to  the  origin  of  the  breathing  organs.  All  of 
them  had  vegetable  matter  in  their  stomachs.  They  must 
therefore  all  be  inhabitants  of  vvood,  and  belong  to  one  spedes. 

*  Vide  Lcqons  d' Anatomic  comparh.  Vol.  IV.  Lee.  zj. 
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The  teredo  gigantea  is;  imbedded  In  a  different  substance,  dnd 
may  have  many  other  characteristic  differences :  although  it 
appears  from  comparing  the  shells  in  which  they  are  incased, 
that  they  are  formed  of  exactly  the  same  materials. 

The  teredo  gigantea,  when  arrived  at  its  full  growth  closes 
up  the  end  of  the  shell.  This  the  teredo  navalis  does  also ; 
and  Sellius  was  induced  to  believe  that  the  animal,  by  thia 
act,  formed  its  own  tomb,  since  it  could  no  longer  destroy 
the  wood,  in  which  it  was  contained.  We  find,  however,  that 
in  the  teredo  gigantea  death  is  not  a  consequence  of  this 
seclusion  from  the  substance,  in  which  it  is  imbedded. 

In  some  of  the  specimens  in  Mr.  Griffiths's  possession, 
the  shell  is  just  covered  in,  and  that  part  close  to  the  termi- 
nation is  extremely  thin,  but  in  others  is  increased  in  thickness 
twenty  fold :  in  others  again  the  shell  has  not  only  become 
thick,  but  the  animal  has  receded  from  its  first  inclosure,  and 
has  formed  a  second  three  inches  up  the  tube,  and  afterwards 
a  third  two  inches  further  on,  and  has  made  the  sides  thicker 
and  thicker,  to  diminish  the  canal  in  proportion  to  the  dimi^ 
nation  of  its  own  size. 

These  facts  prove  that  the  teredo  gigantea,  when  arrived 
at  its  full  growth,  or  whenever  prevented  from  increasing  its 
length,  closes  up  the  end  of  jts  shell,  and  lives  a  long  time 
afterwards,  furnished  with  food  from  the  sea-water  it  receivear 
like  the  actinese.  The  teredo  navalis  closes  up  its  shell  in  the 
same  manner ;  it  must,  therefore,  after  that  period,  be  sup^ 
plied  with  food  entirely  through  the  medium  of  sea-water. 

The  teredines  in  their  anatomical  structmre  are  more  perfect 
than  many  of  tlie  other  vermes,  and  have  a  portion. of  red 
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blood.  They  turn  round  ki  their  shell,  with  which  the  body 
has  no  attachment,  and  with  which  their  covering  only  has  a 
slight  connection,  at  one  particular  spot>  to  prevent  the  ex* 
ternal  tubes  from  being  disturbed.  This  motion  of  the  animal 
is  for  the  purpose  of  boring. 

Their  most  striking  pecidiarides  are,  having  three  external 
openings  instead  of  two :  the  stomach  bdng  unusually  large, 
and  the  breathing  organs  having  an  uncommon  conformation. 

As  the  teredo  gigantea  bores  in  mud,  on  which  it  cannot  be 
supposed  to  subsist,  or  even  to  receive  any  part  of  its  nutri-* 
ment  froln  it,  a  question  arises  whether  the  teredo  navalis  (an 
animal  of  a  much  smaller  size)  receives  its  support  from  the 
wood  it  destroys,  or  is  wholly  supplied  widi  food  from  thtf 
sea. 

•  The  following  observations  make  the  last  opinion  by  much 
the  most  probable*  The  animal  having  red  blood;  and  very 
perfect  organs,  necessarily  requires  a  great  deal  of  nourish- 
ment for  the  purposes  of  growth,  and  to  supply  the  waste 
constantly  going  on :  but  if  the  aggregate  of  shell  and  animal 
substance  is  taken,  it  will  be  found  equal  in  bulk,  and  greater' 
in  specific  gravity;  than  the  wood  displaced  in  making  the 
hole:  hence  it- is  obvious  that  the  quantity  of  wood,  it  has^ 
taken  intoJts  body,  is  wholly  insufficient  for  its  formation  aild- 
subsequent  support.  It  must  therefore  have  other  means  c^- 
subsistence.  When.once  it  is  established  that  the  worm  can'* 
be  sup^rted  j  jndfipendantly  of  the  wood,  which  is  eat0A,  ahd' 
can.  afterwards  sufasist^  when: the  communication  between  it 
and  .the  wood  is  cat:ofF,  it  creates  a  .doubt  respecting  the  wood 
forming' any  pprt  of  its  aliment,  and  makes  it  probftble  th^t 


Digitized  by 


Goggk .-. 


the  ti^r^i)  ns.nli9j  IH^  t£is  teredo  gigantea,  forms  its  haUta* 
t^  iiSiatsyb^t^poe:  ffofti  which  it  receives>no  part  of  its  suste- 
n^^e :  ajtid:th»t:the  3a)^u3t  con veyied through  the  intestines  is 
npt^igBsl^iiis  p88iw»brJy  as  that  examined  by  Mr.  Hatchett, 
had  not  undergone: the  slightestichange. 

.  Th»  fttrjtight  course  of.  the  intesttoe  in  tl»  teredines  makes  it 
probable  that  the  sawdust  retards  the  progress  of  the  food, 
so  as  tp  reiKier  convolutions  unnecessary.  In  some -of  the 
a<^i^»ih>Qi  the  West  Indies,  the  intestine  is  so  much  convo- 
luted; that  it  appears  to  be  wound  round  a  central  cylinder,  in 
closely  compacted  turns. 


EXPLANATION  OF  THE  PLATES. 

PlatecXn. 

Fig-  1,  Represents  a  portion  of  the  teredo  navalis  in  its 
shell  inclosed  in  the  wood,  to  show  the  manner  in  which  the 
two  tubes  are  protruded,  and  the  appearance  of  the  shell  at 
ita  tei^ioation,  which'  is  contracted  but  not  divided  into  two 
canals  as  in  that  of  the  teredo  gigantea. 

Fig.  2,  Represents  the  teredo  belonging  to  the  British 
Museum,  the  opercula  are  wanting,  and  the  tubes  are  re- 
tracted. 

aaj  Are  the  boring  shells. 

bj  The  proboscis. 

Cy  The  mouth. 

4d,  ThecContents  of  the  abdomen-  seen  through  the  trans- 
parent external  covering. 

cfiy  The  breathing  organs  seen  in  the  same  way. 
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Y\g.  3.  The  teredo  navalis  from  Sheemess,  with  the  tubes 
protruded  and  the  opercula  in  their  situation.  The  letters 
denote  the  same  parts  as  in  Fig.  3.  In  this  figur^^e  cup 
containing  the  opercula  and  tubes  is  distinctly  seen,  and  these 
parts  are  represented  in  their  natural  situation. 

Fig.  4,  Represents  the  external  surface  of  one  of  the  oper- 
cula of  the  teredo  gigantea. 

Fig.  5,  Shows  the  other  side  of* the  same  operculum. 

Fig.  6,  Shows  a  side  view  of  the  boring  shell  of  the  same 
teredo  with  the  process  that  pirojects  from  its  xx)ncave  surface, 
and  its  cutting  edge. 

Fig  7  and  8,  Show  the  two  sides  of  one  of  the  opercula  of 
the  teredo  navalis; 

Fig.  9  and  10,  Show  two  views  of  the  boring  shell  of  the 
same  teredo. 

All  these  figures  are  of  the  natural  size  of  the  parts  they 
represent 

Plate  XIII. 

In  this  pkte  are  three  figures  of  the  teredo  from  the  British 
Museum,  to  show  its  internal  structure;  the  different  parts 
are  represented  of  their  natural  size. 

Fig.  1,  Represents  the  animal  laid  open  through  the  whole 
extent,  exposing  the  abdominal  view. 

aaj  The  boring  shells. 

hbbhy  The  external  covering  divided  and  tunifed  back. 

c,  The  larger  tube,  which  conveys  the  sea-water  into  that 
cavity,  in  its  completely  retracted  state. 

dy  The  orifice,  by  which  the  sea- water  passes  out,  between 
the  boring  shells  and  the  proboscis  into  the  space  before  the 
mouth. 
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e.  The  oesophagus. 

/,  Two  glands  which  lie  upon  it* 

gg,  TJjp  stomach. 

A,  The  liver. 

£r,  A  portion  of  one  of  the  testicles. 

*,  The  beginning  of  the  intestine. 

//,  The  intestine  passing  down  upon  the  stomach. 

mm.  The  breathing  organs. 

nn.  The  two  ovaria  between  them. 

00,  The  intestine  leading  to  its  termination  in  the  small 
tube  behind  the  large  one. 

Fig.  s,  Represents  the  course  of  the  stomach  and  intestines 
removed  from  the  body. 

a.  The  oesophagus. 
6,  The  stomach. 

c,  The  septum^  dividing  it  into  two  cavities. 

d,  The  aperture  by  which  the  two  cavities  of  the  stomach 
communicate. 

eeee.  The  course  of  the  intestine  to  its  termination. 

Fig.  3,  The  internal  structure  of  the  animal  exposed  in  a 
posterior  view. 

aa,  The  two  boring  shells,  separated  from  each  other  and 
turned  back. 

b.  The  digastric  muscle. 

c.  The  intestine  passing  over  it,  and  cut  off  to  expose  the 
other  parts. 

dd.  The  two  testicles. 
ee.  The  auricles  of  the  heart. 
jQT,  The  ventricle, of  the  heart. 
gg.  The  artery  going  to  the  head. 
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hhy  The  vessels  coming  from  the  breathing  pj^ans  to  the 
heart.  .    .       "  / 

iiy  The  breathing  organs. 

kkkky  The  ducts  of  the  testicles. 

//,  A  strong  substance  with  transverse  fibres^  having,  a  p|le 
upon  it,  to  strengthen  this,  which,  is  the  weakest  jpart  of  the 
animal. 
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XIV.  On  the  inverted  Action  of  the  alhumous  Vessels  of  Trees. 
By  Thomas  Andrew  Knight,  £5^.  F.  R.  S.  In  a  Letter  to 
the  Right  Hon.  Sir  Joseph  Banks,  K.  B.  P.  R.  S. 


Read  May  15,  1S06. 

MY  DEAR  SIR, 

1  HAVE  endeavoured  to  prove,  in  several  Memoirs*  which 
you  have  done  me  the  hcmour  to  lay  before  the  Royal  Society, 
that  the  fluid  by  which  die  various  parts  (that  are  annually 
added  to  trees,  and  herl>aceous  plants  whose  organization  is 
similar  to  that  of  trees,)  are  generated,  has  previously  circu- 
lated through  their  leaves -f  either  in  the  same,  or  preceding 
season,  and  subsequently  descended  through  their  bark ;  and 
after  having  repeated  every  experiment  that  occurred  to  me, 
from  which  I  suspected  an  unfavourable  result,  I  am  not  in 
possession  of  a  single  fact  which  is  not  perfectly  consistent 
with  the  theory'  I  have  advanced. 
There  is,  however,  oiie  drcumstance  stated  by  Hales  and 

•  Jn  the  Phil.  Trans,  for  1801,  1803,  1804,  and  1805. 

t' During  the' circulation  of  the  sap  through  the  leaves,  a  transparent  fluid  u 
cMitted,  in  the  night,  from  pores  situated  on  their  edges ;  and  on  evaporating  this 
liquid  obtained  ffom  very  luxuriant  plants  of  the  vine  I  found  a  very  large  residuum 
to  remain,  which  was  similar  in  external  appearance  to  carbonate  of  lime.  It  must, 
however,  have  been  evidently  a  very  difiereot  substance  from  the  very  large  portion, 
which  the  water  held  in  solution,  I  do  not  know  that  this  substance  has  been  ana- 
lyzedj  or  noticed  by  any  naturalist 
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Du  Hamel  which  appears  strongly  to  militate  against  my 
hypothesis ;  and  as  that  circumstance  probably  induced  Hales 
to  deny  altogether  the  existence  of  circulation  in  plants^  and 
Du  Hamel  to  speak  less  decisively  in  favour  of  it  than  he  pos-  * 
sibly  might  otherwise  have  done,  I  am  anxious  to  reconcile  the 
statements  of  these  great  naturalists,  (which  I  acknowledge 
to  be  perfectly  correct, )  with  the  statements  and  opinions  I 
have  on  former  occasions  communicated  to  you. 

Both  Hales  and  Du  Hamel  have  proved,  that  when  two 
circular  incisions  through  the  bark,  round  the  stem  of  a  tree, 
are  made  at  a  small  distance  from  each  other,  and  when  the 
bark  between  these  incisions  is  wholly  taken  away,  that  por- 
tion of  the  stem  which  is  below  the  incisions  through  the 
bark  continues  to  live,  and  in  some  degree  to  increase  in  size, 
though  much  more  slowly  than  the  parts  above  the  indsions. 
They  have  also  observed  that  a  small  elevated  ridge  (bour^ 
velet)  is  formed  round  the  lower  lip  of  the  wound  in  the 
bark,  which  makes  some  slight  advances  to  meet  the  bark 
and  wood  projected,  in  much  large  quantity,  from  the  oppo- 
site, or  upper  lip  of  the  wound, 

I  have  endeavoured,  in  a  former  Memoir,*  to  explain  the 
cause  why  some  portion  of  growth  takes  place  below  inci- 
sions through  the  bark,  by  supposing  that  a  small  part  of  the 
true  sap,  descending  from  the  leaves,  escapes  downwards 
through  the  porous  substance  of  the  alburnum.  Several  facts 
stated  by  Hales  seem  favourable  to  this  supposition ;  and  the 
existence  of  a  power  in  the  alburnum  to  carry  the  sap  in 
different  directions,  is  proved  in  the  growth  of  inverted  cut- 
tings of  different  species  of  trees.-f    But  I  have  derived  so 

•  Phil.  Trans,  for  1803.  f  Ibid,  for  1804. 
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many  advantages,  both  as  a  gardener  and  farmer,  ( particu- 
cularly  in  the  management  of  fruit  and  forest  trees, )  from 
the  experiments  which  have  been  the  subject  of  my  former 
memoirs,  that  I  am  confident  much  public  benefit  might  be 
derived  from  an  intimate  acquaintance  with  the  use  and  office 
of  the  various  organs  of  plants ;  and  thence  feel  anxious  to 
adduce  facts  to  prove  that  the  conclusions  I  have  drawn  are 
not  inconsistent  with  the  facts  stated  by  my  great  predecessors. 

It  has  been  acknowledged,  I  believe,  by  every  naturalist 
who  has  written  on  the  subject,  ( and  the  fact  is  indeed  too 
obvious  to  be  controverted, )  that  the  matter  which  enters  into 
the  composition  of  the  radicles  of  germinating  seeds  existed 
previously  in  their  cotyledons ;  and  as  the  radicles  increase 
only  in  length  by  parts  successively  added  to  their  apices,  or 
points  most  distant  from  their  cotyledons,  it  follows  of  ne- 
cessity that  the  first  motion  of  the  true  sap,  at  this  period,  is 
downwards.  And  as  no  alburnous  tubes  exist  in  the  radicles 
of  germinating  seeds  during  the  earlier  periods  of  their 
growth,  the  sap  in  its  descent  must  either  pass  through  the 
bark,  or  the  medulla.  But  the  medulla  does  not  apparently 
contain  any  vessels  calculated  to  carry  the  descending  sap ; 
whilst  the  cortical  vessels  are  during  this  period  much  dis- 
tended and  full  of  moisture:  and  as  the  medulla  certainly 
does  not  carry  any  fluid  in  stems  or  branches  of  more  than 
one  year  old,  it  can  scarcely  be  suspected  that  it,  at  any 
period,  conveys  the  whole  current  of  the  descending  sap. 

As  the  leaves  grow,  and  enter  on  their  office,  cortical 
vessels,  in  every  respect  apparently  similar  to  those  which 
descended  from  the  cotyledons,  are  found  to  descend  from 
the  bases  of  the  leaves ;  and  there  appears  no  reason,  with 

MDcccvi.  Q  q 
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which  I  am  acquainted,  to  suspect  that  both  do  not  carry  a 
similar  fluid,  and  that  the  course  of  this  fluid  is,  in  the  first 
instance,  always  towards  the  roots. 

The  ascending  sap,  on  the  contrary,  rises  wholly  through 
the  alburnum  and  central  vessels ;  for  the  destruction  of  a 
portion  of  the  bark,  in  a  circle  round  the  tree,  does  not  im- 
mediately in  the  slightest  degree  check  the  growth  of  its 
leaves  and  branches :  but  the  alburnous  vessels  appear,  from 
the  experiments  I  have  related  irt  a  former  Paper,*  and  from 
those  I  shall  now  proceed  to  relate,  to  be  also  capable  of  an 
inverted  action,  when  that  becomes  necessary  to  preserve  the 
existence  of  the  plant. 

As  soon  as  the  leaves  of  tlie  oak  were  nearly  full  grown 
in  the  last  spring,  I  selected  in  several  instances  two  poles  of 
the  same  age,  and  springing  from  the  same  roots  in  a  cop- 
pice, which  had  been  felled  about  six  years  preceding ;  and 
making  two  circular  incisions  at  the  distance  of  3  inches  from 
each  other  through  the  bark  of  one  of  the  poles  on  each  stool, 
I  destroyed  the  bark  between  the  incisions,  and  thus  cut  off" 
the  communication  between  the  leaves  and  the  lower  parts  of 
the  stem  and  roots,  through  the  bark.  Much  growth,  as 
usual,  took  place  above  the  space  from  which  the  bark  had 
been  taken  off,  and  very  little  below  it. 

Examining  the  state  of  the  experiment  in  the  succeeding 
winter,  I  found  it  had  not  succeeded  according  to  my  hopes  j 
for  a  portion  of  the  alburnum,  in  almost  every  instance,  was 
lifeless,  and  almost  dry,  to  a  considerable  distance  below  the 
space  from  which  the  bark  had  been  removed.  In  one  in^ 
stance  the  whole  of  it  was,  however,  perfectly  alive ;  and  in 

•  Phil.  Trans,  for  1804. 
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this  I  found  the  specific  gravity  of  the  wood  above  the  decor* 
ticated  space  to  be  iit4,  ^^^  below  it  iiii ;  and  the  wood 
of  the  unmutilated  pole  at  the  sam^  dist^mce  from  the  ground 
to  be  1113,  each  being  weighed  as  sooti  as  it  was  detached 
from  the  root. 

Had  die  true  sap  in  this  instance  wholly  stagnated  above  the 
decorticated  space,  the  specific  gravity  of  the  wood  there 
ought  to  have  been,  according  to  the  result  of  former  experi- 
ments,* comparatively  much  greater ;  but  I  do  not  wish  to 
draw  any  conclusiQn  ffom  a  single  experiment ;  and  indeed 
I  see  very  considerable  difficulty  in  obtaining  ahy  very  satis- 
factory, or  dedsive  facts  from  any  experiments  on  plants,  in 
this  case,  in  which  the  same  roots  and  stems  collect  and 
convey  the  sap  during  the  spring  and  summer,  and  retain, 
within  themselves,  that  which  is,  diiring  the  autumn  and 
winter,  reserved  to  form  new  organs  of  assimilation  in  the 
succeeding  spring.  In  the  tuberous-rooted  plants,  the  roots 
and  steins  which  collect  and  convey  the  sap  in  one  season, 
and  those  in  which  it  is  deposited  and  reserved  for  the  suc- 
ceeding season,  are  perfectly  distinct  organs ;  and  from  one 
of  these,  the  potatoe,  I  obtained  more  interesting  and  decisive 
results. 

My  principal  object  was  to  prove  that  a  fluid  descends 
from  the  leaves  and  stem  to  form  the  tuberous  roots  of  this 
plant ;  and  that  this  fluid  w^ill  in  part  escape  down  the  albur- 
nous  substance  of  the  stem  when  the  continuity  of  the  cortical 
vessels  is  interrupted :  but  I  had  also  another  object  in  view. 

Every  gardener  knows  that  early  varieties  of  the  potatoe 
never  aflbrd  either  blossoms  or  seeds ;  and  I  attributed  this 

•  Pha.  Trans,  for  1805. 
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peculiarity  to  privation  of  nutriment,  owing  to  the  tubers  being 
formed  preternaturally  early,  and  thence  drawing  off  that 
portion  of  the  true  sap,  which  in  the  ordinary  course  of  nature 
is  employed  in  the  formation  and  nutrition  of  blossoms  and 
seeds. 

I  therefore  planted,  in  the  last  spring,  some  cuttings  of  a 
very  early  variety  of  the  potatoe,  which  had  never  been 
known  to  blossom,  in  garden  pots,  having  heaped  the  mould 
as  high  as  I  could  above  the  level  of  the  pot,  and  planted  the 
portion  of  the  root  nearly  at  the  top  of  it.  When  the  plants  had 
grown  a  few  inches  high,  they  were  secured  to  strong  sticks, 
which  had  been  fixed  erect  in  the  pots  for  that  purpose,  and 
the  mould  was  then  washed  away  from  the  base  of  their  stems 
by  a  strong  current  of  water.  Each  plant  was  now  suspended 
in  air,  and  had  no  communication  with  the  soil  in  the  pots 
except  by  its  fibrous  roots,  and  as  these  are  perfectly  distinct 
organs  from  the  runners  which  generate  and  feed  the  tuberous 
roots,  I  could  readily  prevent  the  formation  of  them.  Efforts 
were  soon  made  by  every  plant  to  generate  runners  and 
tuberous  roots;  but  these  were  destroyed  as  soon  as  they 
became  perceptible.  An  increased  luxuriance  of  growth  now 
became  visible  in  every  plant,  numerous  blossoms  were 
emitted,  and  every  blossom  afforded  fruit. 

Conceiving,  however,  that  a  small  part  only  of  the  true 
sap  would  be  expended  in  the  production  of  blossoms  and 
seeds,  I  was  anxious  to  discover  what  use  nature  would  make 
of  that  which  remained ;  and  I  therefore  took  effectual  means 
to  prevent  the  formation  of  tubers  on  any  part  of  the  plants, 
except  the  extremities  of  the  lateral  branches,  those  being 
the  points  most  distant  from  the  earth,  in  which  the  tubers  are 
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naturally  deposited.  After  an  ineffective  struggle  of  a  few 
weeks,  the  plants  became  perfectly  qbedient  to  my  wishes, 
and  formed  their  tubers  precisely  in  the  places  I  had  assigned 
them.  Many  of  the  joints  of  the  plants  during  the  experi- 
ment became  enlarged  and  turgid ;  and  I  am  much  inclined 
to  believe,  that  if  I  had  totally  prevented  the  formation  of 
regular  tubers,  these  joints  would  have  acquired  an  organiza- 
tion capable  of  retaining  life,  and  of  affording  plants  in  the 
succeeding  spring. 

I  had  another  variety  of  the  potatoe,  which  grew  with 
great  luxuriance,  and  afforded  many  lateral  branches;  and 
just  at  that  period,  when  I  had  ascertained  the  first  com- 
mencing formation  of  the  tubers  beneath  the  soil,  I  nearly 
detached  many  of  these  lateral  branches  from  the  principal 
stems,  letting  them  remain  suspended  by  such  a.  portion  only 
of  albumous  and  cortical  fibres  and  vessels  as  were  sufficient 
to  preserve  life.  In  this  position  I  conceived  that  if  their 
leaves  and  stems  contained  any  unemployed  true  sap,  it  could 
hot  readily  find  its  way  to  the  tuberous  roots,  its  passage 
being  obstructed  by  the  rupture  of  the  vessels,  and  by  gravi- 
tation; and  I  had  soon  the  pleasure  to  see  that  instead  of 
returning  down  the  principal  stem  into  the  ground,  it  remained 
and  formed  small  tubers  at  the  base  of  the  leaves  of  the , 
dependkig  branches. 

The  preceding*  facts  are,  I  think,  sufficient  to  prove  that  the 
fluid,  from  which  the  tuberous  root  of  the  potatoe,  when 
growkig  beneath  the  soil,  derives  its  component  matter,  exists 
previously  e4ther  in  the  stems  or  leaves ;  and  that  it.  subse- 
quently descends  into  the  earth :  and  as  the  cortical  vessels 
during  every  period  of  the  growth  of  the  tuber  are  filled  with 
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the  true  sap  of  the  plant,  and  as  these  vessels  extend  into  the 
runners,  which  carry  nutriment  to  the  lubpr,  and  in  othe^ 
instances  evidently  convey  the  true  sap  downwards,  there 
appears  little  reason  to  doubt  that  through  these  vessels  the 
tuber  is  naturally  fed. 

To  ascertain,  therefore,  whether  th^  tubears  would  continue 
to  be  fed  when  the  passage  of  the  true  sap  down  the  cortical 
vessels  was  interrupted,  I  remqved  a  portion  of  bark  of  th? 
width  of  five  lines,  and  extending  round  the  stems  of  several 
plants  of  the  potatoe,  close  to  the  surface  of  the  grounds  soon 
after  that  period  when  the  tubers  were  first  forpie^.  The 
plants  continued  some  time  in  health,  and  during  thfit  period 
the  tubers  continued  to  grow,  deriving  their  nutriment,  as  I 
conclude,  from  the  leaves  by  an  inverted  action  of  the  albur-r 
nous  vessels.  The  tubers,  however,  by  no  meatis  attained 
their  natural  size,  pardy  owing  to  the  declining  health  of  the 
plant,  and  partly  to  the  stagnation  of  a  portion  of  the  true  s^ 
above  the  decorticated  space. 

The  fluid  contained  in  the  leaf  has  not,  however,  been 
proved,  in  any  of  the  preceding  experiments,  to  pass  downr 
wards  through  the  decordcated  space,  and  to  be.  siib^qnently 
discharged  into  the  bark  belov/  it:  but  I  have  proved  with 
amputated  branches,  of  different  species  of  trees  th&t  the  wa^ 
which  their  leaves  absorb,  when  immersed  in  that  floi^^,  will 
be  carried  downwards  by  the  alburnum,  and  conveyed  into  a 
portion  of  bark  below  the  decorticated  space;  and  that  thfe 
insulated  bark  will  be  preserved  alive  and  moist  during 
several  days  ;*  and  if  the  moisture  absorbed  by  a  leaf  can  be 

•  This  experiment  does  not  succeed  till  the  leaf  has  attained  its  full  growth  atxl 
maturity,  and  the  alburnum  of  the  annual  shoot  its  perfect  organization* 
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thus  transferred,  it  appears  extremely  probable  that  the  true 
sap  will  pass  through  the  same  channel.  This  power  in  the 
alburnum  to  carry  fluids  in  different  directions  probably 
answ^^s  very  impiortant  purposes  in  hot  climates,  where  the 
dews  are  abundant  and  the  soil  very  dry ;  for  the  moisture 
the  dews  afford  may  thus  be  conveyed  \o  the  extremities  of 
the  roots :  and  Hales  has  proved  that  the  leaves  absorb  most 
when  placed  in  humid  air ;  and  that  the  sap  descends,  either 
through  the  bark  or  alburnum,  during  the  night. 

If  the  inverted  action  of  the  albumous  vessels  in  the  decor- 
ticated space  be  admitted,  it  is  not  difficult  to  explain  the 
cause  why  some  degree  of  growth  takes  place  below  such 
decorticated  spaces  on  the  stems  bf  trees ;  and  why  a  small 
portion  of  bark  and  wood  is  generated  on  the  lower  lip  of 
the  wound.  A  considerable  portion  of  the  descending  true 
sap  certainly  stagnates  above  the  wound,  and  of  that  which 
escapes  into  the  bark  below  it,  the  greater  part  is  probably 
carried  towards,  and  into,  the  roots ;  where  it  preserves  life, 
and  occasions  some  degree  of  growth  to  take  {dace.  But  a 
small  portion  of  that  fluid  will  be  carried  upwards  by  capillary 
attraction,  between  the  bark  and  the  alburnum,  exclusive  of 
the  immediate  action  of  the  latter  substance,  and  the  whole 
of  this  will  stagnate  on  the  lower  lip  of  the  wound ;  where  I 
conceive  it  generates  the  small  portion  of  wood  and  bark, 
which  Hales  and  Du  Hamel  have  described. 
,  I  should  scarely  have  thought  an  account  of  the  preceding; 
experiments  worth  sending  to  you,  but  that  many  of  the 
conclusions  I  have  drawn  in  former  memoirs  appear,  at  first 
view,  almost  incompatible  with  the  facts  stated  by  Hales  and 
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Du  Hamel,  and  that  I  had  one  fact  to  communicate  relative 
to  the  effects  produced  by  the  stagnation  of  the  descending 
sap  of  resinous  trees,  which  appeared  to  lead  to  important 
consequences.  I  have  in  my  possession  a  piece  of  a  fir-tree, 
from  which  a  portion  of  bark,  extending  round  its  whole 
stem,  had  been  taken  off  several  years  before  the  tree  was 
felled ;  and  of  this  portion  of  wood  one  part  grew  above,  and 
the  other  below,  the  decorticated  space.  Conceiving  that,  ac- 
cording to  the  theory  I  am  endeavouring  to  support,  the  wood 
above  the  decorticated  space  ought  to  be  much  heavier  than 
that  below  it,  owing  to  the  stagnation  of  the  descending  sap, 
I  ascertained  the  specific  gravity  of  both  kinds,  taking  a 
wedge  of  each  as  nearly  of  the  same  form,  as  I  could  o1)tain, 
and  I  found  the  difference  greatly  more  than  I  had  anticipated, 
the  specific  gravity  of  the  wood  above  the  decorticated  space 
being  0.590,  and  of  that  below  only  6.491 :  and  having  steeped  • 
pieces  of  each,  which  weighed  a  hundred  grains,  during  twelve 
hours  in  water,  I  found  the  latter  had  absorbed  6q  grains,  and 
the  former  only  51  • 

The  increased  solidity  of  the  wood  above  the  decorticated 
space,  in  this  instance,  must,  I  conceive  have  arisen  from  the 
stagnation  of  the  true  sap  in  its  descent  from  the  leaves ;  and 
therefore  in  felling  firs,  or  other  resinous  trees,  considerable 
advantages  may  be  expected  from  stripping  off  a  portion  of 
their  bark  all  round  their  trunks,  close  to  the  surface  of  the 
ground,  about  the  end  of  May  or  beginning  of  June,  in  the 
summer  preceding  the  autumn  in  which  they  are  to  be  felled. 
For  much  of  the  resinous  matter  contained  in  the  roots  of 
these  is  probably  carried  up  by  the  ascending  sap  in  the 
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spring,  and  the  return  of  a  large  portion  of  this  matter  to 
the  roots  would  probably  be  prevented :  *  the  timber  I  have, 
however,  very  little  doubt  would  be  much  improved  by 
standing  a  second  year,  and  being  then  felled  in  the  autumn ; 
but  some  loss  would  be  sustained  owing  to  the  slow  growth 
of  the  trees  in  the  sec6nd  summer.  The  alburnum  of  other 
trees  might  probably  be  rendered  more  solid  and  durable  by 
the  same  process ;  but  the  descending  sap  of  these,  being  of 
a  more  fluid  consistence  than  that  of  the  resinous  tribe,  would 
escape  through  the  decorticated  space  into  the  roots  in  much 
larger  quantity. 

It  may  be  suspected  that  the  increased  solidity  of  the  wood 
in  the  fir-tree  I  have  described  was  confined  to  the  part 
adjacent  to  the  decorticated  space ;  but  it  has  been  long  known 
to  gardeners,  that  taking  off  a  portion  of  bark  round  the 
branch  of  a  fruit-tree  occasions  the  production  of  much  blos- 
som on  every  part  of  that  branch  in  the  succeeding  season. 
The  blossom  in  this  case  probably  owes  its  existence  to  a 
stagnation  of  the  true  sap  extending  to  the  extremities  of  the 
branch  above  the  decorticated  space ;  and  it  may  therefore  be 
expected  that  the  albumous  matter  of  the  trunk  and  branches 
of  a  resinous  tree  will  be  rendered  more  solid  by  a  similar 
operation. 

*  The  roots  of  trees«  though  of  much  less  diameter  than  their  trunks  and 
branches,  probably  contain  much  more  alburnum  and  bark,  because  they  are  wholly 
without  heart  wood,  and  extend  to  a  much  greater  length  than  the  branches ;  and 
thence  it  may  be  suspected  that  when  fir-trees  are  felled,  their  roots  contain  at  least 
as  much  resinous  matter,  in  a  fluid  moveable  state,  as  their  trunks  and  branches ; 
though  not  so  much  as  is  contained^  in  a  concrete  state»  in  the  hekrt  wood  of 
those. 

MDCCCVI.  R  r 


Digitized  by 


Google 


304  Mr.  Knight  on  the  inverted  ActioHy  &c. 

I  send  you  two  spedmens  of  the  fir  wood  I  have  described^ 
the  one  having  been  taken  off  above,  and  the  other  below; 
the  decorticated  space.  The  bark  of  the  letter  kind  scarcely 
exceeded  one-tenth  of  a  line  in  thickness ;  the  cause  of  which 
I  propose  to  endeavour  to  explain  in  a  future  cotiltnunicatioil 
relative  to  the  reproductiofi  of  bark. 

I  am^  &c. 

T.  A.  KNIGHT. 
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XV.  A  new  Demonstration  of  the  Binomial  Theorem^  when  the 
Exponent  is  a  positive  cr  negative  Fraction.  By  the  Rev. 
Abram  Robertson,  A.M.  F.R.S.  Savilian  Professor  of 
Geometry  in  the  University  of  Oxford.  In  a  Letter  to  Davies 
Giddy,  £$({.  F.  R.S. 


Read  Jim«  Sp  »8o(?- 

DEAR  SIR, 

Being  perfectly  convinced  of  your  love  of  mathematical 
science,  and  your  extensive  acquirements  in  It,  I  submit  to 
your  perusal  a  new  demonstration  of  the  Unomial  thecrt'em, 
when  the  exponent  is  a  positive  or  negative  fraction.  As  I 
am  a  strenuous  advocate  for  smoothing  the  way  to  the  aoqui-^ 
sMon  of  useful  knowledge,  I  deem  the  following  articles  of 
some  importance ;  and  unless  I  were  e<]ualiy  ^cere  in  this 
persuasion,  and  in  that  of  your  desire  to  promote  mathemati- 
cal studies,  in  requesting  the  perusal,  I  should  accuse  myself 
of  an  attempt  to  trifle  with  your  valuable  time. 

The  following  demonstration  is  new  only  to  the  extent 
above  mentioned ;  but  in  order  that  the  reader  may  perceive 
the  proof  to.be  complete,  a  successive  perusal  of  all  the 
articles  is  necessary.  As  far  as  it  relates  to  the  raising  of  in- 
tegral powers,  it  is  in  substance  the  same  with  one  which  I 
drew  up  in  the  year  1794,  ^^^  which  was  honoured  with  a 
place  in  the  Philosophical  Transactions  for  1795,  If,  therefore, 
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you  think  the  following  demonstration  worthy  the  attention 
of  mathematicians,  you  will  much  oblige  me  by  presenting  it 
to  the  Royal  Society. 

I  am,  &c. 

A.ROBERTSON. 

Oxford, 
March  zist,  i8o6. 


1.  The  binomial  theorem  is  a  general  expression  for  any 
power  of  the  sum  or  difference  of  two  quantities.  Thus  if  n 
be  any  positive  or  negative  whole  number,  or  vulgar  fraction, 
and  a,  b,  be  any  two  quantities,  the  binomial  theorem  expresses 
in  a  series  the  value  of  a+61%  or  a— W", 

The  Knomial  theorem  is  of  very  extensive  utility.  Besides 
the  advantages  derived  from  it  in  rais[ing  powers  and  ex- 
tracting roots^  it  enables  us  to  conduct,  with  clearness  and 
ease,  a  variety  of  investigations  in  the  higher  parts  of  algebra, 
which,  without  its  assistance,  would  become  perplexed  and 
laborious. 

8,  If  n  be  a  whole  positive  number,  we  can  raise  j:  -f  a  to 
the  power  denoted  by  w,  in  the  following  manner,  by  multi* 
plipatipn* 
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X-{-(l 


+al 


&c. 
In  the  same  manner  the  value  of  x — alC  may  be  obtained ; 
and  its  only  difference  from  the  value  of  x+al'  will  consist 
in  having  the  negative  sign  prefixed  to  such  terms  as  have  an 
odd  power  of  a.  And  as  the  powers  of  any  other  quantity, 
either  simple  or  compound,  may  be  obtained  gradually  by 
multiplying  the  last  found  power  by  the  root,  in  order  to  find 
the  next  higher  pov/er,  it  is  manifest  that  the  principles  of 
multiplication  are  the  most  simple  and  evident,  to  which  we 
can  resort,  for  the  demonstration  of  the  binomial  theorem. 
These  principles,  therefore,  will  be  used  throughout  the  whole 
of  the  following  investigations  on  the  subject,  and  by  them: 
every  case  of  the  theorem  will  be  established. 


Digitized  by 


Google 


Sfii^  Mr.  Robertson  ^s  new  Demnstration 

It  is  well  known  to  mathematicians  that  the  theorem  Htt 
l>een  repeatedly  proved,  either  by  induction,  by  the  surant2<> 
tion  of  figurate  numbers,  by  the  doctrine  of  combinations, 
by  assumed  series,  or  by  fluxions ;  but  that  multiplication  is  a 
more  direct  way  to  the  establishment  of  the  theorem  than 
any  of  these,  cannot,  I  think,  be  doubted.  Proce^ng  by 
multiplication,  we  have  always  an  evident  first  principle  in 
view,  to  which  without  the  aid  of  any  doctrine,,  foreign  to  the 
subject,  we  can  appeal  for  the  truth  of  our  assertions,  and 
the  certainty  and  extent  of  our  conclusions. 

3.    Ifp,  g,  be  any  two  quantities,  the  product  arising  from 
the  multiplication  of  p  by  q  is  equal  to  the  product  arising 
from  the  multiplication  of  qhy  p*    For  magnitudes  being  to 
one  another  as  their  equimultiples,^  y^q:  1  %q::p  :  1,  and 
qxp:  i%p  ::  q:  1.    But  1  xg5=^,  and  ix^=/>,  and  there* 
fore,  placing  for  ex  aequali  in  a  cross  order, 
pxq : q : 1 
qxp  :p  :  l. 
Consequently ,  ^  X  q:  t  ::  q^pii,  and  ther^ore  pqtxsqp. 

Hence  it  follows  that  the  product  arising  from  the  multi-- 
plication  of  any  number  of  quantities  into  one  another,  cohid- 
Bues  the  same  in  value,  in  every  variation  wMch  may  be 
made  in  the  arrangement  of  the  quantities  which  compose  it. 
Thus  p,  q,  r,  s,  being  any  quantities,  pqrss^pqr%$:ss$pqrzs 
spq  X  r=zrspq=zrsp  x  q=:qrsp=:qr  x  s  %p=:qr%p  x  ssssqrps,  &a 
And  if  x4-a=/>,  x+6=g,  x-|-^=r,  x+d^sss,  x4-^==^  &c, 
then  x-J-a x x^b x x-^c x x^d %x^=:pqrst=X'^a%x-j^b x 

•  When  I  speak  of  the  multiplication  of  tjuantities  into  one  another,  I  mean  the 
multiplication  of  the  numbers  into  one  another  which  measure  those  quantities. 
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X  +^ X  x+  e%x  +d=:pqrts  =  any  other  arrangement  which 
can  take  place  in  the  quantities. 

4.  It  is  evident  that  each  of  the  quantities  a,  6,  c,  &c.  wriU 
be  found  the  same  number  of  times  in  the  compound  product 
arising  from  x-J- a  x  x+6  x  x  +  c  x  x+^  x  x-^-e,  &c.  For 
tJiis  product  is  equal  to  pqrst  ^rzipqrs  x  x  -{-€  =ipqrt  x  z  +  «'= 
pqst  X  x-^-c^siprst  xx+b=:zqrst  xx+a,  by  substituting  for  the 
compound  quantities,  x-fa,  x+ft,  &c.  their  equals  />,  q,  &c. 
Wherefore,  in  the  compound  {»-oduct,  each  of  the  quantities 

a,  6,  c,  &c.  will  be  found  multiplied  into  the  products  of  all  the 
others. 

5.  These  things  being  premised,  we  may  poceed  to  the 
multiplication  of  the  compound  quantities  x-|-i»,  x+b,  x+c, 
&c.  into  one  another;  and  in  order  to  be  as  clear  as  possible 
in  what  follows,  let  us  consider  the  sum  of  the  quantities,  a, 

b,  c,  &c.  or  the  sum  of  any  number  of  them  midtiplled  irtto 
one  another,  as  coefficients  to  the  several  powers  of  x.  Which 
arise  in  the  multiplication.  By  considering  products  which 
contain  the  same  number  of  the  qustntitias  a,  b,  c,  &c.  as  ho- 
jnologous,  the  multiplication  will  appear  as  follows,  and 
equations  of  various  dimensioM  will  arise,  afccording  to  the: 
powers  of  X.. 
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X  ■\-b=q 

J^*    j    jT  ■> 

4-6 /•^"^^^^^5'**  ^  quadratic  equation,  or  an  equation  of 

two  dimensions. 

+6  ^:t:*4-^  [r  +afo=/yr;  a  cubic,  or  an  equation  of  three 
4-^  J     +&5j  dimensions. 


jsT  -{-abcdzssp^s ;  3l  biquadratic,  or  an 
equation  of  four  di- 
mensions. 


+b 
+d 


+bd 


4-^&/ 

4-^^rf 
-^bcd 

'^  bee 
'^ade 
+  bde 
'^cde^ 

Sic. 


^-abcd\ 
-^abcel 
y3i^^abde>x^abcde^s^pqrst;  a  sur- 


'^^aede 
+bcde^ 


solid,  or  an  equation  of 
five  dimensions. 


6.  From  the  above  it  appears,  that  the  coefficient  of  the 
highest  power  of  x  in  any  equation  is  i ;  but  the  coefficient  of 
any  other  power  of  x  in  the  same  equation  consists  of  a  cer- 
tain number  of  members,  each  of  which  contains  one,  two, 
three,  &c.  of  the  quantities  a,  b,  c,  &c.  Thus  the  coefficient  of 
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the^  second  term  of  any  equation  is  made  up  of  members,  each 
of  which  contains  only  one  of  the  quantities  a^  6,  c^  &c.  and 
the  whole  coefficient  of  the  second  term  is  the  sum  of  all 
these  members,  or  the  sum  of  all  the  quantities  a^  b,  c,  &c. 
used  in  the  multiplication  by  which  the  equation,  under  consi- 
deration, was  produced.  Thus  in  the  equation  of  four  dimen- 
sions, the  whole  coefficient  of  the  second  term  is  tf+6-|-c+^» 
and  a,  b,  c,  d,  were  used  in  the  multiplication  iii  obtaining  the 
equation.  The  coeffident  of  the  third  term,  of  ahy  equation, 
is  made  up  of  members,  each  of  which  contains  two  of  the 
quantities  a,  b,  c,  &c.  used  in  the  multiplication  in  obtaining 
the  equation.  Thus  in  the  equati(»i  of  four  dimensions,  the 
whole  coefficient  of  the  third  term  is  a6  -f*  ^  +  ^  +  0^+  bd 
-|-  cd.  And  indeed,  not  only  from  inspection,  but  also  from 
considenng  the  manner  in  which  the  equations  are  generated, 
it  is  evident  that  each  member  of  any  coefficient  has  as  many 
of  the  quantities  a,  6,  r,  &c.  in  it,  as  thei^e  are  terms  in  the 
equation  preceding  the  term  to  which  the  coefficient  belongs. 
Thus  each  member  of  the  coefficient  in  the  second  term  of 
any  equation  is  one  quantity  only,  and  only  one  term  precedes 
the  second  term.  Each  member  of  the  coefficient  in  the  third 
term,  of  any  equation,  consists  of  two  quantities,  and  two 
terms  precede  the  third,  &c. 

7.  When  any  equation  is  multiplied  in  order  to  produce  the 
equation  next  above  it,  it  is  evident  that  the  multiplication  by 
X  produces  a  part  in  the  equation  to  be  obtainea,  which  has 
the  same  coefficients  as  the  equation  multiplied.  Thus,  mul- 
tiplying the  equation  of  three  dimensions  by  x  we  obtain  that 
part  of  the  equation  of  four  dimensions  which  has  the  same 
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<5oeffi<5i^nts  ^.  the  CMhM; :  i^  9pJ|y;  ^flG?<*  of  tlv?  BHV^tipli^Uw 
bpipg  the  in^e^se  o^  ^hy^^jsppi^i^s,  qfxby  t.i 

8,  But  wh(3ii  the  fi^Q  eq^^j^  is  ipulti|)lie4  l^y  ^©  qujmr 
%  a^jcjne4  tp  3:  by  th^  figi;i  ^r,  e^h  tepji^  pf  tb^  prp4»v?t,  in 
or^f^tQ  rwk  jm^h^  th/B  sfwp  P<)>wer  of  ff,;  wu$t  )^  tjisi^wo 
one  t?rm  b^c^,  ![%«.. wMw  ^fr^^ir^  tofm-pf  ttie  cubic  isiw^ 
tiplied by  a[, tl^Q  pn9<|iH*  Vm^t, Ipcipl^HJ^  in  ^e  s^qppdterro  q{ 
the  biqiw^B^lilq.  Wfej^flill^p  «^CQW^|ljei;p[j  pf  tbi?  cvj)ic  i;?  ijiyjjl- 
phed  by  d,  l^epj^it^  iffff^  ^  pl|W«d  ip  tb^  third  t^iw  Qf 
1h^  b»q»Wi^rat¥r :  wd  ?p)  ^  otbei|«. 

ft.  A?  tfee  ^q^^wn  \9^  ppodv>ce«J  i?  th^.  product  pf  4IJ.  thfi 
compound,  ^ua^ti^s  x4-^  jr4-6,  a;^-r,  &c.  into  pp,e  wpther, 
tnd  a§i  it-  \n^&^  pjrgis[ed  ii>.  till?ue  fourth  arti(^  that  ^txh,  pf  thft 
tNwMfk  <i!(^'  cx  ^*  mvi^  ^  ^9md  the  $^.e  numbei;  of  ^m^ 
n  thi§  Wfody^^  i/P  w*  «a  WDMWt^  the  nHii?J?ei:  pf  tjjpfts  iwj;^ 
«Q(9  «f  tjbos^  q^a^tHt^s  ent^s  ipto,  the  co^ffiqept,  o|;  apy  te^m 
«f  the  I4P^  ^y«tioi^  we  shajl  tjiea^  know  Jiow  pftpR,  e^^  pf 

the  pther  m^sm  W^  tbp  sw^  <»^ffiw»?P  m^.  Ms  ipay  be 

done  witH  ^ase,  if  of  thp  quantities  a,  6,  f,  ijifp,  we  fix  uppj^ 
that  wsed  pi  th^,  last,  mpjtiplicitipi?,  Fpr  ijl^e  I^t  eipatioij, 
and  indeed  any  oth^r,  nu^y  be  comidered  as  nude  vp  of  twc^ 
parts;  the  fir^t  p^i?t  bemg  t^f  eqij^tion  immedj^ely  befpre 
the  last  multiplied  by  x,  according,  (o  th?  7th  article,  ^nd.th? 
secoml  part  being  the  sam^  equafipn  im^t^Ued  by  the  quan** 
tity  adjoined  to*  by  the  sign  •+•,  last  uspd;in  the  raultiplicatioi*^ 
accoixling  to  the  8th  article.  This  last  d^4  quantky,  the.r^&re«. 
never  enters  into  the  me^^ljers  of  the  cpeffiaeiU;  of  the  ftrst 
of  the&e  two  parts,  but  it  enters  into  all  the  n^embers  pf  th^ 
coeffidents  pf  the  last  of  th^n.    But  thM  p^  intp  wjiicb  '^ 
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<fo6s  nM  enter  has  the  same  mehibers  a»  the  coefikients  of 
tite  ^atidn  kninedifttely  before  the  last,  by.the  7th  article ; 
zstA  ^M^h  the  ine»k»rs  of  the  first  part  are  muhiplied  bj  the 
hist  U8«df  qiiahdly^  the  product  beccones  the  second  part  of 
the  Wh6{e  coeflktent  above  mentioned. 
Thii9  the  first  putt  of  the  cubic  e()i»titin,  by  tlie  Tih  article 

is,     Tf  jx'+rfii:,  and  as  these  coeflicients  are  the  same  a< 

the  coefficients  in  the  quadratic  equation,  being  multiplied  by 
c^  and  arranged  according  to  the  8th  article,  we  have  the  co- 
effici^its  of  the  second  part  of  the  cubic,  viz.  c^c.\ 

HenCe  it  is  evident,  that  there  are  as  mSiiy  menlbers  in  any 
coefficient,  which  have  the  last  iised  quantity  ih  them,  as 
there  are  members  in  the  coefficient  preCfedirig,  "ivhich  have 
not  the  same  quantity.  Thug  in  the  3d  terrtl,  in  the  eqUatloA 
Of  four  cfiilie^sions,  there  are  three  moiribfers  <3f  tfet  whole 
ce«ffi[cietlt  of  3^  MmJh  have  rf  hf  fhetti^  tii;  iirf,  *rf^  td^  an* 
Aere  are  thre^  m^enfiberi  of  th«  whole  coeffidtot  of  m^  ih  the 
second  term,  wluch  have  not  d  in  them,  viz.  a,  6,  c.  In  the 
fourth  term  of  the  5ame  equation,  there  are  three  members  ot 
the  whole  coeffici^it  of  jc,  which  have  d  in  them,  vizi  ahd^ 
aedj  hcd^  and  there  are  three  members  of  the  whole  coefficient 
cf  X*  iathe  third  term  which  have  not  rf  in  them,  viz.  aft,  ac^ 
he.  Now  as  it  has  been  proved  that  each  of  the  quantities  a, 
6,  €y  &c.  Alters  the  same  number  of  times  into  the  coefficient 
of  the  same  term,  what  has  here  been  proved  of  the  last  wsed 
is  applicable  to  each. 

»!  Fw)m  the  last  article  Ae  number  of  members  in  the 
several  coefficients  of  any  equation  may  be  determteed.    For 
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if  we  put  5=  the  number  of  times  each  quantity  is  found  in  a 
coefficient,  n±=  the  number  of  quantities  a,  b,  c,  &c.  used  in 
producing  the  equation,  and  p=i  the  number  of  quantities  in 
each  member ;  then  as  ^  is  found  s  times  in  this  coefficient,  b 
is  found  s  times  in  this. coefficient,  &c.  the  number  of  quan- 
tities in  this  coefficient,  ynth  their  repetitions,  will  be  5  x^;  and 
as  p  expresses  the  number  of  quantities  requisite  for  each 
member,  the  number  of  members  in  the  coefficient  will  be  y  • 
Thus,  for  the  sake  of  illustration,  if  we  limit  the  above  no- 
tation to  the  second  term  of  the  equation  of  five  dimensions^ 
5=1,  as  each  of  the  quantities  a,  b,  c,  &c.  is  found  once  in  the 
whole  coefficient  of  X*;  />=i,  as  each  member  consists  of  one 
quantity,  and  n=5,  as  a,  6,  c,  d,  e  are  used  in  producing  the 
equation.  Consequently  -^  =5.  If  we  limit  the  above  nota- 
tion to  the  third  term  of  the  same  equation,  5=4,  p=2,  and 
j^=s5,  and  therefore  -^  =io.  If  we  limit  the  above  notation 
to  the  fointh  term  of  the  same  equation,  5=6,  p=3,  and  /te=5> 

and  —  =10.    If  we  limit  the  above  notation  to  the  fifth  term 
P 

of  the  same  equation,  5=4,  ^=4,  and  n=5,  and  -2  =s^. 

11,  Using  the  same  notation,  we  can  by  the  last  two 
articles,  calculate  the  number  of  members  in  the  next  coeffi- 
cient after  that  whose  number  of  members  is  j.  For  as  -j 
expresses  the  number  of  members  in  the  above  mentioned 
coefficient,  and  s  the  number  of  times  each  quantity  is  found 
in  it,—  —5=  the  number  of  times  each  is  not  found  in  it.  By 
the  9th  article  therefore,  a  will  be  found  j  —  ^  times^  b  will 

be  found  -?  —5  times,  &c.  in  the  next  coefficient,  and  there- 
P 

fore  ~  --  5  X  »  =  f^=tl  =  the  number  of  quantities,  with 
P  P  ' 
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their  repetitions^  in  it.  But  as  the  number  of  quantities  in 
each  member  of  a  ooeiBcient  is  1  less  than  the  number  in  each 
member  of  the  coefficient  next  following,  each  member  of 
the  coefficient  whose  number  of  members  we  are  now  calcu- 
lating will  have  in  it^+^  number  of  quantities.  Consequently 
sn^-psn  _  sH  ^  ^  _  the  number  of  members  of  the  coeffi- 

dent  next  after  that  whose  number  of  members  is  -j,  as  in 
the  last,  article. 

ifi.  It  is  evident,  from  the  sixth  article,  that  the  value  of 
p  in  the  second  term  of  any  equation  is  1 ;  in  the  third  term 
of  any  equation  its  value  is  2 ;  in  the  fourth  term  of  any  equa- 
tion it  is  3,  &c.  It  is  also  evident  that  the  number  of  members^ 
of  the  coefficient  of  the  second  term  of  any  equation  is  n ;  for 
the  whole  coefficient  is  the  sum  of  all  the  quantities  a,  ft,  c,  &c. 
used  in  producing  the  equation.    It  therefore  follows  that  the 

general  expression  -^  x  ^~,  obtained  in  the  last  article,  enables 

us  to  ascertain  the  number  of  members  in  the  coefficient  of 
any  term  in  an  equation.  For  the  pumber  of  members  of  the 
coeffident  in  the  second  term  being  «,  according  to  the  suc- 
cessive values  of  ^  the  number  of  members  in  the  third  term 
isn.2=i;jnthe  fourth  term  it  is  «  .~i.2:z£;    in  the  fifth 

term  it  is  »  .^^^.^i^. ^5^;  and  this  regular  form  may  be 

extended  to  express  the  number  of  members  in  the  coefficient 
of  any  term  whatever. 

13.  The  binomial  theorem^  as  far  as  it  relates  to  the  raising 
of  integral  powers,  easily  follows  from  the  foregoing  articles. 
For  if  all  the  quantities  tf,  6,  c,  &c.  used  in  the  multiplicatiou 
in  the  fifth  article,  be  equal  to  one  another,  and  consequently 
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.  each  equal  to  a,  eac^  of  die  members  in  any  coefiiaent  iriA 
h&xiui»  a  power  of  s;  and,  therefore,  as  the  expommt  of  irin 
the  first  tenn  »  eqiud  to  «»  it  foUov^rs  from  die  sixth  and  last 

articles  that  x+at=3f+nax'''^+n  .2^'d'Jt***'*+«.~i.'2=?» 

14.  If  equations  be  generated  from  x— a ,  x— 6.  x— c  .x— ^, 
&c.  the  coeffidenCs  'will  be  the  same,  excc|>ting^  the  signSv  as 
those  which  result  from  x+a . x+6 . x-\-c . x-f^  to*  iftliie 
iifth  article ;  send  as  minus  multiplied  into  vtanaa  gives  plus, 
but  minus  multiplied  into  mintt»  inulti^ied  bito  minus  giveA 
minus,  the  coeflicients  in  equations  generated  from  x— «. 

■0i^m^immm       ^i^mi^t^m      m^^^^m^ 

x—h .  X — c .  X — dy  &c,  whose  members  have  each  an  eveti 
number  of  the  quantities  a^  b,  c,  &c.  will  have  the  sign  +> 
but  coefRdents  whose  members  have  each  an  odd  number  of 
the  quantities  a,  b,  c,  &c.  will  have  the  sign  *— .   And  hence  it 

is  evident  that  x-^aT^rzaf—  nax^'^^n  .STlV-t*^'— ^.^^^  , 

-~  a'  X     ^+n  .  -— • .  — - .  —7^  or  x    ^—  &c. 
3  •        5     ,   ♦  

15.  By  the  general  principles  of  involution  a+6r=»a*>c 

i4.<^=s^>ci+xr,  by  putting  xoi:^.  By  article  19,  i-f^xi 
-- 1 +,rr+« . -J- x*+;r . -J- .  —  x'+«  . -j~ . — . -^  X* + 
&c.  and  by  the  same  ^^le  i-fxraai+mx+m .  2^  »-1^-m^ 
!L:i.Jlli.x»+7rt.2:ii.2=f.2=J4r«4.&c.    But  by  the  ge- 

z  3  •  z  3  4  •  "  " 

neral  principles  of  involution,  and  article  13,  i+xf  x  i+xr 


3*j^l[j^.l^I^.ll::^.liL^  when* 


3 

9nd  m  are  whofe  mimbers. 
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HmcQ  it  is  evi^snt  that  if  the  qeries  equal  to  T+xf  be 
multiplied  by  the  series  equal  to  i+xl",  the  product  must  be 
equal  to  the  series  which  is  equal  to  i+xl*+'*.  Now  the  two 
first  mentioned  series  being  multiplied  into  one  another,  and 
the  parts  being  arranged  according  to  the  powers  of  x,  the 
several  products  will  stm^  as  in  the  ftJlowing  represidntaticm. 

1 4.XI  ==  1+ »x+ «  . -^  x'4- « . --^ . --^jr'+ « . -5- . -y- . -j-1  x*+ .&c . 

+"    '       " ijM  *  -■  I  l?f— I      .    I  lit— 1    -111—2      •    a  HI— I      tn^mZ-     TH— -^        A   I       o 

0:1=1  +mx4'm .  -— -  x*+m ..-— r- .  -r— !  x  +m .  -— r .  -r-— .  -—4  a;*4-  &c. 
.'^        *         2        ^        ■  2        3        A  ■ 


w  •  -ITT"  •  •'^r^  a:*  +w .  — 7^  •    ■•■■  '  i.  ni|:*+  &c. 

a  J  f  2  3  • 

For  ihe  sake  c^  reference  hereafter  let  this  be  called 
jnuHiplieadoi)  A. 

lAow  with  DMpcct  to  the  codi^cients^  prefixed  tp  liie  several 
powers  of  X,  in  ihe  fisdregoing  Qttiltipircation,  two  observations 
are  to  he  made^  by  meacis.  of  which  the  demoHstrataoR  of  the 
theorem  may  he  estendted  tp  fractional  e;&poiieiitfif. 

In  die  first  pkce^  supposing  n  atadtm  to  be  whok  numbers^ 
tlie  sum  of  the.  ^toeffidents.  pnefiocedt  to  any  individual  power 
of  a:,  ip  umltif^iqation  A,  TOu^t  be  equal  to  the  co^ffioent  pre- 
J&3t?d  to  tb§  99as)»  poswfee  of  *  in  thebitiomiial  series  h-^n^mH 

n-^fHr  .  --ST —  X'-^n-f-m  .  ■  ^  .  --K- — x^-^-n^m  • 
jH^  n^+r^  njj^  ^,^  ^  rj.^^  certafiity  of  this  cir^ 
cum^tance  rests  partly  on  the  13th  article,  and  partly  on  a? 
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plain  axiom,  viz.  that  equals  being  multiplied  by  equals  the 
products  are  equal. 

In  the  second  place  it  is  to  be  observed,  that  the  whole 
^efficient  of  any  power  of  x,  in  the  products  of  multiplication 
A,  may  be  reduced  to  the  r^ular  binomial  form,  established 

in  the  13th  article.  Thus  n .  —•  +mn-^m .  '^^^ ,  the  whole 
coefficient  of  x",  by  actual  multiplication  becomes 

n-^m>+.m.--n-m^^^      n±m^       AlsO  «  .  ==1  .  ==2 +m«  . 

Sni  JLm .  JUiiL  .  n-^m .  ^7'  •  ^T*  » th^  whole  coefficient  of 

x',by  actual  multiplication  becomes  '"■<-'"*-3»«'--3m'-l-3"*« -^ 

^,n*K^mn+»n+2m  ^^^     n+j;^  .^1+2=!.    And  from  the 

preceding  observation  it  is  evident,  that  we  may  in  the  same 
manner,  reduce  the  whole  coefficient  of  any  other  power  of 
Xy  in  the  products  of  multiplication  A  to  the  regular  binomial 
form. 

i6.  But  in  proceeding,  as  above,  to  change  the  form  of  the 
coefficients  prefixed  to  any  power  of  j:,  in  multiplication  A, 
into  the  regular  binomial  form,  we  are  not  under  the  necessity 
of  supposing  n  and  m  to  be  whole  nimibers.  The  actual  mul- 
tiplications will  end  in  the  same  powers  of  n  and  m,  the  same 
combinations  of  them,  and  the  same  numerals,  whether  we 
consider  n  and  m  as  whole  numbers  or  as  fractions. 

We  are  therefore  at  liberty  to  suppose  n  and  nt  to  be  any 
two  fractions  whatever,  in  the  two  series  multiplied  into  one 
another  in  multiplication  A,  and  the  same  two  fractions  will 
take  the  place  of  n  and  m  respectively  in  the  regular  binomial 
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4>^+^ .  ^"^^^^ ,  ''^"'""^ ,  -^^±^!^  x^+  &c.  which  expresses 
the  product  of  the  two  series  into  one  anotlier. 

17.   If  therefore  r  be  any  positive  whole  number  we  can 

I  i_ 

raise  the  binomial  series  i+-"-x+-7>'^--Y"'^'"^'y"*  ^  %     ' 


1  III 

r  '  •  g     I       r  r  -       ^ 


-— j:*+y>  '^  ^  .^  ,^  x^+  &c.  to  any  proposed 
power  by  successive  multiplications  ;  or  we  can  express  any 
power  of  it  by  supposing  the  multiplications  actually  to  have 
been  gone  through.  Thus,  calhng  the  last  mentioned  series 
the  root,  if  it  be  multiplied  by  itself,  and  if  the  coefficients  in 
the  product  be  expressed  in  the  regular  bkiomial  form,  its 


2  22 


square  will  be  i+-^a:+  ^  ,J—^x*+ -y .  ^  ^    ,~—  x'  + 


222 
—  —  1 2 3 

2       r  r  -       -^ 


.y  -     ^     -  .  -——  x'^^  &c.     Again,  if  this  series  be  mul- 

.tiplied  by  the  root,  and  the  coefficients  in  the  product  be  ex- 
pressed, in  the  regular  binomial  form,  the  cube  of  the  root 

willbei+^x+-f.-V^-+T--V--V^'^^^ 

~— .  ^ x*+  &c.     Proceeding  thus,  by  multiplying  the 

last  found  power  by  the  root,  in  order  to  find  the  next  higher 

power,  the  nth  power  of  1  +  y  ;r+  -jr  .  ~—  x^-^  7-  •     ^    . 
I  III 

—  l2  ** -~  I      -~  ^•2      ——3 

&c. 

MDdCCVI.  T  t 
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18.   If  in  the  series,  which  concludes  the  last  artide^  71  be 
equal  to  r,  the  whole  series  becomes  equal  to  i-^x.    For  in 


n 
—  I 


this  case  7-  =if  and  therefore  ^—^  =  o,  and  consequently 
every  term  in  the  series,  after  the  second,  J)ecomefii  equal  to  o, 
or  vanishes. 

Hence  it  as  evident  that  the  rth  root  of  I'^x,  or,  whichis 


I 


the  same  thing,  that  i+xl^=i+  yx^^^.  ^^«  J:*-!*  T"^ 
II  III 

lies  being  raised  to  the  fth  power  becomes  equal  to  i+x. 
As  by  the  general  prind^es  of  involution  the  nth  power  of 

i^x\  ^  is  i^x\  ^ ,  it  therefore  follows,  from  the  last  observa- 

H 

tion  and  the  preceding  article,  that  i+^'^xsi^-  7- Ar+  v* 

n  n  n  n  n  n 

&c. 

19.   By  the  general  principles  of  involution  m — 6|«=b^*x 

1  —  — I  sssa^xi  — :cr,  by  putting  x=  —.     By  article  14,  n  being 

a  whole  number,  1 — x\'=:i — n^+n .  ^^^  of— -n .  2zl ,  -2zi.  j;?* 

+n  .^zl .  !izi.lzl  j^ —  5cc.  and  by  the  ^me  article,  m  being 

a  whole  number,  1  — 0:1*=  1  ^^mx + m  .  -2ilL ^„i7j .  ?""'■  . 

■  2  2 

J!i=*-g^^m,^!i^.-^..^x*—8ic.   But  by  the  general 
IHinciplesof  invoIuti<Mi,4nd  jutide  14,  i— jjI'hi— riPraBi-.-H"*'" 
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Hence  it  is  evident  that  if  the  series  equal  to  1 — xf  be 
multiplied  by  the  series  equal  to  1— jH",  the  product  must  be 
equal  to  the  series,  which  is  equal  to  1— xr+'*.  Now  the  two 
first  mentioned  series  being  multiplied  intaone  another,  and 
the  parts  being  arranged  according  to  the  powers  of  x,  the 
several  products  will  stand  as  in  the  following  representation. 

"2  23234 


1  It      I'     .  IT— 1"      n      i.       f    I  w— •!        IT      X       W"^3       A  o 

1 —  na:-l-«-"-r-«2:'---».-— —  .--r-x  +«  .  —7- -—7-  • — ^x*—  8cc» 

r  ^  2  3  "  2  3  4 

— «u:+^  •      ^j:* — m.  ^  .^^       j*+m>n,  ^""'    .  '"""^    J* —  &c. 
■  2*23 

;».— - — *^~m  .     — — -•»*-H».  ——•.».—-    a;-*—  &c. 

Z  2*22 

For  the  sake  of  reference  hereafter  let  thi*  be  called 
multiplication  B* 

Now  for  the  same  reasons  as  are  stated  in  the  15th  and 
16th  articles,  the  whole  coefficient  prefixed  to  any  power  of 
X  in  multiplication  B,  must  be  equal  to  the  coeflident  prefixed 
to  the  same  power  of  of  in  the  series   1  — m-f-;iir-|-.m+» . 

wi-l-ii— I     t       : —     m+« — I  .  m+if— 2     3  .  r—    w+ii— 1    m-f  if-»2 

^ — x—m^n.^ — .T-21 — a?'4^+».-^£j— .-ij-^ 

-  ■^'*""~-  J?*—  &c. ;  and  we  are  also  at  liberty  to  suppose  n  and 

m  to  be  any  two  fractions  whatever,  in  the  series  multiplied 

into  one  another,  and  consequently  in  the  series  expressing 

their  product. 

Tt  3 
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Proceeding  therefore  as  in  the  17th  and  18th  articles,  and 

1  I 

using  the  same  notation,  1 — xl  ^:=i—  —  a:+  —  •  -i^— -x*— ~ 
1,1  III 

■  r  r  liir  r  r        ^    .        ^ 


3 


n  j» n  « 


Also  7=Jl ' =,- i  ,+ i  . -V  ^- 7  • -4— V  *■ 


n  ff 

.,     — ~2     ——3 


20.   It  is  easily  proved,  by  means  of  the  15th  and  16th 
articles,  that 

is  equal  to  the  series  i-fm— nJ'-f-m^.  m-w— 1  ^_j_^;:3^ 

i       •— 5 — js^+m—n. — . — . ~^+  &C 

whether  m  and  n  \)e  whole  numbers  or  fractions.  For  v  being 
equal  to  m—n,  this  last  series  becomes  i-J-vJ'-j-v  .  Szii  j'-f-t; . 

"^•-^-•^+'^•-^--•-7- •^^'^+ &c. ;  and  this  series  being 
multiplied  by  i+ns+n.^jf+n  .2ri.2z:i^+«  .1=!  .ilzi 

•    4   •**+  &<^-  *he  series  expressing  their  product,  by  the  15th 
and  16th  articles,. is  i+f^^i^j^+i^:^.  l±lZi.r--|_iq:^.  i±lzi 

•   5  '*  +f -t-«   .    ; .  ;; .       ^         *   J.^JL  &C.      But  aS 

.    •*        ,  234' 

V  IS  equal  to  m—n,  this  last  series  is  equal  to  i-\'mx-{-m . 

Hence  it  is  evident  that  l^  is  equal  to  i+^rz:^.r+m^ 

i+xl  •  • 
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a^+m.—n . -—  •  — -; —  o^'+m— n .  — :; —  .  v  ■ 

.  ■^""'^T^  j?*-|.  &c. ;  and  as  this  equation  holds  in  every  pos- 
sible value  of  m,  and  as,  by  the  general  principles  of  involution 
i+*rr  is  equal  to  1,  when  m  is  equal  to  0  then  =^;,  or 

— n— I  _  —If— I     —If— 2    «  —If— I 


l^.o;'!      =1— «^ — ^'""l — .:^  — ». 


Z  3  2 

3  4 

According  to  the  form  of  the  binomial  series,  the  whole  of 
the  second,  fourth,  sixth,  &c.  terms  in  the  last  series  consist 
of  an  odd  number  of  negative  parts  multiplied  into  one 
another,  and  therefore  each  of  these  terms  becomes  a  nega-* 
tive  quantity.  But  the  whole  of  the  third,  fifth,  seventh,  &c. 
terms,  consist  of  an  even  number  of  negative  parts  multiplied 
into  one  another,  and  therefore  each  of  these  terms  becomes 

a  positive  quantity.  Consequently, T+^l*"'*=i—w»r+^  .  ^^  »i^ 
_;,.!i±i.!i±i^.>+„.!i±I.!i±i.!L!:l^_&c. 

2         3  ■  a         3         4 

«!•     By  the  19th  article  we  are  enabled  to  prove  that 

■  u       I  t  wf— I   ^  '.  Iff— I    w— 2  1  t"        m— I    w— 2    m — ^   A  .    ^ 

1  — o;*!    i+m .  —j'+m  •  — -  J^^m .  —^ .  ~-  .— j?'+m .  — j-  • ,  — 2a^-|-  &c. 

'        ■  ■  m         -  I  If— I  _,   a  If— 1       11—2  J   ,  ||.^1       If— 2       ff-^t     A  .    A 

is  equal  to  the  series  i+m^— ;j .  — j'+m— n .  ^"^^"^^  af'+m—n 

iw— n-^i     nt- II— 2            ,  -           ■        wi— «— I      w— n— 2     m— if— 3     ^  , 
• Z —  • 5 —  ""^^  +m—n . . . a'  + 

&c.  For,  as  in  the  preceding  article,  if  this  last  series  be  mul- 
tiplied by  i+» .  — ^+«  \  ^^  d^-^-n.  ^^^ .  ^^ .  — y+w  .  ^^  . 
2^ .  ^z^  0?*+  &c.  the  series  expressing  the  product  will  be 
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•^Ji=i  .  J!iny.j-&e.    Consequently  as  ^=^  =  i  r^m  —  n. 

—  .r^f^m— ;^.-^^'^*'^' j*-f'^'~^*  ^^T'"*"^ — •  — o^^+m — tt 
.  .2l^Zl\  m-'-n^z    m^n—'^  ^^  g^^  j^  every  possible  value  of 

m,  it  follows  that  when  m  is  equal  to  o,  then  "ssLsr  or  i  —  d*^ 

1— if 

•         ""     •      a  •2*3*  •        z       • 

3  4 

The  form  of  tius  series^  however,  may  be  diangedinto  one 
more  convenient.  For  the  whole  of  the  second,  fourth,  sixth, 
&c.  terms  consist  of  an  even  number  of  negative  parts  multi« 
plied  into  one  another,  and  therefore  each  of  these  terms 
becomes  a  positive  quantity.  Amt  as  the  coefficients  of  the 
third,  fifth,  seventh,  &c.  terms  consist  of  an  even  number  o£ 
negative  parts  multiplied  into  one  another,  asid  as  in-  these 
terms  the  powers  of  x  are  positive,  each  of  these  tenns  be- 
comes a  positive  quantity.     Consequently  i — a\'''^z=i-\^nx-\'^ 

2  k  2  3  ^  2  3  4  • 

Every  particular  necessary  for  the  establishment  of  the: 
binomial  theorem  has  now  been  proved.  I  therefore  proceed 
to  conclude  the  subject,  by  shewing  that  each  of  the  four 
forms,  in  which  the  theorem  may  be  expressed,  immediately 
follows  from  the  preceding  articles,  and  the  general  principles 
of  involution.  In  each  of  them  7^  is  to  be  coni^idered  eithi^ 
as  a  whole  number  or  fraction. 

«s.  By  article  i8,  i+Ir=i  +«x+«  .  ^^*+« .  2:^ .  2=±  j;^ 

+  n  .2zi.2zi,!Lzi^^.&c.    But  if  ^r  be  eqjial  to  j^,  then 
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**«^+7l=*«-f**''»  ^  *hre  general  prindpfes  of  iRvoihition; 
and  therefore  H^"=a"x  :  i+»i  4.»  .tzi^  ^.r  .  2=i.i=i. 

By  article  19,  r^"=i— «x+« .  2=1  x*— n  .  2::2 .  2=i  jr*+ 
«  •  -7- .  -^ .  2^  ^—  &a  and  therefore  as  before,  if—  be  equal 

«'-r"*-T---~"«     *•— &C. 
*         3         4 

By  article  «o,  T+7r''=i-«x+»  .2±ix'— «.2±i  .i=ix» 
+»JL±i.lt2 .2±3  ^_  &c.  and  therefore  if -j  be  equal  to  x, 

.  -7-  jy  —  &c.    But  by  the  general  principles  of  involution 

.  =a     xi+--|    =a+S~  ;  and  therefore  a-t-6l     = 
rf-xn--! 

-±i.«±i.2±i6*a-"-+-&c. 

*         3  4  

By  article  «i,  i=:a""''=i+«x+n  .  !L±ia-+;i.  1±1.  l±i  ^' 
+n .  ~  .  ^~ .  2ii  ^4.  &c. ;  and  therefore  if  ~  be  equal  to  »r, 

«■  •«■  2ii*'  2  3«''  1  ? 

•  -7^  -j;  +  &c.     But  by  the  general  principles  of  involution 
— -1—^  =a     X  1  —  — j    =0=61   ";  and  therefore  a — 61    s=s 
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li:l.!i±i.!±l6^^-«-4^&c.        - 

The  four  forms  expressed  in  this  article  include  the  whole 
of  the  binomial  theorem. 
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XVI.  Ifm)  Method  of  computing  Logarithms.  By  Thomas 
Maraiing,  Esq.  Communicated  by  the  Right  Hon,  Sir  Joseph 
Banks,  K.  B.  P.  R.  S. 


Read  June  5, 1806. 

]Lf  diere  already. edsted  as  full  and  extensive  logarithmic 
tables  as  will  ever  be  wanted,  and  of  whose  accuracy  we  were 
absolutely  certain,  and  if  the  evidence  for  that  accuracy 
could  remaki  urampaired  throughout  all  ages,  then  any  new 
JUBBthod  of  comfMiting  logaritiiiiis  would  be  totally  super^ 
jfliwus  so  &r  as  oosicems  the  formatiqii  of  tables,  and  could 
tmly  iK  TsduaUe  indireetlyf  iiiii«mu(^  as  it  might  shew  some 
curious  and  new  vieMfs  of  natbemadcal  truth.  But  this  kind 
•df  evidence  is  not  m  the  nature  of  human  aifairs.  Whatev^ 
is  recorded  is  no  otherwise  beli^ed  than  on  the  evidence  of 
testimony ;.  and  such  evidence  weal^^ms  by  tjie  lapse  of  tiract, 
ieven  while  the  original  record  remakis;  and  it  weakens  on  a 
twofold  account,  if  the  record,  must,  from  time  to  time  be 
i^placed  by  copies.  Nor  is  this  destruction  of  evidence  arising 
froni  Ae  uncertakity  of  the  copy's  being  accurately  taken, 
any  where  greater  than  in  the  case  of  copied  numbers. 

It  is  useful  then  to  contrive  new  and  easy  methods  for 
computing  not  only  new  tables,  but  even  those  we  already 
have.  It  is  useful  to  contrive  methods  by  which  any  part  of 
a  table  may  be  verified  independently  of  the  rest;  for  by 
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examining  parts  taken  at  random,  we  may  in  some  cases 
satisfy  ourselves  of  its  accuracy,  as  well  as  by  examining  the 
whole,* 

Among  the  various  methods  of  computing  logarithmsr, 
none,  that  I  know  of,  possesses  this  advantage  of  forming 
them  with  tolerable  ease  independently  of  each  other  by 
means  of  a  few  easy  bases.  This  desideratum,  I  trust,  the 
following  method  will  supply ,  while  at  the  same  time  it  is 
peculiarly  easy  of  application,  requiring  no  division,  multipli- 
cation, or  extraction  of  roots,  and  has  its  relative  advantages 
highly  increased  by  increasing  the  number  of  decimal  places 
to  which  the  computation  is  carried. 

The  chief  part  of  the  working  consists  in  merely  setting 
down  a  number  under  itself  removed  one  or  more  places  to 
the  right,  and  subtractinjg,  and  repeating  this  operation ;  and 
consequently  is  very  little  liable  to  mistake.  Moreover,  from 
the  commodious  manner  in  which  the  work  stands,  it  may  be 
revised  with  extreme  rapidity.  It  may  be  performed  after  a 
few  minutes  instruction  by  any  one  who  is  competent  to  sub- 
tract. It  is  as  easy  for  large  numbers  as  for  small ;  and  on 
an  average  about  27  subtractions  will  furnish  a  logarithm 
acccurately  to  10  places  of  decimals.  In  general  gx^^ 
subtractions  will  be  accurate  to  an  places  of  decimals. 

In  computing  hyperbolic  logarithms  by  this  method  it  is 
necessary  to  have  previously  establised  the  h.  logs,  of  ^^  -55"  i 

•~,  &c.  of  2  and  of  10. 
999 

*  For  example^  we  may  wish  to  know  whether  the  editor  of  a  tahle  has  been 
careless.  We  examine  detached  portions  here  and  there  to  a  certain  extent;  if  we  find 
BO  errors,  we  have  a  moral  certainty  that  the  editor  was  careful^  and  consequently  A 
snoraY  certainty  that  the  edition  is  accurate. 
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With  respect  to  the  logs,  of  y,  —-,  ^,  &c.  their  compu- 
tation is  v^ry  easy,*  they  being  the  respective  sums  of  the 

series    ^   +ix-4p   +!><  =p   +*^ip    +  ^^• 

&c. 
of  which  series  each  is  more  easily  summed  than  the  pre- 
ceding. 

With  respect  to  the  logarithms  of  2  and  10  there  are,  it  is 
well  known,  various  ways  of  computing  them,  and  the  time 
requisite  depends  greatly  on  the  practical  habits  of  the  calcu- 
lator. Among  other  ways,  they  may  be  computed  by  the 
method  given  in  this  Paper,  and  with  what  degree  of  expe- 
dition, may  be  seen  by  the  examples  to  the  rules,  where  they 
are  both  of  them  worked.-f- 

•Ex.     H.l.  i222  =  «l.  +  i  x==Lr-  +  ^=L=-+&C. 
999        1000  ^  ,ooo|»        ^  iS^ 

ist  term  =  ,ooi 

2d  term  =  ,0000005 

3d  term  =:  »ooooooooo333 

Sum  =  ,001000500333,     which  is  true  to  the  last  place  of  decimals. 

f  It  may  be  seen  there  that  the  logarithm  of  10  by  this  method  requires  very  little 
work.   The  log.  of  2  may  also  be  computed  from  the  log.  of  10  as  follows. 

2»'»  =  1024  =  1000  X  (i  +"-^)  therefore  log.  a'^zz  3X  log.  10  +  log.  (1  + 

^)=3x  log.  10+ (-il. -liSl- +  ^  X  5|i— &C.1 

UU  2 
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Table,  containing  thehyperbolk  Logcaritkms  of  ",  ^22.,  VSSt^  ^c. 
of  s  and  of  lo;  together  with  the  Reciprocal  ^  tht  iast  or 
Modulus,  of  the  common  Logarithms.. 

H.l.  ofj  =,1053605156^5 

^'^'     ^  =,010050335853 

t       I  1000 

199  =.001000500333 

1 0000 


^'  ^'        '9999'         ~  ,000100005  . .  . 

hi  100000 

•  19999  ~  ,00001000005 


h.I. 


lOOOQOO 

999999 
I 0000000 

9999999 

I 00000000 

99999999" 


hi  lOOOOOO 

•  !•       " =  .000001 

999999  *   ^wuux 

hi  I 0000000 

•  !•        " ss  •OOOOOOl 
9999999  >vwww;w4 


^00000001 


|0Q0)^(.0H 

48 
12 

2X1000I*  )s76(.ooo288 
^ 

list 
12 


3  X  loool'  )  I3824(,ooooo46o8 

2 

27648 
12 


4X  iooo|*  ) 33 1 776(. 000000082944 
2 


5  X  loooj'  )7962624(. 000000001^92 

Sum  of  odd  terms    4024004609592 

— — .    even  — ^    ^0002 8808  2944 

Difference     ,0237 16526648 

3X  log.  10    6,9077^5279648 

Log.  2*«    •    .      6,931471806296.    True  to  the  loth  figure. 
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and  so  on ;  the  unit  receding  regularly  to  the  right, 
h.  1.      8  =   ,69314,7180637 

h.  1.    10  =  «,3o«585093*i7 
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h.  1.  10 


=   ,434«94!4.8i86i. 


Certain  Multiples  of  the  above  Numbers;  viz.  all  those  required 
itk  compuiiaa  logarithms  by  the,  suI^Qia4d  Rules  ^  and  which 
are  not  evident  upon  Inspection. 


9    9^ 


Ofh.l.  2. 


ux. 


Doufcie h.i, of— =, 8107210313(19    Double  =  1,386234361 « 74 

triple   .     =,31608154^5065  triple      =2,07944,1 54,19.11 
(]^uadruple  =  ,42 144,2 065^020    quadple.  =«,77258§722548 


5ple.  =  ,5ieSo25yd9is  5ple. 

fiple,  ;^^38»%o9393d  fiptct 

7ple.  =^  ,7S75«86q9585  7pl^ 

Sfje.  =s",8ui,4884T^5240  8pte. 


3.465735903185 
:4,i5«4830888ft2 

4^852030264459 
5.545177445096 
£^3^g4f5£733 

Of  ti.  i.  10. 


Double  h.  L  -21=  ,020100671 706    Double   =4,605170^1861434 

triple 

quadruple 

5ple. 

6ple. 

7ple. 

8ple. 

9ple. 


;<&SOJ41©07559  triple      a=«,907^55«7965i 

.>S>*P'»o^^^4^g  (fifiii^    ,.d.**o$4os7«^ 

,050251679265  5ple.  11,5129254,06085 

,060302015118  6ple.  13.815510559309 

,070352350971  7ple.  16,118095652519 

,080402686824  8ple.  18,420680745736 

.090453082677  9ple.  20,723265838953 


Of: 


Double  b.  1. =s  ,00200 IOO0666 

triple  =  ,003001500999 
quadruple  =,004002001332 

5ple.  =:  ,005002501665 

6ple.  =  ,006003001998 

7ple.  =  ,007003502331 

8ple.  =  ,008004002664 

9ple.  =  ,009004502997 


Double 

triple 

quadple. 

5ple. 

6ple. 

7ple. 

8ple. 

9ple. 


h.  1.  10 

=    ,868588963722 

=  1,302883445583 

=1.737177927444 
=2,171472409305 

5=2,60576689 1 1 66 
=3,040061373027 
=3.474355854888 
=3.908650336749 
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I.     To  find  the  hyperbolic  Logarithm  of  any  Number  not 

exceeding  2. 

Rule.  Set  the  number  under  itself,  to  be  subtracted  from 
itself,  but  removed  so  many  places  to  the  right  as  shall  be 
necessary  to  make  the  remainder  greater  than  1 ;  subtract* 
Proceed  in  the  same  manner  with  the  remainder,  and  so  on 
till  the  remainder  becomes  i  followed  by  ^  as  many  cyphers 
as  the  number  of  decimal  places  you  work  to ;  suppose  at 
the  end  of  the  operation  you  find  that  you  have  removed  one 
place  to  the  right  and  subtracted  6  times ;  two  places,  c  times ; 

three  places,  d  times,  &c. ;  then  6  x  h.  1.  ^  +  ^:  x  h,  L  -~  + 
(^  X  h.  1.  -—  +  &c.  +  decimal  part  of  the  last  remsdnder  = 
h.  1.  sought. 

And  these  numbers  are  collected  together  out  of  the  Table ; 
for  6,  Cy  dy  &c.  can  none  of  them  ever  exceed  9, 
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Ex.  I.     Tofnd  the  h.  L  oj  i  to  lo  Places  of  Decimals. 


s. 

.a 
1.8 

.18 

1,6*2 

i6g 

1.458 
.1458 

1.319a 
1312a 


6x  h.  1.— 


.632163093930 

.060302015118 

e  X  h.  1.  ^^-  =  .00060003 .  .  . 

.0000800004, . . 


lOOOO 

9999 


8xh.l.^ 


1.18098 
118098 

1.062882  .  .  .  ...  6 

106288a 


E 
999999 

dedm.  last  rem. 


«x h.  1.-:^^=^  .00000a 

.000000041189 


h.l.«=  693147180637 


1105225318 

io.5g«53^8 
1.041 73ot)4»2 

1041730648a 

1.031313S4171** 

ioai3».q.S4^7^ 
1.0a 10003083009 

102100020830 

1.0.107902062179 
101079020621 

1.0006823048558... . . .  6- 

Transferred  to  next  page. 
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1.0006823049558 
1000682304 


1.0005822360254 
1000582^36 


1.0004821778018 
1000482177 

1.0003821295841 

1000382 1 BQ 


1.0002820913712 
1000282091 

1.0001820631621 
100018206$ 

1.0000820449558 6 

100008004 

1.0000720441354 
1000^7204 


1.0000620434156 
10000(6204 


1 .0000520427946 
100005204 


1 .0000420422742 

100004204 


1.0000320418538 
100003204 

1.0000220415334 
100002204 

1.0000120413130 
100001204 

1.0000020411926  ....;• 8 
10000020 

1.0000010411906 
10000010 

1 .000000041 1896     Last  remainder. 
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1.25 
1.1*5 
1.01&5 9 

10185 

i.002375 I 

1008375 
1.001378625 

.     1001378685 
1.000371852375 
1000371258 


Ex.  ir.     To  find  the  h.l.ofi  .25. 

,310721031310 

.    ,010050335853 

.    ,002001000666 


«xh.l.^ 


999 


3H 


h  1  -i2!l 
^•^•9999 

io|) 


%. 


7xh.l. 
1 X  h.  L 


99999 
Top 


999999 

1  .ooo«7 1 2 152498    decimal  of  last  re- 

1000271215      mainder 
1.0001 

100017 


^Snli       \^-  ^^ 


1.0000711710095. 
100007117 

1.0000611702978 
100006117 

1.000051 1696861 
100005116 

1.0000411691745 
1000411 16 > 

1.0000311687629 


3 


100003116 


1.0000211684513 
' 100002116 

1.0000111682397 
100001116 


1.0000011681281 ....  7 
10000011 

1.000000168 1270  last  remainder. 
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.  ,0003000 15000^ 

.  ,000070000350 

.  ,000001  ....... 

.  ,000000168127 


•  ,223143551306 
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II.    To  find  the  h.  /.  rfany  Number^  xvholi  or  tfwt. 

Rule.  Reduce  the  given  number  ( if  necessary )  to  a  wholcL 
or  mixt  number  less  than  a,  by  Setting  the  dedmal  point  after 
the  fixst  significant  figure,  or  if  the  ^ven  number  be  lo  or  si 
power  of  lo  after  the  first  o;  and  then  dividing  by:^.(if 
necessary  )  till  fhe  integral  part  is  i  ..* 

Find  the  h.  1.  of  this  reduced  number  by  the  last  rule,  mmJ 
ad(t  to  it  or  subtract  from  it  as  many  times  the  h.  L  of  lo  as 
the  decimal  point  was  removed  places  to  the  left  or  right.  2 
also  add  to  it  as  many  times  the  h.  1.  of  2  as  tfiere  were  divi- 
sions  by  s.    The  sura  is  the  W.  L  required. 

Ex.  III.    To  find  the  k.  t.  of  10, 
~  s  i.5t^  whose  1l  log.  is  found  in  the  letst  exa»pl«  ta  be 

h.  1.  g'  =  8,079441541911 
h.  1. 10      8,302585093217 

Ex.  IV,  To  find  the  h.  L  of  554^^74^%  to  6  Places  ^  Decimals. 
4)5-548748  3xh.L^    t»     ,stCo»i546 

1 . 1 2362 1 47  decimal  of  last 

112362147  remainder      ci^     ,ot>oi  4558^4 

1.011259323...  3  h.log.  1.387187  =   -r3s^7a779fi5 

1011^593  6  X  h.  1.  10  t±to.  13,81551^59 

1.001146730 ...  1  2xh.l.  2     =   x,38gk943gl 

1001146  (log,  required  ^     15,52^082885 

1.000145584    last  remaiaiirl 

*  Three  divisions  by  z  will  always  suffices 
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Ex.  V.  Tefaidthe  ktofytog  Piaces  o/Dfcitnak, 
4)7-  _ 

5«  h. I.^  . . .    ,j|s68o25 


i'76 

i'575 

^575 
1.4175 

•4175 

^*7S75 
A.143175 
114817^ 

10333575 
^033357 

1.02302393 
1083023 

1.01279370 

1012793 

1.0026*6577 

T002TO 


3xh.l.  — ...   ,0301510 

hi  'loeo 
.l.-— -.«     ,0020010 
999 

xledin'x>f  last  rem'  ...   ,0006614 
.«.xh.l.   s  ...  1,3862943 

%.     7  =  i<9459'0» 


l.OOS^^ll 

100166 
last  rem.  1^000661^ 

TK>m  the  smaU  number  of  subtractions  that  have  been  ne- 
cessary, the  log.  of  7  must  be  correct  to  6  places  of  dedmals. 

IIL    To  find  the  common  'Logarithm,  (^any  Number, 
£uLE.    Fufid  the  h.  1.  by  the  above  j*ule,  and  multiply 

rf;5«»toit. 

'OQierwise.   Proceed  by  art.  2,  omitting  what  concerns  the 

Xx  2 


Digitized  by 


Google 


338  Mr.  Manni»g':S  new  Method 

h.  1.  TO.     Multiply  into  jj-f-7^,  and  add  or  subtract  as  many 
units  as  the  decimal  point  was  reilioved  to  the  left  or  right. 

Note.    The  multiplication  of  a  number  by  57-f-^is  y^xy  ex- 
peditiously performed  by  means  of  the  Table  of  multiples  of 


h.  1.  10* 


The  demonstration  of  the  above  rules  is  obvious.  Setting 
the  figures  of  a  number  one  place  to  the  right  is  dividing  that 
number  by  10 ;  2  places,  by  100 ;  3  places,  by  1000 ;  and  so 
on.  And  subtracting  a  number,  so  place.d,  from  the  number 
itself  is  subtracting  a  10th,  a  looth,  a  loooth,  &c:  (in  the  re- 
spective cases)  of  the  number  from  itself;  and  consequently 
the  remainders  are  (respectively)  -i^ths,  ^i^ths,  .^^-ths,  &c. 
of  the  numbers  subtracted  from.     Let  6,  ^,  d^  &c.  denote  as 

in  the  rule ;  then  the  original  number  ==:  •^j  x  ^—\  x  -^^    x 
&c.  X  last  remainder.     Therefore  the  log.  of  the  original 


number  =  fc  x  log.  -  +  c  x  log.  —  +  rf  x  log.  —  +  &c.  + 

log.  of  last  remainder.  Now  the  last  remainder  being  unity 
followed  by  a  certain  number  of  decimal  cyphers,  its  correct 
hyp.  log.,  as  far  as  twice  that  number  of  places,  is  (as  is  well 
known )  the  decimal  part  itself  of  that  remainder.  Hence 
the  rule  is  manifest. 

A  similar  method,  by  addition  only,  by  means  of  the  ready 
computed  logarithms  of  li,  y|±,  yoVo^  ^^*  ™gh*>  ^^  some 
cases,  be  used  with  advantage.  Let  N  denote  the  given 
number,  consisting  of  unity  and  a  decimal  whose  h.  1.  is 
sought ;  and  let  P  denote  any  number  less  than  N,  and  whose 
h.  1.  is  previously  known.    Set  P  under  itself  removed  one 
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or  more  places  to  the  right ;  add ;  and  proceed  with  the  sum 
in  the  same  manner,  till  you  have  obtained  a  number,  N  +a, 
the  difference  between  which  and  N  shall  be  inconsiderable. 
Let  b,  c,  d,  &c.  (denote  as  in  the  rule. 

Then  P  xjigi*  x^' X  mp'' X  &c.  =N±^/ 
Therefoire'log.  N  ±a  =  log.  P  -|-  6  x  log.  fl  +  f  x  log.  4|| 
4-  rf  X  log.  -ffl*  H-  &c.,  which  call  B. 

And  log.  N  =  log.  ^  +  log.  N±^=,Iog.-^  +  B. 
Now  .we., may  either    carry  the  operation  so  far  that 

log.  ^^^.  may  be  neglected,  or  we  may  actuiifly  divide  N  b^ 
N — a,  or  N -f-a  by  N  ( according  as  the  sign  is  —  or  + )  and 
add  or  subtract  the  quotient  from  B, 

Various  artifices  may  be  occasionally  used  to  shorten  the 
,  computation  both  in  the  method  of  subtraction,  and  in  this  of 
addition ;  and  the  two  may  sometimes  be  advantageously 
combined  together. 

It  should  be  observed  that,  in  setting  down  the  numbers, 
the  last  figure  set  down  ought  to  be  increased  by  unity  when 
the  figure  immediately  following  in  the  neglected  part  ex- 
ceeds 4. 
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Example  of  the  Method  of  Addition,    Tojmd  the  h.  U  oj  t. 


Continued. 
1-993855 

— m 

1-995849 

199^ 

1-997845 
1998 

i<9fi984a 

192. 

g.oooo4g 


161051 

1771561 

,    177156 

1.948717 

1.968204 

1.987886 
1988 

1-^9874 
1989* 

From  this  operation  it  appears^  that 


'  1\  ' 


10  ll 


10^  To'   ^  Too'   ^  1000 


^^^  x4^^  =  ».oooo4«. 


Consequently,  7  jc  h.l.  i^  +  2  x  h.L  i§i  +  6  x  h.l.  |S§^  + 

^- 1-  T33^  =  h.  1.  2,00004«. 

=  h.  1.  2  +  h.l.^:2^  =:h.l.  2  +  h.L  (l.00002l)  =  h.l.  2+ 

000021. 

The  method  by  subtraction  has  many  advantages  over  this 

•  Instead  of  this  number  1989,  it  would  be  more  correct  to  set  down  1990, 
because  the  first  figure  of  the  neglected  part«  874,  exceeds  4. 
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by  addition.  It  is  more  simple,  and  being  more  completely 
mechanical,  may  be  confided  to  the  most  unskilful  without 
danger  of  error.  And  though  addition  he  an  easier  operation 
than  subtraction,  yet  the  greater  farility  arising  from  this  cir- 
cumstance will  not.  be  found  suJSicient  tp  balance  these  and 
other  advantages. 
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XVII.     Description  of  the  Mineral  Bason  in  the  Counties  of 
'  Monmouth,  Glamorgany  Brecon,  tJarmarthen,  and  Pembroke. 
By  Mr.  Edward  Martin.     Communicated  by  the  Right  Hon. 
C.  F.  Greville,  F.  R.S. 


Read  May  22,  1806. 

1.  The  irregular  oval  line,  delineated  on  the  annexed  map 
(Plate  XIV.)  shows  nearly  the  inner  edge  of  a  limestone 
bason,  in  which  all  the  strata  of  coal  and  iron  ore  (commonly 
called  Iron  Stone )  in  South  Wales  are  deposited ;  the  length 
of  this  bason  is  upwards  of  100  miles,  and  the  average  breadth 
in  the  counties  of  Monmouth,  Glamorgan,  Carmarthen,  and 
part  of  Brecon,  is  from  18  to  90  miles,  and  in  Pembrokeshire 
only  from  3  to  5  miles. 

2.  On  the  north  side  of  a  line,  that  may  be  drawn  in  an 
east  and  west  direction,  ranging  nearly  through  the  middle 
of  this  bason,  all  the  strata  rise  gradually  northward ;  and  on 
the  south  side  of  this  line  they  rise  southward,  till  they  come 
to  the  surface,  except  at  the  east  end,  which  is  in  the  vicinity 
of  Pontipool,  where  they  rise  eastward. 

3.  The  depths  from  the  surface  to  the  various  strata  of 
coal  and  iron  ore  depend  upon  their  respective  local  situations. 

4.  The  deepest  part  of  the  bason  is  between  Neath,'in  Gla- 
morganshire, and  Llanelly,  in  Carmarthenshire ;  the  upper- 
most stratum  of  coal  here  does  not  extend  a  mile  in  a  north 
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and  south  direction,  and  not  many  miles  in  an  east  and  west 
direction,  and  its  utmost  depth  is  not  above  50  or  60  fathoms. 

5.  The  next  stratum  of  coal,  and  those  likewise  beneath  it, 
lie  deeper  and  expand  still  longer  and  wider,  and  the  lowest 
which  are  attended  by  parallel  strata  of  iron  ore,  of  which 
there  are  in  some  situations  about  16  accompanied  by  irregular 
balls  or  lumps  of  iron  ore,  occupy  the  whole  space  between 
Llanmaddock  Hill,  near  the  entrance  of  Burry  river,  to 
Llanbidie,  from  the  Mumbles  to  Cribbath,  from  Newton  Down 
to  Penderryn,  from  Castle  Coch  to  Castle  Morlais,  and  from 
Risca  to  Llangattock,  and  in  length  on  the  south  side  of  the 
bason  from  Pontypool  through  Risca,  Tinkwood,  Llantrissent^ 
Margam,  Swansea  Bay,  and  Cline  Wood,  to  Llanmaddock 
Hill,  and  on  the  north  side  through  Blaenafon,  Ebbw,  Sirhowy, 
Merthyr,  Aberdare,  Aberpergwm,  Glyntowy,  Llandibie,  and 
the  Great  Mountain,  to  Pembrey  Hill,  near  lianelly  in  Car- 
marthenshire, and  their  depths  are  at  the  centre  range  of 
strata  from  6  to  700  fathoms, 

6.  The  strata  of  coal  and  iron  ore  running  from  Pembrey 
Hill,  through  Carmarthen  Bay  and  Pembrokeshire  to  St. 
Bride's  Bay,  are  only  a  continuation  of  those  in  the  counties 
of  Glamorgan  and  Carmarthen,  which  lie  nelxt  to  and  parallel 
with  the  north  side  of  the  bason,  all  the  remaining  strata 
rising  southward ;  and  the  middle  ranges  on  the  north  side  of 
the  bason,  are  lost  between  where  they  meet  the  sea  near 
Llanmaddock  Hill  and  the  south  side  of  Pembrey  Hill,  in  their 
course  towards  Pembrokeshire,  in  consequence  of  a  contraction 
of  the  sides  of  the  mineral  bason,  or  rather  by  its  becoming 
shallower ;  for  in  Pembrokeshire  none  of  the  strata  of  coal 
or  iron  ore  lie  above  80  or  100  fathoms  deep,  consequently 
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al)  those  wkch  do:  not  lie  above  $  or:^oo  fathomarin Gkmor- 
g9ii«)ure  and  Carmarthenshire  have  not  reached  thia  aom^y, 
by  reason  of  the  bason  not  being  of  sufiicieiit  depth  and  width 
to  hold  them. 

7*  The  strata  of  coal  at  the  east  end  of  the  bason  running 
from  Pontypool  to  Blaenafon  and  Clydach,  and  on  the  north 
side  from  thence  to  Nanty  Glo,  Ebbw,  Beaufort^  Sirhowy, 
Tredegar,  Romney,Dowlais,  Penderryn,Plyinouth,Cyfarthfa, 
Abemant,  Aberdare  and  Hurwain  Furnaces  and  Iron  Works, 
are^  of  a  cokeing  quality,  and  from  thence  the  whole  t»trata  of 
coal  to  St.  Bride's  Bay  alter  in  their*  quality,,  to  what  is  called 
Stone  Coal,  (the  large  of  which  has  hitherto  been  used  for 
the  purposes  of  drying  malt  and  hops,  and  the  small,  which 
is  called  Culm,  for  burning  of  limestone);  the  several  strata 
of  coal  from  PontypooJ,  on  the  soQth  side  of  the  bason, 
through  Risca,  Llantrissait,  Margam,  arid  Cline  Wood,  to 
Burry  River,  Llanelly ,  and  the  south  side  of  Pembrey  Hill,  are 
principally  of  a  bituminous  or  binding  quality. 

8*.  Notwithstanding  the  principal  strata  of  coal  in  Glamor- 
gan^hire,  lie  from  5  fathoms  to  6  or  700  fathoms  deep,  sdll 
it  has  not  been  necessary  to  pursue  these  strata  deeper  than 
about  80  fathoms. 

^  The  veins  of  coal  asid  iron  ore^  in  the  vidnity  of  most 
cif  the  iron  works  in  Monmouthshire  and;  GlamorgansiHre 
are  drained  and  worked  by  leveb  or  horizontal  drifts,  whh)h 
opportunity  rs  given  by  the  deep  valleys  which  generally  ruh 
in  a  north  and  south  direction,  intersecting  the  range  of  coal 
and  iron  ore,  which  run  in  an  east  and  west  dhrectlon,  under 
the  high  mountains,  and  thereby  serving  as  main  drains,  so 
that  the  collier  or  miner  here  gets  at  the  treasures  of  the 
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earthy  without  going  to  the  expence  and  labour  of  sinking 
deep  pits,  and  erecting  powerful  fire-engines.  However, 
in  process  of  time,  in  situations  where  the  coal  and  iron  ore 
that  are  above  the  level  of  these  natural  drains,  become  ex- 
hausted, it  win  be  found  necessary  to  sink  shallow  pits,  and 
erect  fire-engines  for  the  draining  and  working  of  the  coal 
and  iron  ore,  and  at  a  future  penod,  pits  of  greater  depths, 
must  be  sunk  for  the  same  purposes. 

io»  There  are  i«  veins  or  strata  of  coal  in  this  mineral 
depository,  from  3  feet  to  9  feet  thick  each ;  which  together 
make  yof  feet:  and  there  al^e  11  more,  from  id  inches  to  3 
feet,  which  make  24^  feet,  making  in  all  g^  feet;  besides  a 
number  of  smaller  veins  from  12  to  18  inches,  and  from  6.  to 
12  inches  in  thickness^  not  calculated  upon. 

11.  By  taking  the  average  length  and  breadth  of  the  fore- 
going different  strata  of  coal,  the  amount  is  about  1000  square 
miles,  containing  g^  feet  of  coal  in  ^3  distinct  strata,  whidi 
will  produce  m  the  conmiori  way  of  working  100,000  tons 
per  acKe,  or  64,;(m:>o,ooo  !tons  per  square  mile. 

i«.  If  the  whole  extent  of  this,  mineral  country  was  an 
even  plain,  the  border  or  outbreak  of  each  stratum  would 
appear  regular  and  true ;  but  owing  to  the  interposition  of 
hills  and  valleys,  the  edges  of  the  strata,  if  nicely  measured 
and  planned^  would  seem  indented  and  uneven,  yet  in  many 
instances  the  due  range  is  totaUy  thrown  out  of  course, 
in  consequence  of  knots,  dikes,  or  faults. 

13,  These  fauks  or  irregularities  are  not  confined  to  the 
edges  of  the  strata,  but  they  take  grand  ranges,  through  the 
interiof  of  the  baison,  generally  in  a  north  and  south  direction, 
aod  oftoi  throw  the  whole  of  the  strata,  for  hundreds  of  acres 
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togethier,  40,  60,  80,  or  100  fathoms,  up  or  down,  and  still 
there  is  seldom  any  superficial  appearance,  that  indicates  a 
disjunction,  for  the  largest  faults  frequently  lie  under  ev^i 
surfaces. 

'  14.  As  every  stratum  rises  regularly  from  its  base  to  the 
surface,  and  is  frequently  visible  and  bare,  in  precipices  and 
deep  dingles,  and  often  discovered  where  the  earth  or  soil  is 
shallow  in  trenching,  or  in  forming  high  roads,  and  by  reason 
of  the  whole  of  the  country  within  this  boundary  being  so 
peirforated  by  pits,  and  so  intersected  by  the  various  opera- 
tions.-af  art  and.  nature,  it  is  not  probatble  that  anyydn  of 
coal;  iroft  pre,  or,  other  stratum  remains  undiscovered  in  this 
mineral  bason. 

15.  Glamorganshire  engrosses  far  the  greatest-portion  of 
coal  arid  iron  ore,  Monmouthshire  the  next  in  point  of 
quantity,  Cartnartiienshire  the  next,  Pembrokeshire  the  next, 
ahd  Brecknockshire  possesses  the  least. 

16.  The.  strata  of  coal  and  iron  ore  in  the  last  named 
county,  which  are  the  lowest  in  the  bason,  break  out  north- 
ward, and  only  take  place  in  the  three  following  distinct 
spots,  viz.  1st.  From  Turch  River  (which  is  the  boundary 
between  Lord  Cawdor  and  Charles  Morgan,  Esq. )  across 
the  river  Tawe  and  the  Drin  Mountain  to  the  great  forest  of 
Brecon.;  2d.  A  comer  of  ground frr^m  Blaen  Romney  to  the 
north  of  Brynoer.  3d.  Another  spot,  from  Rhyd  Ebbw  aYid 
Beaufort  Iron  Works,  thrt)ugh  Llwyn  y  Pwll,  near  Tavern 
Maed  Sur,  to  where  it  joins  Lord  Abergavenny's  mineral 
property. 

17.  Note.  A  principal  fault  is  observable  at  Cribbath, 
4vhere  the  beds  or  strata  of  the  limestone  stand  erect :  anotheri 
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of  considerable  magnitude,  lies  between  Ystradvellte  and 
Penderryn,  where  all  the  strata  on  the  north  side  of  the  bason 
are  moved  many  hundreds  of  yards  southward  (as  at  Dinas). 
18.  Note.  The  limestone  appears  to  the  surface  all  along 
the  boundary  line  in  the  counties  of  Monmouth,  Glamorgan, 
Carmarthen,  Brecon,  and  no  doubt  can  be  entertained  of  its 
due  range  from  Newton  across  Swansea  Bay  to  the  Mumbles, 
and  from  Llanmaddock  Hill  across  Carmarthen  Bay  to  Tenby. 
In  Pembrokeshire  it  appears  to  the  surface  on  the  south  side 
of  the  bason,  at  Tenby,  Ivy  Tower,  Cochelard,  Bit  Church, 
Williamston,  Lawrinny,  Cord,  Canta,  and  Johnston  ;  and  on 
the  north  side  of  the  bason,  at  Templeton,  Picton,  Harriston, 
and  Persfield ;  yet  it  certainly  forms  an  underground  con- 
nection from  point  to  point. 
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XVIII.  Observations  on  the  Permanency  of  the  Variation  of  the 
Compass  at  Jamaica.  Ith  a  Letter  from  Mr.  James  Robertson 
to  Oie  Right  Hon.  Sir  Joseph  Banks,  K.  B.  P.  R.  S.  &c. 


Read  June  «,  1806. 

SIR, 

As  any  improvement,  or  discovery  in  the  arts  and  sciences^ 
will,  I  am  persuaded,  experience  your  favourable  recepdoQ, 
I  have  the  honour  of  submitting  to  your  considen^n  a  dis- 
covery I  have  made  on  a  subject,  the  state  of  which  can  only 
be  ascertained  by  observations  made  from  time  to  time,  as  it 
is  not  regulated  by  any  known  law  of  nature :  I  mean  the 
variation  of  the  magnetical  needle. 

This  discovery  may  not  only  excite  others  to  make,  and 
repeat,  observations  in  different  parts  of  the  globe,  but,  by 
causing  this  changeable  quality  to  be  better  understood,  may 
contribute  to  the  benefit  of  navigation,  and  commerce,  as  well 
as  to  the  advancement  of  a  more  particular  knowledge  of  the 
subject. 

It  has  hitherto  been  considered,  that  the  variation  of  the 
magnetical  needle  is  not  fixed  in  any  particular  place,  but  is 
constantly  varying,  in  a  greater  or  a  less  degree,  in  all  parts 
of  the  world.  I  have  discovered  an  exception  to  this  supposed 
general  property  of  variation ;  and,  as  it  may  be,  perhaps,  the 
first  that  has  been  made,  it  will  require  proportionally  strong 
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proof  to  establish  it.  This,  I  flatter  myself,  I  am  able  to 
effect,  to  the  certainty  of  demonstration  itself:  but,  in.  doing 
so,  I  am  under  the  necessity  of  being  more  tedious  than  I 
could  wish,  in  order  to  describe  fully  the  data,  on  which  the 
inference  is  founded 

I  resided  at  Jamaica,  as  a  King's  Surveyor  of  Land,  upwards 
of  to  years.  Disputes  at  law  about  boundaries  of  lands- are 
there  decided  by  ejectments,  in  the  Supreme  Court  of  Judica- 
ture, by  the  evidence  and  diagrams  of  King's  surveyors  of  land* 
This  is  diffeiient  from  the  practice  in  England,  because  the 
manner  in  which  grants  of  land  from  the  Crown  are  made,  in 
the  two  countries  is  different.  In  Jamaica,  to  every  grant  of 
land  a  diagram  thereof  is  annexed  to  the  patent  This  dia- 
gram is  delineated  from  an  dctual  survey  of  the  land  to  be 
granted,  having  a  meripdional  liiie,  aocofrding  to  the  mag* 
netical  needle,  by  which  the  survey  ivas  made,  laid  down  iti 
it.  No  notice  is  taken  of  the  true  meridian.  The  bc^ndary 
lines  of  the  land  granted  are  marked  on  earth,  (as  it  is  deno» 
mtinated,)  by  cutting  notches  on  the  trees  between  which  the 
line  is  ruij  through  the  woods.  These  trees  beings  mostly  cf 
hard  timber,  the  notches  will  be  discernible  for  36  years,  or 
more.  By  repeated  re-surveys  these  lines  are  kept  up :  ahdy 
when  the  cultivation,  on  both  sides,  renders  it  necessary  to 
fell  the  mairked  trees,  (which  can  only  bei  dbni^  by  mututl 
cosisent,  it  being  otherwise  death  by  the  law,)  logwood 
fence$^  are  planted  in  the  lines  dividing  the  propertiesf  thus 
cultivated:  and  many  of  these  fences  have  been  regularly 
repaired,  and  kept  up,  to  the  present  time.  Lands  were 
granted  from  the  Crown  soon  after  the  Restoration,  in  i€6o ; 
and  every  succeeding  year  the  number  of  patents  increased; 
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The  old  estates  have  been  often  re-surveyed,  and  plans  of 
them  made,  and  usually  annexed  to  deeds  of  conveyance,  or 
mortgage,  which  must  be  enrolled,  within  a  limited  time,  in 
the  office  of  the  Secretary  of  the  Island  ;  where,  also,  all  the 
patents,  and  diagrams  annexed  to  them,  are  recorded.  In  all 
disputes  at  law  about  boundary  lines,  where  the  keeping  up 
of  the  old  marked  lines  on  earth  has  been  neglected,  surveyors 
are  appointed  to  make  actual  re-surveys  of  all  the  old  marked 
lines  on  earth,  (preserved  in  the  mariner  before  mentioned,) 
and  to  extract  from  the  Secretary  of  the  Island's  office,  cor- 
rect copies  of  all  such  diagrams  annexed  to  patents,  and  to 
deeds  of  conveyance,  or  mortgage,  of  lands  in  the  neigh- 
bourhood where  the  disputed  boundary  is,  as  they  may  think 
necessary  for  the  investigatbn  thereof.  They  then  compare 
the  lines,  and  meridians,  of  these  original  diagrains  with  those 
in  their  diagrams  delineated  from  their  own  re-surveys  re- 
cently made ;  when  it  is  always  expected  that  the  lines,  and 
meridians,  of  the  former  will  coincide  with  those  of  the  latter. 
It  is  evident  that  this  coincidence  could  not  happen  if  any 
variation  of  the  magnetical  needle  had  taken  place  in  the 
intermediate  time  elapsed  between  the  making  of  the  first, 
and  of  the  last,  survey.  My  business  being  very  extensive,  I 
was  frequently  applied  to  in  disputes  at  law  about  boundary 
lines,  and  I  had,  besides,  abundance  of  opportunities,  oa 
other  surveys,  to  ascertain  this  fact  satisfactorily.  From  all 
which  1  have  discovered  that  the  courses  of  the  lines,  and 
meridians,  delineated  on  the  original  diagrams  annexed  to 
patents,  from  1660,  downwards  to  the  present  time,  and  of 
the  re-survey  diagrams  thereof,  annexed  to  deeds,  coincide 
with,  and  are  parallel  to,  the  lines  and  meridians  delineated 
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Qtt  the  new  diagrams  from  recent  surveys  made  by  the  mag* 
netical  needle,  of  the  same  original  marked  lines  on  earth, 
preserved  as  before  described) ;  so  that  whatever  course  is^ 
laid  down  for  the  line  on  the  diagram  annexed  to  the  patent, 
(and  let  it  be  supposed,  for  example,  to  be  north  and  south, 
or  east  and  west,)  upon  setting  the  compass  in  the  old  marked 
line  on  earth,  and  dh^cling  the  sights  north  and  south,  or 
east  axKi  west,  according  to  the  magnetical  needle,  the  said 
marked  line  on  earth,  originally  run  by  the  magnetical  needle 
130  or  140  years  ago,  has  been  found  by  me  to  be  exactly  in 
the  line,  or  direction  with  that  of  the  compass ;  consequently 
no  alteration  of  the  variation  could  have  taken  place  during 
the  whole,  or  any  part,  of  that  period  of  time  in  Jamaica. 

To  this  it 'may  not  be  unacceptable  to  subjoin  a  short 
history  of  the  practice  of  surveying  in  Jamaica,  from  the* 
Restoration  to  tiie  present  time,  in  order  to  obviate  any  doubt 
that  might  arise,  whether  there  be  not  a  possibility  of  the 
quantity  of  the  magnetical  variation  having  be^i  ascertained^ 
and  allowed  for,  in  the  first  diagrams  annexed  to  patents; 
and  whether  the  variation  of  6^  degrees  east,  which  corres- 
ponds with  the  magnetical  needle  now,  might  not  then,  have 
have  agreed  with  the  true  meridian. 

The  variation  of  the  compass  was  first  observed  by  Columbus^ 
in  his  first  voyage  across  the  Atlantic,  in  the  year  149s ;  and 
seemed  to  threaten  that  the  laws  of  nature  were  altered  in  an 
unknown  ocean.  It  is  evident,  however,  that  Columbus  was 
not  able  to  ascertain  the  quantity  of  variation ;  for  if  he  had 
ascertained  it,  the  danger  he  was  in  would  have  been  dimi- 
nished, if  not  entirely  remove.  His  disciovery,  therefore, 
must  have  been,  simply,  the  deflection  of  the  magnetical 
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needle  from  the  true  meridian^  without  knowing  the  quantity 
tfiereof. 

From  this  period  down  to  the  year  1700,  when  Dr.  Halley 
published  his  "  Theory  of  the  Variation  of  the  Compass/'  no 
observations,  ascertaining  the  quantity  of  variation,  in  the 
West  Indies,  were,  I  believe,  published.  He  was  the  first 
that  made  any  in  South  America,  and  these  were  chiefly  ap- 
plicable to  the  coast  of  Brasil.  With  his  theory  was  published 
"  A  new  and  correct  Chart  of  the  whole  World,  shewing  the 
"  Variations  of  the  Compass,  &c.  as  they  were  found  in  1700, 
"  by  Direction  of  Capt.  Edm.  Halley."  By  this  chart  the 
variation,  at  Jamaica,  appears  to  have  been  the  same  as  it  is 
at  present.  His  theory  could  have  been  known  but  to  few ; 
nor  do  any  observations,  in  the  West  Indies,  appear  to  have 
been  made  for  many  years  after  its  publication.  Indeed  I 
know  of  none  till  very  lately,  and  these  only  in  a  few  charts. 
But,  however  extensive  its  publicity  might  have  been,  it  could 
have  had  no  influence  in  directing  the  surveys,  in  Jamaica^ 
that  preceded  it  by  30  or  4,0  years. 

The  ascertaining  of  the  true  meridian,  and,  consequently, 
of  the  magnetical  variation  from  it,  requires  more  scientifical^ 
as  well  as  practical,  knowledge,  than  is  often  to  be  met  vrithr 
even  at  this  time ;  but,  130  or  140  years  back,  it  was  entirely 
confined  to  a  very  few  individuals.  The  magnetical  needle 
was  then  the  only  guide  and  rule  to  go  by,  both  at  sea  and' 
at  land,  apd,  generally,  without  any  reference  being  had  ta 
the  true  meridian. 

Had  the  first  surveyors  ascertained  the  quantity  ofvaria*- 
tion,  and  allowed  for  it,  in  delineating  their  diagrams  that 
were  annexed  to  the  earliest  patenta  in  Jamaica^  they  would. 
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have  mentioned  the  same  in  such  diagrams;  otherwise  it 
could  (Mily  tend  to  mislead,  not  to  direct.  The  same  system 
of  surveying  would,  and  must,  by  law,  have  been  continued ; 
for,  (as  was  stated  above,)  the  number  of  grants  has  been 
annually  increased ;  and  the  uninterrupted  practice  of  survey- 
ing, which  was  always  daily  increasing  in  proportion  to  the 
extending  cultivation  and  settlement  of  the  island,  could  not 
admit  of  any  change,  without  a  new  law  having  been  made 
l»y  the  legislature  for  that  purpose :  and  then  such  a  change 
must  have  been  recorded  with  the  laws  of  the  island,,  and 
with  those  that  regulated  the  conduct  of  surveyors.  No  sur- 
veyor, nor  other  person,  could  have  been  ignorant  of  such  3 
diange  having  taken  place.  Since  even  the  difference  of  one 
degree  in  running  a  line  is  very  considerable ;  but  that  of  six 
would  have  totally  changed  all  property,  deranged  all  boun^ 
daries,  thrown  woodlands  into  plantations,  and  vice  versa:  and, 
consequently,  would  have  been  so  palpable  and  injurious  as  tq 
have  demanded  legislative  interference  and  correction.  But 
no  such  change  has  ever  happened,  nor  has  the  most  remote 
idea  of  it  ever  been  entertained  On  the  contrary,  the  mag« 
netical  meridian,  in  all  disputes  at  law  about  boundary  lines, 
b  and  always  has  been,  the  only  criterion  by  which  the  sur- 
veyors, the  court,  and  the  jury,  decide. 

From  the  year  1700,  when  Dr.  Halle y's  theory  was  pub- 
lished, it  is  very  easy  to  trace  down  the  practice  of  purveying 
in  Jamaica,  as  well  as  up  to  its  commencement.  When  I  ar- 
rived in  that  island,  upwards  of  25  years  since,  I  became 
acquainted  with  the  oldest  surveyors  there,  who  had  prac- 
tised from  30  to  40  years.  They  had  the  original  papers, 
field  notesy  and  diagrams  of  their  predecessors,  up  to  the 
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dates  of  the  first  surveys*  Many  of  these  original  papers, 
field  notes,  and  diagrams  are  now  in  my  possession ;  from 
which  the  practice  of  surveying,  taking  field  notes,  and  4eB- 
neating  them  on  diagrams,  is  cfearly  shown. 

Jamaica  was  early  divided  into  coun^es  and  parishes,  the 
boundary  line^  whereof  were  defined  by  l3te  legislature,  and 
the  lines  of  many  marked  on  earth.  In  the  county  of  Surrey, 
the  Kne,  dividing  the  parishes  of  Portland-  and  St  Geoi^-, » 
a  north  and-  south  line,  by  law,  and  was  marked!  on  eartft 
according  to  the  magnetical  needle.  It  continues  in  l3le  sasM 
direction.  In  the  county  of  Cornwall,  the  divi£ng  line  be- 
tween the  parishes  of  St.  James  and  Trelawney  continues^  a 
north  and  south  line,  on  earth,  as  it  waa  first  run'  by  the  mag« 
Metical  needle.  This  will  be  evident  on  the  inspection  oP  my 
maps  of  Jamaica^  lately  published.  It  became  necessary,  ih 
giving  the  island  its  true  position  on  the  globe,  toasGertbanatb 
latitude  and  longitude;  and  also  the  tt^ue  meridijui,  widi'tlNS 
quantity  of  the  variation  of  the  magnetical  meridi»i  fipom  it. 
But  I  have  applied  these  meri'cfians  differently  in' the  maps  of 
the  counties,  and  in  that  of  the  island.  In  the  former,  in 
which  the'situation  on  the  globe  is  not  given^  the  magnedcal 
is  laid  down  as  tlie  principal  meri(fian ;  because  all  surveys  of 
every  other  description,  as  well  as  thoseoftheboundkry  lines 
of  counties  and  parishes^  are  regulated  by  it ;  and'*  the  ttue 
meridian  is  introduced  only  to  show  the  variation ;  but,  in  the 
latter,  in  which  its  place  on  the  globe  is  fixed,  as  to  llrtitude 
andi longitude,  the  true  meridian  becomes  tiie  principal  one; 
and  the  magnetical  meridian  shows-  the  quantity  of  variation 
from  it,  and  regulates  the  surveys>  and  &e  relative  siUu^on 
of  placefii^  as  in  the  county  maps» 


Digitized  by 


Google 


When  Sir  HenrtY  Mcrate^  (wfao'^ras  cbmideroot  af  ^reat 
surveyor,)  was  govamor  gS  lalsteicay  aboot  £he  yeay  1760, 
nasp^  of  diat  islakid  Were  consdraoMd^  under  hid  imra^diate 
<firactlbhy^  by  Mr^  CitJUsidstL,  t^  i^ild  en^neer^  aiid  Mr« 
Sia«A»)fry  bdtjf  emiteisnt  sumyors.  BoCy  m  thidse  TtiA]p»,  thb 
magnetical  meridian  only  is  represented.  Neithw  thd  iiia^«<^ 
ilktticd^  tamtl(»it  ilor'  the  trot  xA&tUSAn  is  riidhtibneiir^  the 
iHhiil^s'  ptaHfc  Ml  iAb&*  gtoiwy  as>  to  latiMiter  Md  l(Mf^Kadf6', 

noticed,  nor  the  quantity  of  variation  ascertaintfj^^  mif  the 
variation  even  mentioned^  nor  the  latitude  and  longitude,  ol>- 
served  by  any  surveyor tifenjghie^  iti  Jkrtiiifca;  but  myself. 

Aip^tXSVI^  thd  dijNH^ve J15  of  the  variation's  not  varying,  in 
Jamaica,  is  established  on  the  clearest  evidence  without  the 
aid  of  other  data,  yet  it  is  highly  gratifying  to  find  Dr.  Hal- 
ley,  as  it  were,  confirming  it  to  the  minutest  accuracy,  as  will 
appear  from  the  recital  of  the  following  observatbns  of  Mr. 
Long,  in  his  History  of  Jamaica. 

"  The  variations  of  the  magnetical  needle  were  observed 
"  by  Dr.  Halley  to  be  very  small,  near  the  equator.  I  have 
"  seen  no  account  of  them  for  this  island,  that  can  be  relied 
"  upon ;  but,  if  observations  should  be  faithfully  made  here, 
^  they  would  probably  confirm  his  opinion.  According  to 
**  Mountain's  chart,  constructed  in  the  year  1700,  from  Dr. 
"  Halley's  tables,  the  variation  at  Port  Royal  tfien  was  about 
"  6i  degrees  east.  But,  as  in  most  parts  of  the  world  it  is 
"  found  to  be  continually  either  increasing  or  decreasing,  so 
^'  we  may  reasonably  conclude,  that  it  may  have  altered  in 
^  both  respects  very  much  during  this  long  interval  that  has 
*^*  passed  since  the  constructing  of  the  chart" 
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The  magnetical  variadon,  ascertain^  by  me,  and  laid  down 
in  my  maps  of  Jamaica,  is  6^  degrees  east. 

I  leave  to.  others,  better  qualified  than  I  am,  to  enquire, 
and  to  point  out,  what  improvements  natural  philosophy  may 
derive  from  this  discovery;  which  I  hope  may  be  an  acqui- 
sition to  science. 

I  am  afraid  I  have  been  too  prolix.  But  the  importance  of 
the  subject^and  my  desire  to  remove  even  the  shadow  of  any 
doubt  that  might  be  suggested,  will,  I  trust,  be  admitted  as 
my  apology.  / 

I  have  the  honour  to  be,  &c. 

JAMES  ROBERTSON. 
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XDC.  Observations  on  the  Comers  Sttmach  respecting  the  fTater 
it  contains^  and  the  Reservoirs,  in  which  that  Fluid  is  inclosed; 
with  an  Account  of  some  Peculiarities  in  the  Urine.  By 
Everard  Home,  Es^.  F.  It  S. 


Read  June  is,  180& 

T^HE  Board  of  Curators  of  the  Museum  belonging  to  the 
Rojal  College  of  Surgeons,  formed  of  seven  Members  of  the 
Court  of  Assistants,  have  from  their  first  appointment  em- 
braced every  opportunity  of  augmenting  the  Hunterian 
Collection :  and  in  December  j  1805,  hearing  that  a  camel  in 
a  dying  state  was  to  be  sold,  purchased  it  with  a  view  of 
flhistrating  the  anatomy  of  that  animal.  They  appointed  Mr. 
Long,  (their  Chairman,)  Mr.  Cline,  Teacher  of  Anatomy, 
with  Sir  William  Blizard  and  myself,  the  two  Professors  of 
Anatomy  and  Surgery  ta  the  College,  a  Committee  for  that 
purpose. 

As  Professor  of  Comparative  Anatomy  I  was  directed  to- 
examine  the  peculiarities  of  the  stomach,  and  to  make  a  report 
on  that  subject;  This  report  appeared  to  the  Board  of  Cu- 
rators to  contain  some  facts,  which  had  not  before  been  ascer- 
tained; and  it  is  at  their  desire  that  the  present  communica- 
tion is  made. 

The  camel,  the  subject  of  the  following  observations,  was  a 
female,  brought  from  Arabia ;  s8  years  old^  and  said  to  have 
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been  20  years  in  England,  and  12  years  in  the  possession  of 
the  person,  from  whom  the  Board  of  Curators  purchased  it. 
Itsvheight  was  seven  feet  from  the  ground  to  the  tip  of  the 
anterior  hump. 

In  December,  1805^  it  came  under  the  care  of  the  Com« 
mittee.  At  that  time  it  was  so  weak  a^  hardly  to  be  able  to 
stand.  It  got  up  with  difficulty,  and  almost  immediately 
kneeled  down  again.  By  being  kept  warm,  and  well  fed,  it 
recovered  so  as  to  be  able  to  walk,  but  was  exceedingly 
infirm  on  its  feet :  and  moved  with  a  very  slow  pace.  It  drank 
regularly  every  second  day  six  gallons  of  water,  and  occa-* 
sionaUy  seven  vrid  a  half  i  but  refused  to  drink  in  Uw  later* 
veniag  period.  It  took  th^  water  by  Urge  mouthfajs,  «n<l 
slowly,  till  it  h»d  dortp.  The  quantity  of  food  it  djiUy  cm^ 
swnvd  w«4  pn9  peek  9S  oats,  pne  of  chaflT,  and  one^third  of  « 
tru$s  of  hay.  Some  of  the  urine  was  saved,  and  sent  to  Mr, 
Hatchbtt  for  th^  purpose  of  having  it  analyzed :  his  acqount 
of  its  componwt  parts  is  oc»(ain«d  ki  a  report  annexad  to  t)Hf 
Paper. 

In  the  beginning  of  February j  1806,  it  began  to  sh«d  its 
ooat.  Towards  the  end  of  March  the  vmd  bec^tme  extremely 
cold,  and  the  animal  suffered  so  much  from  it,  that  it  lost  it» 
strength,  refused  its  food»  and  drank  only  a  snmll  quantity  of 
water  at  a  time. 

In  this  state  it  was  thought  advisable  to  put  an  end  to  so 
miserable  an  existence :  and  it  suggested  itself  to  the  Com* 
mittee  that  if  this  was  done  aoon  after  the  animal  had  drank 
a  quantity  of  water,  the  real  state  of  the  stomadi  might  b^ 
ascertained. 

On  the  1st  of  April,  by  giving  the  aniioal  hay  muted  yn^ 
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a  fitde  Jaftt  it  ^Vas  mdticed  to  drinks  at  two  different  limes  in. 
the  course  of  twcr  hows  thtee  gallons  of  waiter :  not  havingr 
tekeh  any  the  th*ce  preceding  days,  or  shewn  the  least  dispo- 
itttion  to  do  so.  Three  hours  aftef  this,  its  head  was  fixed  to  a 
beaniy  so  as  to  prevent  the  body  from  falKng  to  the  ground,- 
ifter  it  was  dead,  and  in  this  situation  it  was  pithed  by  Mr, 
Clike,  junior,  assisted  by  Mr.  Brodie  and  .Mr.  Clift-  This 
operation  was  performed  with  a  narrow  double- 6dged: 
^niard  passed  in  between  the  skull  and  first  vertebra  of  thfe 
neck;  ih  this  way  the  nxedolla  oblongata  was  divided,  and 
tiie  animal  instantaneously  deprived  of  sen^bility.  In  the' 
Common  mode  of  pithing  cattle  the  medulla  spinalis  only  i^ 
cut  through,  and  ihe  head  remains  alive^  which  renders  it  the 
most  cmiel  mode  of  killing  animals  tha<i  tould  be  invented.* 

The  animal  was  kept  suspended,  that  the  viscera  might 
remain  in  their  natural  state,  and  in  two  hours  the  cavities  of 
the  chest,  and  abdomen  were  Imd  open,  in  the  presence  of  all 
ike  Members  of  the  Comxnittee,  aiid  Mr.  Chandler,  a  Mem* 
ber  of  the  Board  of  Curators. 

The  first  stomach  was  the  only  part  of  the  contents  of  the 
afodbmen,  which  appeared  in  view.  The  smootb  portion  of 
the  {launch  was  on  the  left  ;^de,  and  on  the  right  towards  the 
^est  was  a  cellular  structure,  in  which  it  was  evident  to  the 
fieel  diere  was  air,  but  no  part  of  the  solid  food^  with  which 
di^  general  cavity  was  distended.  On  the  lower  posterior 
part^  towards  the~  pelvis  there  was  another  portion  made  up 
of  ceDb^  lar^r  ^md'  more  extensive  than  that,  which  Was 

•  S«eDr.DuQA%D'sexperimeiits,imblishediothe'SoirdT>fA|p^ 
^  Shropshire^  by  Jot bph  Plumiby^  M.  A.  p.  246. 
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anterior.  On  pressing  on  this  part  a  fluctuation  of  its  con* 
tents  could  be  distinctly  perceived.  A  trocar  mih  the  canula 
was  plunged  into  the  most  prominent  of  the  cells^  and  on 
withdrawing  it  there  passed  through  the  canula  12  6z.  of 
water  of  a  yellow  colour,  but  unmixed  with  any  solid  matter. 
This  fact  having  been  ascertained,  the  first  stomach  was  laid 
open,  on  the  left  side,  at  a  distance  from  the  cellular  structure, 
and  the  solid  contents  were  all  removed.  While  this  was 
doing  some  water  flowed  out  of  the  cells,  and  some  out  of 
the  second  stomach,  but  the  greater  part  was  retained.  That 
in  the  second  stomach  was  nearly  pure:  while  the  other  was 
muddy,  and  of  a  yellow  colour,  tinged  by  the  contents  of 
the  first  stomach.  On  examining  the  cellular  structure  no 
part  of  the  solid  food  had  entered  it,  nor  was  there  any  in  the 
second  stomach :  those  cavities  having  their  orifices  so  con* 
structed  as  to  prevent  the  solid  food  from  entering,  even  when 
empty. 

On  measuring  the  capacities  of  these  difierent  reservoirs  in 
the  dead  body,  they  were  as  follows : 

The  anterior  cells  of  the  first  stomach  were  capable  of 
containing  one  quart  of  water,  when  poured  into  them.  The 
posterior  cells  three  quarts.  One  of  the  largest  cells  held  two 
ounces  and  a  half,  and  the  second  stomach  four  quarts.  This, 
however,  must  be  considered  as  much  short  of  what  those 
cavities  can  contain  in  the  living  animal,  since  there  are  large 
muscles  covering  the  bottom  of  the  cellular  structure,  to  force 
out  the  water,  which  must  have  been  contracted  immediately 
after  death  and  by  that  means  had  diminished  the  cavities. 

By  this  examination  it  was  proved,  in  the  most  satisfactory 
manner,  that  the  camel  when  it  drinks,  conducts  the  water  iQ 
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t  pure  state  into  the  second  stomach,  that  part  of  it  is  re« 
tained  there,  and  the  rest  runs  over  into  the  cellular  structure 
of  the  first,  acqidring  a  yellow  colour  in  its  course. 

Tlus  confirms  the  account  ^ven  by  M.  Buffon  in  his  exa^ 
mination  of  the  camel's  stomach,  as  well  as  that  of  other 
travellers,  who  state  that  when  a  camel  dies  in  the  desart, 
tiiey  open  the  stomach,  and  take  out  the  water,  which  is  con-» 
tained  in  it,  to  quench  their  thirst. 

That  tiie  second  stomach  in  the  camel  contained  water, 
had  been  generally  asserted,  but  by  what  means  the  water 
was  kept  separate  from  the  food  had  never  been  explmned, 
nor  had  any  other  part  been  discovered,  by  which  the  com- 
mon offices  of  a  second  stomach  could  be  performed.  On 
these  grounds  Mr.  Hunter  did  not  give  credit  to  the  assertion, 
but  considered  the  second  stomach  of  the  camel  to  correspond 
in  its  use  with  that  of  other  ruminants,  as  appears  from  his 
observations  on  this  subject  stated  by  Dr.  Russell,  in  his 
history  of  Aleppo; 

The  difference  of  opinion  on  this  subject  led  me  to  exa- 
mine accurately  the  structure  of  the  stomachs  of  the  camel^ 
and  of  those  ruminants  which  have  horns,  so  as  to  determine, 
if  poss3>le,  the  peculiar  offices  belonging  to  their  different 
cavities.  • 

The  most  satisfactory  mode  of  commimicating  the  result  of 
this  inquiry  will  be  first  to  describe  the  different  stomachs  of  the 
bullock,  and  then  those  of  the  camel,  and  afterwards  to  point 
out  the  peculiarities,  by  which  this  animal  is  enabled  to  go  a 
longer  time  without  drink  than  others,  and  thereby  fitted  to 
live  in  those  sandy  desarts  of  which  it  is  the  natural  inhabitant. 
The  relative  position  of  the  parts  is  described  while  the  animal 
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'was  suspended,  as  that  "was  th^  stiw  hi  AvMcft  the  different 
stomachs  could  be  moist  aosurfiftdy  €9umbiiid4>  i^hoik  dis^ 
turbing  their  conteats^ 

When  the  first  stom^th  oithb  bttifooli  is^  laSft  open  \(y  a 
longitudinal  indsion  6n  the  l«flf  Me  of  fllft  og6fc>f>iiagttS,  and 
the  solid  contents  are  remove*,  Whiii*ih  grtiewti  ate  wry  dty, 
that  cavity  appears  to  be  made  up  of  two  large  coi&^«m€fnt5, 
separated  from  each  other  by  tWo  transverse  bfeid«  t^coty^ 
derable  thickness,  and  the  se^nd  s«9mach  fbrms  ft  poucli  or 
lesser  compartment,  on  the  anterior  part  of  it,  rather  tdthe  n^tk 
of  the  oesophagus,  so  that  the  first  and  second  stomach  are  both 
included  in  one  general  cavity,  and  lined  with  a  cuticle. 

The  oesophagus  appears  to  open  into  the  first  Stomach,  but 
on  each  side  of  its  termination  there  is  a  muscular  ridge,  pro^ 
jecting  from  the  coats  of  the  first  stomach,  so  as  to  form  ft 
channel  into  the  second  stomach! 

These  muscular  bands  however  do  not  terminate  ^ere^ 
but  are  continued  on  to  the  orifice  of  the  third  stomach,  in 
which  they  are  lost. 

When  these  parts  are  examined,  it  is  evident  tbftt  the  food 
can  pa&s  readily  from  the  cesoj^gus,  eiAer  into  the  general 
cavity  of  the  first  stomach  or  into  the  second,  which  last  is 
peculiarly  fitted  by  its  situation,  and  the  musctilar  power  of  ife 
coats  both  to  throw  up  its  contents  into  the  mouth,  and  to 
receive  a  supply  from  the  general  cavity  of  the  first  stomach 
at  the  will  of  the  animal. 

It  was  ascertained  by  examining  the  stomachs  of  several 
bullocks  immediately  after  they  were  knocked  down,  that  the 
second  stomach  contained  the  same  kind  of  food  as  the  first, 
only  more  moist ;  it  must  therefore  be  considered  as  a  shelf 
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from  which  'the  food  may  be  reglirgitated  along  the  cknal, 
eontimied  from  €h6  ^sophagiis.  There  is  indeed  no  other 
mode  by  which  this  can  be  effected^  since  it  i^  hardly  possible 
fot  the  animal  to  separate  small  portSbns  from  the  stiface  of 
^em^S6^  of  dry  f6od  ki  the  first  stolikadi>  and  force  it  up  mto 
Ihemttirfh. 

ft  %as  also  ^mid  tiha*  when  the  bftUpck  hatf  been  four  days 
witficSUt  water  bfeforb  it  was  IdQed,  which  is  by  no  means  un- 
commort,  the  food  ih  the  second  stomach  was  tery  moist, 
i  while^that  in  the  first  was^  Vei*y  d?y ;  and  when  the  animal  was 
killed  24  hours  after  having  had  wfeter,  by  making  an  open- 
ing into  the  second  stomach  before  the  other  parts  were 
disturbed,  nearly  a  quart  of  water  rah  out  of  it,  little  mixed 
with  solid  food.  The  man  of  the  slaughter-house  also  men- 
tioned-, upon  being  asked  where  the  water  was  met  with, 
that  it  was  alSvays  found  in  the  honeycdmb'd  bag.  The 
water  must  be  received  into  this  stomach  while  the  animal  is 
drinking,  for  it  could  not  afterwards  be  conveyed  there  from 
the  first,  as  it  would  naturally  drain  through  the  food  and 
remain  at  the  bottom  of  its  cavity. 

The  second  stomach,  by  receiving  the  water,  is  enabled  to 
have  its  contents  always  in  a  proper  state  of  moisture,  to  admit 
of  its  being  readily  thrown  up  into  the  mouth  for  rumination, 
which  appears  to  be  the  true  office  of  this  stomach,  and  not  to 
receive  the  food  after  that  process  has  been  gone  through,  as 
is  very  generally  believed,  for  in  that  case  the  cud  would  be 
mixed  and  lost  in  the  general  contents  of  this  cavity,  instead 
of  being  forwarded  to  the  true  digesting  stomach* 

When  the  food  is  swallowed  the  second  time,  the  orifice  of 
the  third  stomadi  is  brought  forwards  by  the  muscular  bands. 
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ivhidi  terminate  in  it,  so  as  to  appose  the  aid  of  the  oesopha* 
gusy  and  receive  the  morsel,  without  the  smallest  risk  of  its 
dropping  into  the  second  stomach. 

The  third  stomach  of  the  bullock  is  a  cavity,  in  the  form  of 
a  crescent,  containing  94  septa,  7  inches  broad,  about  93,  4 
inches  broad,  and  about  48  of  1^  inch,  at  their  broadest  part. 
These  are  ranged  in  the  following  order*  One  broad  one, 
with  one  of  the  narrowest  next  it ;  then  a  narrow  one,  with 
one  of  the  narrowest  next  it ;  then  a  broad  one,  and  so  on. 
The  septa  are  very  thin  membranes,  covered  with  a  cuticle, 
and  have  their  origin  in  the  orifice  leading  from  the  oeso- 
phagus, so  that  whatever  passes  into  the  cavity  must  fall 
between  these  septa,  and  describe  three-fourths  of  a  drde, 
before  it  can  arrive  at  the  orifice  leading  to  the  true  stomach, 
which  is  so  near  the  other,  that  the  cfistance  between  them 
does  not  exceed  three  inches :  and  therefore  the  direct  line 
from  the  termination  of  the  oesophagus  to  the  orifice  of  the 
fourth  stomach  is  only  of  that  length.  While  the  young  calf  is 
fed  on  milk,  that  liquor,  which  does  not  require  to  be  rumi- 
nated, is  conveyed  directly  to  the  fourth  stomach,  not  passing 
between  the  plicae  of  the  third ;  and  afterwards  the  solid  food 
is  directed  into  that  cavity,  by  the  plicae  being  separated  from 
each  other. 

The  food  found  in  the  third  stomach  is  of  the  consistence 
of  thick  paste:  and  is  met  with  in  the  form  of  flattened 
pellets,  distributed  between  the  different  septa. 

When  this  cavity  is  opened,  it  emits  an  odour  of  a  very 
unpleasant  kind,  arising  from  the  process,  which  the  food 
undergoes  in  it. 

The  third- jstomach  opens  into  the  fourth  by  a  projecting 
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valvular  orifice,  and  the  cuticular  lining  terminates  exactly  on 
the  edge  of  this  valve,  covering  only  that  half  of  it,  which 
belongs  to  the  third. 

The  fourth  or  true  digesting  stomach  is  about  s  feet  9  inches 
long:  its  internal  membrane  has  i&  plicae  beginning  at  its  orifice, 
(9  on  each  side,)  4  inches  broad.  They  are  continued  down  for 
about  S2  inches,  increasing  to  a  great  degree  its  internal  sur- 
face :  beyond  these  the  internal  membrane  is  thrown  into  rugae> 
which  follow  a  very  serpentine  direction,  and  close  to  the  py- 
lorus there  is  a  glandular  projection,  one  end  of  which  is  opposed 
to  the  orifice,  and  closes  it  up,  when  in  a  collapsed  state. 

These  appearances  will  be  better  explained  by  the  drawings 
(Plates  XV.  and  XVI.)  than  by  verbal  description. 

Tlie  earners  stomach  anteriorly  forms  one  large  bag,  but 
when  laid  open  is  found  to  be  divided  into  two  compartments 
on  its  posterior  part,  by  a  strong  ridge  which  passes  down  from 
the  right  side  of  the  orifice  of  the  oesoirfiagus  in  a  longitudinal 
direction.  This  ridge  forms  one  side  of  a  groove  that  leads  to 
the  orifice  of  the  second  stomach,  and  is  continued  on  beyond 
that  part,  becoming  one  boundary  to  the  cellular  structure 
met  with  in  that  situation.  From  this  ridge  eight  strong  mus* 
cular  bands  go  ofFat  right  angles,  and  afterwards  form  curved 
lines  till  they  are  insensibly  lost  in  the  coats  of  the  stomach. 
These  are  at  equal  distances  from  each  other,  and  being 
intersected  in  a  regular  way  by  transverse  muscular  septa, 
form  the  cells.  This  cellular  structure  is  in  the  left  compart- 
ment  of  the  stomach,  and  there  is  another  of  a  more  super* 
ficial  kind  on  the  right,  placed  in  exactly  the  opposite  direction, 
made  up  of  si  smaller  rows  of  cells,  but  entirely  unconnected 
with  the  great  ridge*  The  appearance  these  parts  put  on^  and 
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their  relative  situation,  vnJl  be  distinctly  seen  in  the  annexed 
drawing  (Plate  XVIL).  On  the  kft  side  of  the  tenninatioh 
of  the  oesophagi  a  broad  muscular  band  has  its  origin,  from 
the  coats  of  the  first  stomach,  qnd  passes  down  in  the  form 
of  a  fold  ponOel  to  the  great  ridge,  till  it  enters  the  orifice 
of  the  seamd  stomach,  which  gives  it  another  disecdoiL  It  is 
omtinued  along  die  upper  edge  of  that  cavi^,  and  terminates 
within  the  orifice  of  a  small  bag,  which  may  be  termed  the 
third  stomach. 

This  band  on  one  side,  and  die  great  ridge  on  the  other, 
form  a  canal,  which  leads  from  the  oesophagus  down-  to  the 
cdlular  structure  in  die  lower  part  of  die  first  stomach. 

The  orifice  of  the  second  stomadi,  when  this  muscle  is  not 
in  action,*  is  nearly  shut,  and  at  right  angles  to  the  side  of  the 
first.  Its  cavity  is  a  pendulous  bag,  in  which  there  are  19 
rows  of  cells,  formed  by  as  many  strong  muscular  bands 
passing  in  a  transverse  direction,  and  intersected  by  weaker 
inuscular  bands  so  as  to  form  the  orifices  of  the  cells* 
Above  these  cells,  between  them  and  the  muscle,  which 
passes  along  die  upper  part  of  this  stomach,  is  a  smooth  surface 
extending  from  the  orifice  of  this  stomach  to  die  terminatKOi 
in  the  third. 

From  this  account^  it  is  evident  diat  the  second:  stomach 
neither  receives  the  solid  food  in  the  first  instance,  as  in  the 
bullock,  nor  does  it  afterwards  pass  into  its  cavity  or.  cellular 
structure. 

The  food  first  passes  into  the  general  cavity  of  the  first 
stomach,  and  that  portion  of  it,  which  lies  in  the  recess  immci* 
diately  below  the  entrance  of  the  oesophagus  under  which  the 
cells  are  situated  is  kept  moist^  and  is  readily  retttxned  into 
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tdieiHotith',  along  the  groovfe^  formed  for  that  purpose,  by  the 
acti6n  of  the  strong,  tauisdle,  which  surrounds  this  part  of  the 
6tbmach^  50  that  the  cdlular:  pdrtion  of  the  first  stomach  in  the 
camel  performs  the  Siame  office  as  the  second  in  the  ruminants 
with  horns.  While  the  camel  is  drinking,  the  action  of  the 
muscular  band  opens  the  orifice:  of  the  second:  stomach,  at  the 
came  time  thatt  it  directs  the;  water  into  it:  and  when  the  cells 
of  thatjcavlty  are  full,  the  rest  runs  off  into  the  cellular  struc- 
ture of  the  first  stomach  immediately  below,  and  afterwards 
iiito  the  general  cavity;  it  would  appear  that  camels,  when 
accustomed  to  go  jourtieysf  in  which  they,  are  kept  for  an  un- 
usual number  of  days  without  water,  acquire  the  power  of 
dilating  the  cells,  so  as  to  make  them  contain  a  more  than 
ordinary  quantity  9B  a  supply  for  their  journey,  at  least  such 
is  the  account  given  by  those  who  have  been  in  Egypt. 
When  the  cud  has  been  chewed  it  has  to  pass  alcHig  the 
upper  part  of  the  second  stomach  before  it  can  reach  the 
third.  Hov/  this  is  effected  without  its  falling  into  the  cellular 
portion,  could  not  from  any  in$pection  of  dried  specimens 
be  ascertained';  and  it  was  in  thi»  state  only  that  Mr.  Hunter 
saw  the  internal  structure  of  the  camel's  stomach;  but  when 
the  recent  stomach  is  accurately  examined,  the  mode  in  which 
:this  is  managed  becomes  very  obvious.  At  the  time  that  the 
iXid  is  to  pass  from  the  mouth  the  muscular  band  contracts 
with  so  much  force,  that  it  not  only  opens  the  orifice  of  the 
isecond  ston|«ch,  but  acting  on  the  mouth  of  the  third,  brings 
It  forwards  into  the  seomd,  by  which  means  the  muscular 
ridges  that  separate  the  rpws  of  cells  are  brought  close  toge- 
ther, so  as  to  exclude  these  cavities  from  the  canal  through 
ilYhich  the  cud.  passes.     .  ; 
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It  IB  this  be«Qtifal  and  very  ciirknisniechaQifian  wUdilbmu 
the  peculiar  character  of  the  sfxAuaohiif  the  c^^ 
and  lama,  fitting  them  to  live  in  ^  iandy  detetts  where  the 
supplies  of  water  are  so  very  precarious. 

The  first  and  seocmd  Momadis  of  the  camels  as  well  as 
those  of  the  bullocl^,  are  lined  with  a  cuticle. 

The  third  stomach  of  the  camel  is  so  smatt,  and  so  very 
unlike  that  of  other  ruminants,  that  were  it  not  for  the  dls^^ 
tinctness  of  its  orifices  it  might  be  overlooked.  It  is  nearly 
spherical,  4  inches  in  diameter,  is  nicjt  like  ^  third  df' the 
bullock  lined  with  a  cuticle/ Horhais  it  «uiy  septa  projecting 
into  it.  The  cuti^^le  ix>htinued  from  tlie  seomd  stomach  ter^ 
minates  immcfdiately  within  its  orifice,  and  its  surface  has* 
faint  appearance  of  honeycombed  Structure^;  but  thjs  is  so 
slight  as  to  require  a  close  inspectiot}  to  ascert^n  it. 

This  cavity  tan  answer  no  other  purpose  in  tfie  ea»iomy 
of  the  animal,  than  retarding  the  ptogress  of  the  food,  and 
making  it  pass  by  small  portims  into  the  fourth  stomach,  so 
that  the  process,  whtitever  it  is  which  the  febd  .mdergoes  in 
the  third  stomach  of  other  ruminants,  would  appear  to  be 
wanting  in  the  camel,  and  ccmsequently  not  reqiiked.     ' 

The  fourth  stomach  lies  to  the  right  of  the  first,  ind  has 
for  a  great  part  of  its  length  the  appearance  of  an  intestine;  k 
then  contracts  partially,  and  the  lower  portion  has  a  near 
resemblance  in  its  shape  to  ^  human  stomach.  Its  wliole 
length  is  4  feet  4  inches ;  when  l^d  often,  th^  ititem^l  mem* 
brane  of  the  upper  portion  is  thrown  into  lonj^tudbial  narrow 
folds,  which  are  continued  for  about  ^ree  feet. of  its  lengdi; 
these  terminate  in  a  welted  appearimce ;  ther  rugoe  are  large, 
as  in  the  bullock,  but  not  so  prominent,  nor  so  aerp^itme  on 
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their  course,  and  for  the  last  nine  inches  the  membrane  has 
a  villous  appearance,  as  in  the  human  stomach.  Close  to  the 
pylorus  there  is  a  glandular  substance  of  a  conical  form,  which 
projects  into  the  cavity ;  the  blunt  end  of  it  resting  upon  the 
orifice  of  the  pylorus.  This  is  similar  to  what  is  met  with  iii 
the  bullock,  but  still  more  conspicuous. 

The  fourth  stomach  of  the  camel  corresponds  with  that  of 
the  bullock  in  all  the  general  characters,  and  resembles  it  in 
most  particulars.  It  exceeds  it  in  length,  but  the  plicas  are 
so  much  smaller,  that  the  extent  of  the  internal  surface  must 
be  very  nearly  the  same  in  both.  It  differs  from  it  in  having 
a  contraction  in  a  transverse  direction  immediately  below  the 
termination  of  the  plicated  part,  which  has  led  both  Dauben- 
TON  and  CuviER  to  consider  these  two  portions  as  separate 
cavities.  I  should  have  been  induced  to  adopt  this  opinion, 
were  it  not  for  the  circumstance  of  their  internal  structure 
being  the  same  as  that  of  the  bullock,  which  must  be  ad- 
mitted to  be  only  one  cavity,  and  as  the  uses  of  these  cor- 
responding structures  must  be  similar,  the  analogy  between 
the  two  is  better  kept  up  by  considering  it  in  both  animals  as 
one  cavity,  only  remarking  the  contraction  in  that  of  the 
camel  as  a  peculiarity  belonging  to  ruminants  without  horns. 

From  the  comparative  view  which  has  been  taken  of  the 
stomachs  of  the  bullock  and  camel,  it  appears  that  in  the  bul- 
lock there  are  three  stomachs  formed  for  the  preparation  of 
the  food,  and  one  for  its  digestion.  In  the  camel  there  is  one 
stomach  fitted  to  answer  the  purposes  of  two  of  the  bullock, 
a  second  employed  as  a  reservoir  for  water,  having  nothing 
to  do  with  the  preparation  of  the  food ;  a  third  so  small  and 


Digitized  by 


Google 


370      Mr.  Home's  Ohservatians  on  the  Camel's  Stomach 

simple  in  its  structure^  that  it  is-  not  easy  to  ascertsdn  its  paortl^ 
cular  office.  It  cannot  be  compared  to  any  of  the  prepavator  j 
stomachs  of  the  buUock^  as  all  of  them  have  a  eutieiilair 
lining)  which  this  has  not;  we  must  therefore  consider  it  aa 
a  cavity  peculiar  to  ruminants  witboot  horns ;  and  a  fourth^ 
or  true  digesting  stomach. 

It  is  stated  by  authors  that  hares,  rabbits,  and  even  $ame 
men  ruminate.;  their  doing  so  ia  not  material  to*  the  presealk 
inq^iiry,  since  their  stomadisave  not  of  that  kind  wfaieh  makes 
Kumination  a  necessary  part  of  the  {arocess  of  digestion;;  and 
as  far  as  I  can  learn  from  some  perscns*  who  feed  rabbits  ami 
fatten  them  with  meal,  although  they  have  watched  their 
rabbits,  with  attention  they  never  saw  them  brirrg  up  the  food) 
into  the  mouth.  It  may  therefore  be  only  occasional  when 
they  eat  pajrtiGular  kinds  of  vegetables.  They  have  indeed  a 
mode  of  working  their  lips  whenv  sitting  ^|uiet,  which  maji^ 
havebec^  nustakea  for  rumination.  When  it  takes  {dace  im 
mea  it  must  be  considered  as  a  disease. 

From  the  facts  which  have  been  stated,  the  following  gra^ 
dadcMa  of  ruminating  stomachs  is^  established; 

The  ruminants  with  horns,,  as.  the  bullock,  sheep,  &c. 
have  two.  prepiaratory  rtomachs  for  the  food  previous  to  ru*-- 
uunation^  and  one  for  the  food  to  be  received  in  after  rumi- 
nat]0n  before  it  is.  digested. 

The  Fuminantsf  wdiout  homs^  as  the  camel,  dromedary, 
and  lama,  have  one  preparatory  stomach  before  rumination, 
and,  properly  speaking,  none  in  which  the  cud  can  be  after^ 
wards  retained  before  it  goes  into  the  digesting  stomach. 

Those  animals  who  eat  the  same  kind  of  food  with*  the 
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ruminants  yet  do  not  ruminate,  as  the  horse  and  ass,  have 
only  one  stomach,  but  a  portion  of  it  is  lined  with  cuticle,  in 
which  situation  the  food  is  first  deposited,  and  by  remaining^ 
there  some  time  is  rendered  afterwards  more  easily  digestible 
when  received  into  the  other,  or  digesting  portion. 

In  comparing  the  teeth  of  those  animals  that  ruminate, 
with  those  of  the  horse  and  ass,  which  live  on  nearly  the 
same  kind  of  fbod,  the  following  peculiarities  are  met  with. 

The  ruminants  with  horns  have  molares  in  both  jaws,  and 
indsores  only  in  the  lower  jaw. 

Thel  ruminants  without  horns  have,  in  addition  to  these, 
what  may  be  called  fighting  teeA,  or  a  substitute  for  horns^ 
These  are  tuski  in  both  jaws,  intermediate  teeth  between  the 
molares  and  tusks,  and  in  the  upper  jaw  two  small  teeth 
anterior  to-  the  tiisks ;  none  of  which  can  be  of  any  use  in 
eating. 

The  camelo^pardalis  forms  an  interhiediate  link  in  these 
respeds/    It  has  short  horns,  and  has  no  tusks; 

The  molares  in  both  these  genera  of  ruminants  are  open* 
in  the  structure  of  their  crown,  which  is  not  horizontal  but 
oblique,  the  outer  edge  in  the  upper  jaw  and  the  inner  in  the 
lower  jaw  being  the  most  prominent,  so  as  to  adapt  them  to 
each  other.  The  lawer  jaw  has  less  width  than  the  upper,  so 
that  the  lower  molares  fall  considerably  within  the  upper ; 
wheiii  the  animal  eats  it  can  only  masticate  with  one  side  of 
the  mouth  at  a  time,  by  bnnging  the  lower  jaw  to  that  side, 
so  as  to  make  the  teeth  of  both  jaws  oppose  each  other;  the 
teeth  of  that  side  are  applied  to  the  food  three  or  four  times,* 
and  then  those  of  the  opposite  side. 
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This  mode  of  mastiGation  appears  to  be  peculiar  to  the 
ruminants,  and  is  certainly  very  diflferent^  and  much  more 
imperfect  than  the  mastication  of  the  horse,  whose  molares 
are  very  compact  in  the  texture  of  their  crowns,  and  are  op^ 
posed  directly  to  each  other  by  horizontal  planes^ 


Letter  from  Charles  Hatchett,  JS^.  ameeming  some  P^atdicarities 
in  the  Urine  (^  the  Camels 

DEAR  SIR,  AprUjctSoO. 

Being  a  short  time  absent  frcHOt  my  house,  and  not  having 
at  hand  any  apparatus  to  examine  the  camel's  urine,  which 
you  lately  sent  to  me>  I  delivered  it  to  my  friend,  Mr.  W^ 
Qrandb,  of  Arlington-Street,  who  has  on  several  occasiona 
xpuch  distinguished  himself  in  chemical  science,  and  I  now 
have  the  pleasure  of  transmitting  an  account  of  the  results  of 
his  comparative  experiments  on  Ae  urine  of  thie  camel  and 
the  cow,  which,  I  think,  appear  to  be  highly  deserving  of 
attention. 

The  presence  of  uric  acid  in  the  fatmei',  and  that  of  pho^ 
phat  of  lime  in  both,  are  new  facts»  which  reflect  additknial 
light  on  the  composition  of  the  urine  of  graminivorous  animals* 

Mr.  Brano£  first  states  his  experiments  <id  the  camel's 
urine  as  follows : 

"  I  divided  it  into  two  equal  porticms,  taking  half  for  distill 
lation,  which  was  performed  at  a  very  low  temperature. 

^  When  somewhat  more  than  thnse-fourths  had  passed 
over,  the  residuum  in  the  retort  became  thick,  assuming  a 
deep  brown  colour,  and  having  a  peculiar  fetid  odoiir.  I  now 
stopped  the  ^tiUation,  and  affiised  alcohol,  with  a  view  of 
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ascertaiiiiilg  whether  it  eontained  urea.  This  lobtaihed  in  a 
considerable  proportion.  It  had  the'  same  appearsince  and 
properties  as  that  which  is  tifForded  by  humaiv  urine.  What 
remained  after  the  separation  of  the  urea^  eohsisted  chiefly^ 
as  far  as  I  could  ascertain,  of  muriat  of  potash,  with  a  little 
muriat  of  ammonia,  phosphat  of  lime,  «Ad  probably  urat  of 
potash.  ■  -^ 

''  I  nky  here  remark  that  no  benzoic  add  was  separated 
towards  fhe  latter  part  of  the  distillation,  nor  could  I  obtain 
any  from  the  residuum. 

*'  The  reifiaihing  portion  of  the  urine  was  examinedf  by  Ae 
following  tests : 

•*  Mtrat  of  silver  occasioned  a  very  copious  predpitate^ 
which  became  speedily  black  on  exposure  to  light. 

"  MNiriat  ot  baryties  indicated  the  presence  of  a  minute  por- 
tion of  sulphuric  acid. 

"  Ammonia  threw  down  a  little  phosphat  of  lime.  When 
muriatic  acid  was  poured  into  the  urine,  an  effervescence  was 
produced  by  the  emission  of  carbonic  acid  gas. 

**  A  ix)rtion  of  the  urine,  which  had  been  exposed  to  the  air 
for  some  dajrs,  deported  a  sediment,  which  when  treated  with 
nitric  add,  and  evaporated,  assumed  a  red  colour,  and  thereby 
shewed  the  presence  of  uric  acid. 

•^  From  the  results  of  these  experiments,  and  of  some 
others,  which  I  do  not  think  it  necessary  to  mention,  I  have 
dtxmi  the  following  conclusbns  relative  to  the  component 
parts  of  camel's  urine ;  but  as  the  quantity,  upon  which  I 
operated  was  small,  they  must  only  be  regarded  as  an  ap- 
proximati(m  to  the  truth. 
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Water        -        -        -         -  -         75 

Phosphat  of  lime 

Muriat  of  ammonia 

Sulphat'of  potash        -  -        •>      -^     6 

Urat  of  potash         -         •        - 

Carbonat  of  potash        - 

Muriat  of  potash         -  -       ^-  8  -   . 

Urea       •  -  ••.        •      .    -       6    ;   ' 

Mr.  Brakde  next  proceeds  to  give  an  account  of  his  exa- 
mination of  cow's  urine. 

"  As  I  had  sent  me  a  large  supply  of  cow's  urine,  I  have 
been  enabled  to  vary  my  experiments  on  it,  in  such  a  manner^ 
that  I  hope  to  have  drawn  tol^erably  accurate  conclusions  with 
respect  to  its  composition. 

"  The  analysis  was  conducted  nearly  as  follows : 

"  1.  I  put  four  ounces  into  a  glass  retort,  to  which  a  proper 
apparatus  was  adapted  for  collecting  its  gaseous  as  well  as 
fluid  parts.    The  distillation  was  performed  in  a  sand-bath>. 

"  I  obtained  carbonic  acid  and  water,  shewing  some  signs 
6f  ammonia ;  possessing  however  a  peculiar  flavour.  There 
remained  in  the  retort  a  brown  mass,  which  was  chiefly  com- 
posed of  muriat  of  potash,  and  of  ammonia ;  sulphat  of  pot- 
ash, phosphat  of  lime,  and  urea* 

*'  The  carbomc  acid  must  in  part  have  been  produced  from 
a  decomposition  of  a  portion  of  urea:  and  hence  the  brown 
colour  of  the  re^duum. 

"  ft.  Four  ounces  of  the  urine  were  evaporated  to  half  the 
quantity.    Muriatic  acid  was  added,  and  a  precipitate  was 


Digitized  by 


Google 


an  the  Urin^  of  the  Camel.  375 

formed,  from  which  I  obtained  a  small  portion  of  b^zoic 
acid. 

"  It  is  somewhat  remarkable  that  no  traces  of  this  sub- 
stance should  hav€  been  discovered  in  the  residuum  l?ft  after 
distillation;  nor. could  I  by  any  means  observe  its  presence 
before  heat  had  been  employed. 

"  I  mention  this  circumstance,  as  I  think  it  coincides  with 
your  opinion  respecting  the  formation  of  this  add ;  and  that 
in  this  case  it  is  not  an  educt,  but  a  product. 

"  Still  I  do  not  see  why  by  a  similar  process  I  could  obtain 
none  from  the  urine  of  the  cameL 

"  3.  The  cow's  urine  was  then  examined  by  the  following 
reagents. 

"  Nitrate  of  silver  caused  an  abundant  precipitation  of 
muriate  of  silver. 

"  Barytes  was  thrown  down  in  the  form  of  sulphat  and 
carbonat :  the  latter  in  the  smallest  proportion. 

**  Ammonia  indicated  the  presence  of  phosphat  of  lime. 

"  Carbonic  acid  gas  was  extricated  by  muriatic  acid. 

"  The  results,  which  I  had  obtained  from  the  analysis  of 
camel's  urine,  induced  me  to  imagine  that  uric  acid  might 
possibly  exist  in  the  urine  of  other  graminivorous  animals ; 
and  indeed  it  was  a  natural  conclusion :  but  I  find  that  it  is 
not  the  case,  for  in  the  present  experiments  I  have  been 
unable  to  detect  even  the  least  trace  of  that  substance, 

**  The  following  estimation  of  the  relative  pr9portic«is  of 
the  substances  present  is,  I  think,  as  correct  as  the  nature  of 
the  subject  will  allow. 

MDcccvi.  3  C 
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'^  100  parts  contain 

Water         -  -  -  -  65 

Phosphat  of  lime         -  -  -  S 

Muriat  of  lime        -  -  - 1 

■  ammonia        -  -        J 
Sulphat  of  potash        .            -  -  6 
Carbonat  of  potash        -          -        - 1 

■  —     ammonia        -        -       j 

Urea         -^  ^  -  -  4 

97- 

"  The  loss  may  be  attributed  to  animal  matter,  probably 
albumen  and  gelatine. 

**  I  have  for  obvious  reasons  omitted  the  benzoic  acid. 

"  The  principal  and  only  essential  difference  between  the 
urine  of  the  camel,  and  that  of  the  cow,  is  that  the  former 
contains  uric  acid.    They  both  appear  to  be  destitute  of  soda. 

'•  It  will  also  appear  that  in  the  present  instance  the  latter 
contains  a  larger  proportion  of  saline  matter,  but  this  can  only 
be  regarded  as  a  casualty,  when  we  consider  the  variation,  to 
which  the  relative  proportion  of  water  to  the  salts  of  urine  is 
liable,  according  to  the  circumstances  under  which  the  secre- 
tion takes  place." 

From  Mr.  Brande's  experiments  on  the  urine  of  the  camel, 
it  appears  that  (exclusive  of  water)  the  prindpal  ingredients 
are  muriat  of  potash,  and  urea ;  and  as  ammonia  is  present  only 
in  a  very  small  proportion,  which  is  even  less  than  in  the  urine 
of  the  cow,  we  may  conclude  that  the  various  accounts,  which 
state  the  urine  of  the  camel  to  have  much  contributed  to  the 
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production  of  muriat  of  ammonia,  or  sal  ammoniac,  are  with* 
out  foundation. 

It  is  remarkable  that  uric  acid  should  be  found  in  the  camel's 
urine,  and  I  believe  it  is  the  first  instance  on  record,  as  far  as 
relates  to  the  urine  of  graminivorous  animals. 

Mr.  Brande's  experknents  also  show  that  phosphat  of  lime 
is  present  in  the  urine  of  these  animals,  which  is  in  opposition 
to  the  hitherto  r^:eived  opinion. 

FouRCROY  and  Dr.  Thomson  have  quoted  the  analyses  of 
camel's  and  cow's  urine  made  by  Rouelle,  and  it  may  not  be 
improper  to  compare  them  with  those  of  Mr.  Brands* 


Component  Parts  of  Camel's  Urine. 


Brands. 

Rouelle.* 

Water        -        -        - 

75 

Phosphat  of  lime 
Muriat  of  ammonia 

Carbonat  of  potash 

Sulphat  of  Potash 
Urat  of  potash 
Carbonat  of  potash    - 

.  6 

Sulphat  of  potash 
Muriat  of  potash 

Urea        -         -         - 
Muriat  of  potash 

6 
8 

Urea. 

95 


*  Thomson's  System  of  Chemistry,  2d  edit.  Vol.  IV.  p.  655. 
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Component  Parts  of  Cow's  Urine. 


3 

Us 


IBrande* 
Water 

Phosphat  of  lime 
Muriat  of  .potash 
— ^ —     ammonia 
Sulphat  of  potash 
Carbonat  of  potash     -     1    . 

'  »        ammonia    -  J       , 
Urea        -  .        -        ^ 

97 
From  this  comparison,  we  see  that  Mr.  Brands  and  M. 

RouELLE  agree  in  stating  that  potash  is  the  only  fixed  alkali 

present  in  both  cases. 

The  urine  of  the  rabbit,  according  to  Vau^uelin,  is  com* 

posed  as  follows. 

Carbonat  of  lime 


RoUELLE. 

CarlK)nat  of  {)otash 
Sulphat  of  potash 
Muribtdfpdtask 
Urea 
Benzene  »ad. 


magnesia 
■  potash 


Sulphat  of  potash 
■     ■ .  lime 

Muriat  of  potash 

Urea 

Gelatine 

Sulphur. 
The  same  chemist  found  that  the  urine  of  the  guinea-pig 
deposited  carbonat  of  lime :  that  it  changed  the  colour  of  syrup 
of  violets  to  green ;  and  that  it  contained  carbonat,  and  muriat 
of  potash ;  but  not  any  phosphat,  nor  uric  acid. 
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From  all  these  it  therefoiie  appears,  that  soda  and  its  com^ 
binatioRs  do  not  form  any  part  of  the  urine  of  the  camel^  cow, 
guinea-pig,  and  rabbit ;  unless  we  may  be  permitted  to  believe 
that  the  composition  of  the  urine  of  animals  in  general,  is 
various  at  different  periods,  not  only  in  the  proportions  of  the 
ingredients,  but  also  in  the  quality. 

Should  however  the  contrary  of  this  be  the  case,  w^  may 
assert  iitat  the  urine  of  the  horse  is  pecujliarly  distinguisheil 
from  that  of  the  above  mentioned  animals,  by  the  presence, 
and  abundaxice  of  soda,  as  the  following  analysis  made  by 
FoiziLi»i0Y  and  Vauquei-in  will  demonstr aite. 

Component  Parts  of  the  Urine  of  the  Horse. ^ 

Ciarbonat  of  lime         ^  .         ^  oqii 

> ■       ■    soda        ...  O0Q9 

Benzoat  of  soda        -  -         -  0024 

Muriat  of  potash         -        -  -  ,0009 

Urea  -  -        •  •,  .0007 

Water  and  mucilage        -        -         -  0940 

lOOO. 

Now  unless  the  urine  of  animals  is  very  differently  com- 
posed at  different  periods,  there  is  in  this  instance  a  marked 
chemical  cbaracter  between  the  urine  of  the  horse,  and  that 
of  the  above*mentioned  graminivorous  animals :  and  if  so, 
perhaps  the  same  may  prevail  respecting  those  other  animals, 
which  are  the  most  nearly  allied  to  the  horse. 

This  certainly  merits  investigation ;  but  it  can  only  be  ac- 
complished by  a  number  of  comparative  experiments,  and 

f  Taojisov,  Vd.  JV.  p.  655. 
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analyses  made  on  the  urine  of  the  same  and  of  diiierent  ani- 
mals at  various  times,  and  under  different  circunistances. 

I  am,  &c. 

CHARLES  HATCHETT. 


P.  S.  Since  the  foregoing  letter  was  written,  •Mr.  W. 
Brands  has  examined  the  urine  of  the  horse  and  ass ;  the 
result  is  as  follows : 

"  The  urine  of  the  horse  is  turbid,  and  of  a  mucilaginous 
consistence ;  it  changes  the  colour  of  vegetable  blues  to  green, 
and  when  exposed  to  the  air  it  becomes  covered  with  a  thin 
pellicle  of  carbonat  of  lime. 

"  When  evaporated  to  the  consistence  of  thick  honey,  it 
yields  to  alcohol  a  small  portion  of  urea.  The  salts  which  it 
contains  are  as  follows : 

Carbonat  of  lime 
■  soda 

Sulphat  of  soda 
Muriat  of  soda 
Benzoat  of  soda 
Phosphat  of  lime. 
"  These  amounted  in  the  present  instance  to  about  on^ 
eighth  of  the  urine.     I  could  discover  no  trace  either  of  pot- 
ash or  ammonia. 

The  urine  of  the  ass  is  somewhat  mucilaginous:  but  at  the 

same  time  transparent.    Like, that  of  the  horse  it  changes 

vegetable  blues  to  green ;  but  it  deposits  no  carbonat  of  lime, 

"  It  differs  in  its  composition  from  that  of  the  horse,  by 

containing  a  much  greater  relative  proportion  of  phosphat  of 
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lime  and  urea :  it  contains  also  carbonate  sulphat,  and  muriat 
of  soda,  and  there  appears  to  be  a  small  quantity  of  potash, 
which  is  probably  united  to  muriatic  acid.  I  could  not  discover 
any  benzoic  acid. 

"  It  is  worthy  of  remark  that  the  urine  of  the  horse  and 
ass  are  both  destitute  of  ammonia/' 


Explanation  of  the  Plates. 

Plate  XV. 

Represents  a  lon^tudinal  section  of  the  first  stomach  of  the 
bullock,  showing  its  cavity,  which  is  made  up  of  two  com- 
partments, separated  from  each  other  by  two  strong  transverse 
ridges,  composed  of  a  mixture  of  ligamentous  and  muscular 
fibres:  also  the  opening  into  the  second  stomach,  and  a  portion 
of  its  cavity :  the  orifice  leading  into  the  third  stomach,  and 
the  canal  through  which  the  food  is  thrown  up  from  the  second 
stomach  into  the  mouth,  and  afterwards  conveyed  into  the 
third  stomach. 

ay  The  oesophagus  terminating  in  the  first  stomach. 

hbbhy  The  cavity  of  the  first  stomach. 

cCj  The  two  ridges  dividing  it  into  two  compartments. 

ddy  The  mouth  of  the  second  stomach. 

f ,  The  orifice  leading  to  the  third  stomach. 

ffy  Two  muscular  bands,  which  have  their  origin  from  the 
coats  of  the  first  stomach  and  terminate  in  the  orifice  of  the 
third,  forming  a  canal,  along  which  the  food  is  conveyed 
from  the  second  stomach,  to  the  mouth,  and  from  the  mouth 
to  the  third  stomach. 
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Plate  XVI. 

Represents  a  posterior  view  of  the  first  aAd  s^eoojaA  sto- 
machs of  the  bullock  unopened^  andi  an  internal  view  of  the 
third  and  fourth  stomachs,  in  their  natural  relative  situati(m 
to  the  others. 

a.  The  oesophagus. 

bb,  The  coats  of  the  first  stomach,  in  a  distended  state. 

c.  The  coats  of  the  second  stomach. 

d,  The  orifice  leading  into  the  third  stomach. 

eecy  The  plicae  of  three  different  breadths,  which  are  con- 
.  tained  in  the  third  stomach. 

/,  The  valvular  termination  of  the  third  stomach  in  the 
fourth. 

gggj  The  longitudinal  plicae  of  the  fourth  stomach. 

h,  The  rugae  of  the  fourth  stomach,  near  the  pylorus. 

2,  The  glandular  projection  opposed  to  the  orifice  of  the 
pylorus. 

k,  The  pylorus,  or  termination  of  the  fourth  stomach. 

Plate  XVIL 

Represents  an  internal  view  of  the  first  stomach  of  the 
camel,  exposed  in  the  same  manner  as  that  of  the  bullock,  in 
Pate  XV. 

In  this  stomach  there  are  two  compartments,  separated 
from  each  other  by  a  longitudinal  ridge,  which  is  composed 
of  strong  muscular  fibres,  and  the  orifice  leading  into  the 
second  stomach  is  nearly  at  right  angles  to  the  cavity  of  the 
first ;  there  is  a  strong  muscle  passing  from  the  orifice  of 
the  first  stomach  through  the  upper  part  of  the  second  sto- 
mach to  the  third,  where  it  terminates ;  this  muscle,  and  the 
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longki^cKnal  ridge  form  a  canal  along  which  the  ruminated 
food  passes  into  the  th>rd  stomach. 

a.  The  oesophagus. 

bby  The  longitudinal  ridge,  dividing  the  cavity  into  two 
compartments. 

cc^  The  muscle  which  passes  to  the  third  stomach, 

d,  The  opening  into  the  second  stomach. 

ecy  The  muscular  cells  on  the  right  side  of  the  cavity. 

Jf,  The  larger  cells  on  the  left  side,  which  serve  to  moisten 
the  food  lying  over  them,  and  make  it  of  a  fit  consistence  to 
be  regiu-gitated  into  the  mouth  along  the  canal  formed  by  the 
longitudinal  ridge  and  the  muscle  going  to  the  third  stomach. 

gg.  A  broad  muscular  band  separating  the  cellular  structure 
into  two  portions. 

Plate  XVIIL 

Represents  a  posterior  view  of  the  first  stomach  of  the 
camel  unopened,  and  an  internal  view  of  the  second,  third, 
and  fourth  stomachs,  in  their  relative  situation  to  the  first, 
similar  to  the  view  given  of  the  stomachs  of  the  bullock,  in 
Plate  XVI. 

a,  The  oesophagus. 

hb,  The  coats  of  the  first  stomach,  in  a  distended  state. 

Cy  The  communication  between  the  first  and  second  sto- 
machs. 

ddy  The  muscle  running  along  ks  upper  part  to  terminate 
in  the  orifice  of  the  third  stomach.  This  muscle  when  it  acts 
with  its  greatest  force  brings  forward  the  orifice  of  the  third 
stomach  nearly  close  to  that  of  the  second,  and  by  so  doing 
shuts  up  the  rows  of  cells  in  the  lower  part  of  the  cavity  so 
that  no  part  c^the  soMd  food  can  pass  into  them. 
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ee,  The  rows  of  cells  which  form  a  reservpir  for  the  water. ; 
/,  The  opening  leading  into  the  third  stomach.  ^ 

gy  The  cavity  of  the  third  stomach. 

h,  The  orifice  of  the  fourth  stomach. 

7*/,  The  longitudinal  plicae  of  the  fourth  stomach. 

kky  Th?  rugous  structure  of  the  lower  part  of  the  fourth 
stomach. 

/,  The  glandular  projection  opposed  to  the  orifice  of  the 
pylorus. 

m.  The  pylprus.  ,  •,  . 

:  n,  A  dilatation  or  membranous  cavity  betwejen  the  pylorus 
2ind  duodenum. 

Oj,  The  duodenum. 

Plate  XIX. 

This  plate  is  intended  to  show  the  directions  of  the  muscular 
fibres  which  run  upon  the  orifices  and  sides  of  the  cellqjn 
the  first  and  second  stomachs  of  the  c^mel.    ' 

It  represents  six  of  the  cells  in,  the  lower  part  of  the  left, 
side  of  die  first  stomach,  with  a  portion  of  the:  longitudinal 
ridge  by  which  they  are  bounded.  These  particular  cells 
were  chosen  in  preference  to  those  of  the  second  stomachy  as 
they  were  the  largest,  and  the  muscular  fibres  were  mo^t  dis- 
tinctly seen ;  the  same  structure  is  met  with  in  the  cells  of 
the  second  stomach. 

»  aa.  The  longitudinal  ridge,  to  show  its  muscular  structure, 
and  the  mode,  in  which  the  fibres  go  oiFto  furnish  the  orifices 
of  the  cells. 

bbbbb.  The  course  of  the  fibres  goirg  from  cell  to  cell  to 
close  their  orifices. 

ccy  The  musculir  fibres  by  which  the  cells  are  enabled  to 
throw  out  their  contents. 
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XX.  Observations  on  the  Variation,  and  on  the  Dip  of  the 
magnetic  Needle y  made  at  the  Apartments  of  the  Royal  Society, 
between  the  Tears  'i'j^S  and  1805  inclusive.  By  Mr.  George 
Gilpin.     Communicated  by  Henry  Cavendish,  Esq.  F.  R.  S. 

Read  June  19,  1806. 

Of  the  Variation  Compass. 

The  variation  compass  used  in  making  the  following  obser- 
vations is  the  same  instrument  used  in  former  observations  of 
the  variation,  and  published  by  the  Society  in  several,  volumes 
of  their  Transactions:  and  as  a  particular  and  accurate  descrip^ 
tion  of  its  construction  was  given  by  Henry  Cavenj>ish,  Esq. 
F.R.S.  in  the  LXVIth  volume,  it  will  not  be  necessary  to  say 
any  thing  here  on  that  subject.  But  these  observations  being 
the  first  that  have  be^  communicated  since  the  compass  was 
put  up  in  the  Society's  apartments  in  Somerset  Place,  it  may 
not  be  amiss  to  point  out  its  situation  in  the  house  at  the  time 
of  observation,  and  the  method  pursued  to  attain  such  allow- 
ances as  were  proper  to  be  made  in  deducing  the  results  here 
given. 

1.  The  compass  in  the  house,  at  the  time  of  observation, 
was  placed  in  the  middle  window,  on  the  south  side  of  the 
Society's  meeting-room,  upon  a  strong  mahogany  board  li 
inch  thick.  Against  the  opposite  building  the  dial-plate  of  a 
watch  is  fixed,  making  an  angle  with  the  true  meridian  of 
31*  8' ,8  to  the  eastward,  as  a  mark  to  which  the  telescope  of 
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the  compass  was  adjusted.  To  obtain  the  angle  that  this 
mark  made  with  the  true  meridian,  I  fixed  a  transit-instru- 
ment on  the  mahdgany  board  above  mentioned,  precisely  in 
the  same  place  where  the  compass  had  been  placed,  and 
having  adjusted  its  telescope  to  the  said  mark,  the  transits  of 
the  suh  and  stars  over  a  vertical  circle  passing  throug^h  the 
zenith  and  this  mark,  were  observed  ;  and  the  angle  contained 
between  the  said  mark  and  the  true  meridian,  was  found  by 
computation  to  be  3 1"*  8',8  as  above. 

2.  For  the  purpose  of  ascertaining  what  error  there  might 
be,  from  a  want  of  parallelism  between  the  line  joining  the 
Indices  attd  the  niagnetism  of  the  iieedte,  and  thereby  to  de- 
terrtiine  whether  in  the  usual  method  of  observing,  the  ki^ 
dices  shew  the  true  angle  whith  the  direction  of  magnietisni 
makes  with  the  iii»st  division  or  zero,  a  gl*eat  many  observa^ 
tions  were  made  on  both  ends  of  the  needle,  and  with  both 
sides  of  the  needle  uppermost,  (the  Cap  of  the  needle  bting 
made  to  fit  on  readily  on  either  face  for  this  purpose,)  wjr 
north  end  and  south  end  in  its  uj>right  positiort,  and  north 
end  and  sourfi  end  with  the  nbedle  inverted)  and  the  mean  of 
the  four  giving  the  angle  greatfer  by  2',  thah  that  shewn  by 
the  north  end  in  the  upright  position  of  the  needle,  ( which 
was  the  end  always  used  ih  these  observations,)  two  mmutes 
have  been  added  to  all  the  observations  read  from  the  instru^ 
ment,  as  the  correction  for  this  error  to  angles  on  the  east 
side  of  zero,  and  subtracted  from  angles  on  the  west  aade,  to 
obtain  the  true  angle;  whieh  error  to  angles  o»  tlte  west 
side,  however,  only  occurred,  when  the  instrument  was  taken 
out  of  doors  to  determine  the  effect  of  the  iron  work  of  the 
building. 


Digitized  by 


Google 


and  tm  the  Dip  of  the  nu^netic  Needle.  ,  3S7 

5.  The  vatriatioh  compass  bemg  ^aced  in  thb  hovtse  for 
observation,  could  not  bfe  supposed  to  be  entirely  out  of  the 
influence  of  iron ;  I  was  therefore  desirous  to  ascertain  how 
far  that  il^fhience  might  extend;  for  the  determinatioii  of 
which,  the  foHowirig  method  was  adopted. 

HaviAg  caused  to  be  sunk  into  the  earth  to  some  depth  a 
6tFong  post,  in  the  wood  yard  of  Somerset  House,  at  a  Consi*- 
derable  distance  from  the  influence  of  any  iron,  on  which  the 
BOfflpa^  might  be  placed,  and  from  which -station,  there  was 
a  eortvenient  mark  at  a  proper  distance  to  which  its  telescope 
could  be  adjusted;  I  took  the  compass  there  at  those  times 
<jf  the  day  when  the  needle  was  stationary,  viz.  morning  and 
afternoon :  before  the  compass  was  carried  out  of  doors,  obser- 
vations were  made  in  the  rocnn ;  then  it  was  taken  out  of 
doors  to  the  above  menticmed  station  for  observation  there ; 
and  the  observations  were  again  repeated  after  the  compass 
had  he&\  restored  to  its  situation  in  the  room ;  so  that  had 
any  alteration  taken  place  in  the  interval,  such  alteration 
would  hav^  been  detected ;  but  during  the  whole  series,  no 
material  difference  occurred  between  the  observations  made 
in  the  house  before,  and  after  those  taken  in  the  yard. 

The  observations  therefore  made  in  the  yard,  compared 
With  thdse  taken  in  the  house,  both  before  and  after  those 
taken  out  of  it,  formed  the  comparison  for  obtaining  the  error, 
or  the  effect  of  the  iron  work  of  the  room  on  the  needle  in 
the  house,  and  there  is  reason  to  believe  that  considerable 
accuracy  has  been  obtained.    They  are  as  follow^ 

By  a  mean  of  «o  sets,  or  aoo  observations  taken  with  the 
compass  in  the  yard,  compared  with  twice  that  number. taken 
in  the  house,  before  and  after  those  taken  in  the  yard,  the 
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variation  observed  in  the  house  was  found  to  be  greater  than 
that  observed  in  the  yard  by  5^,4.  The  mean  of  nine  sets  of 
observations  taken  in  the  morning  giving  for  the  error  ^',5. 
And  the  mean  of  eleven  taken  in  the  afternoon  giving  for  the 
error  5^3.  The  variation  in  those  tables  have  therefore  been 
lessened  by  the  above  mentioned  quantity  5^,4,  as  the  error 
for  the  effect  of  the  iron  work  of  the  room  on  the  needle  in 
the  house. 

I  must  not  omit  to  mention  that  of  these  20  sets  of  obser- 
vations mentioned  above,  nine  only  were  made  with  the 
compass  in  the  same  situation,  and  eleven  in  that  of  a  diffe- 
rent one ;  for,  after  nine  sets  had  been  taken,  a  pile  of  boards 
was  put  up  between  the  compass  and  the  mark  to*  which  it 
had  been  adjusted,  which  made  it  necessary  ta  remove  the 
post  on  which  the  compass  had  been  placed,  a  few  feet  to 
the  westward  of  its  former  situation,  to  clear  it  from  the  said 
pile  of  boards ;  and  eleven  sets  of  observations  were  made 
from  this  new  station,  with  the  compass  adjusted  to  the  same 
mark  it  had  been  adjusted  to  before,  and  the  angles  that  this 
mark  made  with  the  true  meridian  from  each  of  these  station^, 
were  ascertained  by  placing  a  transit-instrument  precisely 
where  the  compass  had  been  placed,  and  observing  transits  of 
the  sun  and  stars,  in  the  same  manner  as  has  been  described 
in  finding  the  angle  af  the  mark  that  the  compass  was  ad- 
justed to  in  the  house.  And  it  is  conceived  that  this  accidental 
circumstance  adds  some  weight  to  the  accuracy  with  which 
these  operations  were  performed,  as  the  error  from  the  two 
results  of  nine,  and  eleven,  does  not  differ  so  much  as  o'^ 
from  each  other. 
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Dipping  Needle. 

The  dipping  needle  with  which  thfe  observations  in  this 
tx>minunication  were  made,  being  the  same  instrument  used 
in  former  observations,  of  the  dip,  and  it  having  also  been 
described  by  Mr.  Cavendish  in  the  Paper  before  alluded  to, 
it  will  not  be  necessary  to  say  any  thing  of  its  construction 
here.  Its  situation  in  the  house  was  in  the  eastern  window 
in  the  meeting-room,  next  the  door. 

As  the  observations  made  with  the  dipping  needle  were 
not  affected  by  any  other  source  of  error  than  that  of  the 
iron  work  of  the  room,  in  order  to  ascertain  the  quantity  of 
error,  the  instrument  was  taken  out  of  doors  at  two  different 
times,  after  an  interval  of  ten  years,  differently  situated  each 
time,  and  the  observations  made  at  both  these  times  out  of 
doors,  compared  with  the  observations  made  in  the  room, 
giving  for  the  error  20'  more  than  the  dip  was  found  to  be 
in  the  room,  and  both  agreeing  to  one  minute ;  that  quantity 
has  been  added  to  all  the  observations  made  with  the  dipping 
needle  in  the  room  for  its  error,  as  affected  by  the  iron  work 
of  the  room. 


Digitized  by 


Google 


a^  .        Mr.  Gilpin's  Qbssrvations  on  the  VariaUorij 

Although  a  valuable  Paper  on  the  diumal  variation  of  the 
horizontal  magnetic  needle,  by  the  kte  Mr.  John  Canton, 
F.  R.  S.  wjis  piiblished  in  the  iirat  part  of  the  LI**  Violume  of 
the  Phil.  Trans,  for  the  year  1759,  containing  a  great  noznher 
of  observations  made  at  cjilferent  and  irregular  times  of  the 
4fty  throughout  the  year;  yet,  it  appeared  to  me,  that  if 
the  variation  were  to  be  observed  at  short  but  stated  intervals 
of  the  d»y  for  one  yegir,  the  results  would  perhaps  not  only 
prove  more  satisfactory  in  determining  the  times  of  die  needle 
becoming  stationary,  but  would  show  its  progressive  and 
regressive  motions  better,  than  if  observed  at  irregular  inter? 
\a\s.  To  effect  which,  I  imposed  this  laborious  task  upon 
myself  for  the  space  of  sixteen  months. 

The  observations  contained  in  Table  L  in  sixteen  pages, 
vrz.  from  September,  1786,  to  December,  1787,  both  inclusive, 
aje  the  results,  made  at  many  but  stated  times  of  th^  day, 
i^nd  so  dJsposad,  that  the  progress,  or  regress,  of  the  va^iatio^ 
m^^y  be  readily  seen  by  mere  inspection. 

T^^^  U.  contains  the  mean  mionthly  variatLcui  foor  the 
;jibo.ve  mentioned  times  of  the  day  contained  in  Table  L 

Table  III.  contains,  besides  the  mean  monthly  true  varia- 
tion, and  mean  monthly  diurnal  alteration  of  variation,  for  the 
sixteen  above  mentioned  months,  the  mean  monthly  true 
variation,  and  diurnal  alteration  of  variation  for  many  months 
in  the  year,  between  the  years  1786  and  1805  inclusive. 

The  numbers  put  down  in  Table  I.  are  each  of  them  a 
mean  of  five  observations,  and  often  more. 

Those  in  Table  II.  depend  on  Table  I. 

As  the  observations  from  which  the  true  variation  has  been 
given  in  Table  III.  between  the  years  1788  and  1805  were  too 
numerous  to  be  all  inserted,  it  has  been  thought  suflScient  to 
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give  the  mean  monthly  true  variation,  and  mean  monthly 
dimnal  alteration  of  variation  only;  and  they  were  deter- 
mined from  a  mean  of  the  observations  made  at  those  times 
of  the  day  when  the  variation  was  considered  least,  and 
greatest ;  which  variations  for  each  month,  may  generally  be 
considered  as  a  mean  of  600  observations. 

From  the  observations  made  by  the  late  Dr.  Heberden  and 
others,  about  the  year  1775,  the  variation  was  found  to  in- 
crease annually  nearly  lo^  since  that  time  to  the  present,  its 
rate  of  increase  has  been  considered  as  gradually  diminishing,* 
and  for  the  last  three  or  four  yedrs  the  alteration  has  been  so 
very  small  as  to  make  it  somewhat  doubtful  whedier  it  may 


•  An  exception  to  the  progressive  iacrease  q>pears  between  the  years  1790  and 
1791,  as  the  ohsenrations  between  these  two  years  make  it  to  decrease  a  or  3%  and 
subsequent  ohsenrations  to  increase  again  ;  to  what  this  should  be  attributed,  I  am 
at  a  loss  to  account,  unless  it  arose  from  the  alteration  which  took  place  in  the  iron 
work  of  the  room  in  December,  <790|  four  strong  iron  braces  having  been  applied 
to  the  girders  in  die  floor  of  the  great  room  of  the  Royal  Academy*  (which  is 
over  the  Society's  meeting-room*)  in  consequence  of  a  cracking  noise  made  from  the 
great  pressure  of  a  number  of  persons  in  the  room  during  the  time  that  Sir  Joshua 
Reynolds  was  delivering  a  lecture;  these  braces  were  applied  two  on  each  side  of* 
and  equidistant  from*,  the  compass*  the  nearest*  about  18  feet  from  it.  It  may  be 
proper  to  mention*  however*  that  having  been  fiivoured  with  the  variation  observed 
both  by  Mr.  Cavekbish  and  Dr.  Hebbrdbn,  in  the  above  mentioned  years  the 
alteration  of  the  variation  was  by  the  former  nearly  the  same  as  in  my  own*  but  by 
those  of  the  latter  greater  in  both  cases. 

An  alteration  took  place  between  the  observatioos  made  with  the  dippiag  needle 
in  the  same  years.  All  the  iron  braces  were  on  the  north  west  side  of  the  needle*  and 
the  nearest  about  18  feet  from  it. 

The  allowances  made  to  the  observations  of  the  variation*  and  also  of  the  dip,  for  the 
effect  of  the  iron  work  of  the  room*  were  both  ascertained  after  the  above  mentioned 
alteration  in  the  iron  work  took  place*  but  they  have*  notwithstanding*  been  applied 
t^he  observations  made  before  as  well  as  since  that  time. 
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not  be  considered  stationary,  but  I  would  not  from  Bo  short 
a  period  conclude  that  it  really  is  so. 

From  the  observations  of  sixteen  months,  viz.  from  Sep- 
tember, 1786,  to  December,  1787,  both  inclusive,  the  variation 
may  be  considered  as  generally  stationary  aft  or  about  7  or  8 
o'clock  in  the  morning  when  it  ie  >least ;  and  about  1  or  a 
o'clock  in  the  afternoon  when  k  is  greatest ;  and  therefore  it 
has  been  the  practice  in  determining  the  true  variation  put 
down  in  these  tafbles,  to  take  a  mean  of  the  two  mommg,  and 
the  two  afternoon  observations,  made  -at  those  times,  for  the 
true  variation. 

In  March,  1787,  The  mean  monthly  4ittmal  altwation  of 
variation  was  found  to  be  l5^o ;  in  June  19^,6 ;  in  July  19', 6; 
in  September  14^,8 ;  and  ki  December  7',6.  But  on  a  mean 
of  12  y^ars  observations,  from  the  year  1793  to  1805,  the 
diurnal  alteration  of  variation  in  March  was  only  8^,5 ;  in  June 
1 1',2 ;  in  July  lo'fi;  in  September  8',7 ;  and  in  December  s',7^ 

Table  IV.  contains  the  differences  for  i«  years,  vix.  from 
1793  to  1805,  between  the  observations  of  the  variation  made 
in  the  months  of  March,  June,  September,  and  December,  or 
at  the  times  of  the  vernal  and  autumnal  equinoxes,  and 
summer  and  winter  solstices ;  by  a  mean  of  these  1  s  years, 
the  variation  appears  to  increase  or  go  westward,  from  the 
winter  solstice  to  the  vernal  equinox  o',8o;  diminishes  or 
goes  eastward  from  the  vernal  equinox,  to  the  summer 
solstice  i',43 ;  increases  again  from  the  summer  solstice  to 
the  autumnal  equinox  ^',43 ;  and  continues  nearly  the  same» 
only  decreasing  o',i4,  from  the  said  equinox  to  the  winter 
solstice. 

These  differences  at  the  times  of  the  equinoxes  and  sal- 
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slices  have  been  noticed  by  M.  Cassini^  in  his  observations 
made  at  the  Royal  Observatory  at  Paris,  between  the  years 
1783  and  1788,  but  the  effect  was  considerably  greater  in  his 
observations,  than  in  those  mentioned  above;  his  results 
however  were^  in  my  opinion,  drawn  from  too  few  obser- 
vations, being  from  only  8  days  observations  about  the  times 
of  the  equinoxes  andr  solstices,  which  differ  considerably 
among  themselves;  and  experience  teaches  us,  that  mag-* 
netical  observations  made  for  a  period  so  limited  are  not 
suf&dent  for  minute  purposes:  Ihave therefore, in  the  results 
here^ven,  taken  the  mean  of  the  observations  made  during 
the  whole,  month  in  which  the  equinoxes  atid'  solstices  falU 
which  appear  to  me  likely  to  furnish  results  more  satisfactory  • 
and  aU  the  foregoing  observations  are  to  be  considered  as  th6 
results  or  mean  of  a  great  many,  by  Way  of  arriving  at 
greater-accuracy  than  could  be  obtained  without ;  this,  how- 
ever, w^as  found  to  be  more  necessary  at  some  times  than  at 
cAhers;  sometimes,  the  needle  would  be  extremely  consistent 
with  itself,  so  as  to  return  exactly  to  the  same  point,  however 
often  it  might  have  been  drawn  aside;  at  other  times  it  varied 
s  or  3^  sometimes  8,  10',  or  even  more;  this  uncertainty  in 
the  needle  arises  principally,  I  believe^  from  changes  in  the 
atmospherie,  for,  a  change  of  wind;  from  any  quarter  to  ano- 
ther, almost  always  produced  a  change  in  the  needle  from 
steady  to  unsteady,  and  vice  versa ^  but  it  Was  generally  more 
Unsteady  with  an  easterly  wind,  than  when  it  blew  from  any 
other  quarter,  and  most  steady  when  the  wind  was  south  or* 
south-westerly.  An  Aurora  Borealis  always  produced  consi- 
derable agitation  of  the  needle. 
It  has  been  mentioned  in  this  Paper,  that  the  annual  increase 
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of  variation  was  found  about  the  year  1775  to  be  nearly  10'; 
and  was  considered  at  that  time  to  be  gradually  diminishing^, 
but  it  is  remarkable  that  this  rate  of  increase  appears  from  the 
annexed  Table  to  be  nearly  the  same  at  which  it  has  been  found 
to  move  between  all  the  different  periods  in  the  said  Table,  from 
1580  to  1787,  a  period  of  more  than  200  years,  excepting 
between  the  years  1692  and  1723;  the  observations  of  Dr. 
Halley  in  1692  and  Mr.  Graham  in  1723  make  the  annual 
increase  16' ;  to  what  this  difference  could  be  owing  I  am  at  a 
loss  to  account;  on  referring  to  observations  made  at  Paris  for 
those  two  years  the  annual  increase  is  14' ;  subsequent  observa* 
tions  made  by  Mr.  Graham  in  1748  make  the  annual  increase 
between  this  year  and  1723  only  8^l  nearly  what  its  rate  had 
been  found  before  this  great  difference  occurred ;  and  from 
the  variation  of  Mr.  Graham  in  174,8,  and  the  variation  ob- 
served by  Dr.  Heberden  in  1773,  the  annual  increase  is  8^4; 
the  variation  in  1773  compared  with  the  variation  observed 
by  myself  in  1787,  give  for  the  annual  rate  of  increase  9^,3 ; 
but  between  1787  and  1795,  the  annual  increase  was  only 
4^,7;  between  1795  and  1802,  i',2 ;  and  between  1802  and 
1805,  only  o',7. 

The  mean  rate  of  annual  increase  for  the  above  mentioned 
period  of  207  years,  viz.  from  1580  to  1787,  is  lo'. 

As  there  appears  something  curious  in  the  rate  at  which 
the  variation  has  been  moving  from  observations  made  at 
London,  for  a  period  of  more  than  200  years,  the  annual 
increase  of  which  during  that  time  continued  nearly  the  same, 
but  in  a  subsequent  period  of  18  years  only,  the  decrease  of 
that  annual  increase  became  so  rapid,  that  the  annual  increase 
in  the  latter  part  of  it  does  not  amount  to  quite  one  minute. 
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I  shall  subjoin  the  following  Table,  by  way  of  elucidating 
what  is  here  mentioned* 


By  whom  the  Variation  was  observed. 

Year. 

Variation. 

Annual 
Increase. 

Mr.  Burrows,*  in      - 

Mr.  GUNTER          -          -          - 

Mr.  Gellibrand 
Mr.  BoND-f        -        - 
Mr.  Gellibrand  I 
Dr.  Halley§ 

Mr.  Graham  II      -        -        - 

Dr.  Heberden  if        -        - 
Mr.  Gilpin        -         -         - 

1580 
1622 

1634 

1657 
1665 

1672 

1692 

1723 

1748 

1773 
1787 

^795 
1802 
1805 

0       / 
11    35E 

6    0 

4    « 

0  0 

1  22  W 

2  30 
6    0 

14  17 
17  40 

21    9 

«3  ^9 

«3  57 
24    6 

24    8 

i 

+  7,5 
10,6 

io,«. 

9,7 
10,5 

16,0 
8,1 
8,4 
9,3 
4,7 
i,« 
0,7 

^  The  observations  of  Burrows,  GvNTBR,  and  GiLLiBRAirD'a*  in  1634,  are 
taken  from  Sbllrr's  Practical  Navigation,  1676.  Burrow's  observations  are  said 
to  be  the  oldest  and  best  in  the  world ;  longitude  and  latitude  found  by  dipping 
needle,  p.  xvL  Gellibrand  is  said  to  be  the  first  person  who  ascertained  the 
variation  of  the  variation,  about  the  year  1625^  Phil.  Trans.  No.  276-— 279 ;  but  if 
this  is  the  date  of  the  observations  by  which  it  was  determined,  the  observations  of 
GuMTBR  in  1622,  show  him  to  have  a  prior  claim ;  Bond,  in  his  Longitude  found, 
p.  5  and  6,  says  that  the  variation  was  ^rst  found  to  decrease  by  Mr.  John  M air, 
secondly  by  Mr.  Edmund  Guntbr,  thirdly  by  Mr.  HsNar  Gbllibrand,  and 
by  himself  in  1640. 

f  Longitude  found,  p.  3. 

}  Ibid,  p*  13 ;  and  Longitude  and  Latitude  found  by  Dipping  Needle,  p.  6. 

4  Phil.  Trans.  No.  195,  p.  565, 

II  Ibid.  No.  383,  p.  107;  and  No.  488,  p.  279^ 

f  Obligingly  communicated  by  his  son,  the  present  Dv.  Heberdbn. 
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Table  V.  contams  the  dip  of  the  magnetic  needle  from- the^^ 
years  I786  to  1805.  For  the  first  sixteen  months,  viz^  from 
September,  1786,  to  December,  1787,  both  inclusive,  the  dip 
was^  observed  as  frequently  as  the  variation,  but  as,  there  does 
not  appear  to  be  any  diurnal  alteration  in  the  dip,  to  make  it  at 
all  interesting  to  communicate. so  many  observations  as  were 
made,  the  mean,  therefore  for  each  month  has  been  thought 
sufficient  for  insertion. 

To  explain  the  foregoing  Table  it  must  be  observed^  that 
each  of  the  number?  in  the-  four  fir^t  columns  of  the  above 
Table,  are  each  of  them  the  mean  of  several  means,  as  exh 
pressed  in  the  line  against  those  numbers ;  and  as  each  of 
those  means,  are; again. the  mean  of  five  observations  at  least, 
each  of  the  numbers  in  the  first  line,  said  to  be  the-meanof 
nine  me»ns,  is  therefore  a  mean  of  forty-five  observations; 
and  so  of  all  the  rest. 

The  numbers  in  the  fifth  column  >  entitled  true  dip,  »e  the 
means  of  the  numbers  contained  in  the  four  preceding  co- 
lumns in  the  same  line  with  it. 

The  dipping  needles  used  by  Norman,  the  inventor  of  the 
dipping  deedle,  who  observed  the  dip  at  London  in  the  y.ear 
^57^  to  be*  71''  50';  and  of  Mr.  Bond,  who  observed  it  in 
1676  to  be^  73**  47';  not  being  so  much  to  be  depended  upon 
as  the  needles  that  have  been  in  use  for  near  a.  century  pa^, 
render  the  progressive  increase  of  the  dip  from  Norman's 
time,  to  the  time  of  its  maximum,  somewhat  doubtful.  But 
Mr.  Whiston,  whose  needle  there  is  reason  to  believe  was 
more  to  be  relied  upon,  in  the  year  1720  determined  the  dip 

•  New  Attractive,  c.  4.  f  Longitude  foundr 
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to  be*  ^^  lo';  this,  when  compared  with  many,  and  very 
accurate  observations  made  by  Mr.  Cavendish,  with  several 
needles  in  the  year^- 1775,  who  found  it  to  be  73**  30',  makes 
the  decrease  in  this  period  of  55  y^ars  on  a  mean,  s',9  per 
anrmm.  And  from  a  comparisom  of  my  own  observations  of 
the  dip  in  1805,  wiiich  was  70''  fii',  with  the  ^above  of  Mr. 
Cavenmsh  in  1775^,  its  annual  decrease,  on  a  mean,  appears 
to  have  been  4^3 ;  and  its  progressive  annual  decrease  on  a 
mean  in  the  above  mentioned  period  of  30  years  i',4. 

f  cannot  conckide  tHs  Paper  i^thout  expressiirg  my  regret, 
that  so  Kttte  avail  should  have  "be^ai  made  of  the  numerous 
opportunities  which  have  been  afforded  to  travellers  and 
others  in  the  last  centnry  for  making  accurate  observations 
with  proper  instruments,  at  land,  on  the  v^riaticm  in  diiFerent 
parts  of  the  world :  Such  observations  \v^ould  probaWy  have 
afforded  some  curious  and  useful  ifacts  which  would  have  ma- 
terially aissisted  in  forming  a  ^eory  much  more  certain  than 
what  we  at  present  possess ;  the  present  received  opinion  of 
the  cause  of  the  <fiiirhal  alteration  of  variation  would  be  con^- 
firmed  or  invalidated ;  its  quantity  of  effect  in  different  places, 
a  most  desirable  acquisition,  would  be  ascertained ;  and  we 
should  be  put  in'  possession  of  more  valuable  and  correct 
information  on  the  variation  than  can  be  derived  from  obser- 
vations made  with  the  common  azimuth  compass,  even  at 
land,  owing  to  its  imperfect  construction.  The  variation  thus 
accurately  obtained  at  any  one  period,  compared  with  the 
variation  correctly  ascertained  at  a  subsequent  period,  would 

•  Longitude  and  Latitude  found  by  Dipping  Needle,  p.  7 — 94. 
t  Phil.  Trans.  Vol.  LXVI.  p.  400. 
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give  a  rate  of  alteration  of  the  variation  which  could  be  relied 


on. 


The  celebrated  Halley  thought  the  variation  of  so  much 
importance,  that  he  made  two  voyages  for  the  purpose  of 
making  observations  on  the  variation^  to  confirm  his  theory 
advanced  in  1683,  and  soon  after  he  published  his  variation 
chart  Since  his  time  no  better  theory  than  he  left  has  been 
obtained,  although  it  must  be  confessed  that  many  observations 
have  been  made  at  sea  by  voyagers ;  but  these  observations 
made  generally  to  answer  the  purpose  of  the  observer  at  the 
time  only,  are  therefore  seldom  preserved  ;  for  unless  made 
by  authority,  which  rarely  happens,  they  do  not  often  meet 
the  public  eye;  and  it  must  be  from  observations  made  with 
care,  and  with  good  instruments,  carefully  registered,  and 
properly  arranged,  that  any  real  advantage  can  be  derived. 
It  is  hoped  therefore,  that  in  future  attention  to  this  subject 
will  not  be  thought  beneath  those  who  may  haye  it  in  their 
power  essentially  to  promote  an  undertaking  so  interesting 
to  the  philosopher,  and  so  valuable  and  useful  to  the  maritime 
world. 
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Table  I. 
Observations  on  the  Variation  of  the  magnetic  Needle. 


1786 

7  A.M. 

8  A.M. 

10A.M. 

12  M. 

I  P.M. 

2P.M. 

fP.M. 

6P.M. 

8  P.M. 

loP.M 

a      / 

e      » 

•     '» 

a     » 

•     . 

•       !. 

0     » 

0     1 

0     / 

**          ir 

>ep.  I 

83     7 

23   10 

23  18 

23  27 

23  29 

23  z8 

23   20 

23   ... 

23   ... 

23     26 

z 

9 

10 

H 

20 

21 

21 

••• 

••• 

... 

14 

3 

7 

8 

II , 

20 

»3 

44 

•  •• 

II 

10 

10 

4 

9 

9 

16 

22 

23 

»3 

•  •• 

... 

..« 

12 

5 

9 

10 

16 

22 

23 

22 

16 

II 

••• 

•  a. 

6 

6 

6 

»5 

23 

44 

*3 

•  •• 

•4 

••• 

8 

7 

7 

8 
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26 

»7 

26 

18 

\l 

••• 

8 

8 

23 

»3 

18 

«3 

*| 

*3 
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>3 
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9 

7 

9 
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*4 

26 

z6 

20 

>7 
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«5 
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15 
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28 

28 
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»4 

II 

9 
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*S 
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»7 

H 
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12 

3 
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»5 

26 
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»7 

•7 

16 
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2? 

26 

U 
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13 

«4 

J 
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»9 
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15 

14 

»5 
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zo 

23 

23 

i9 

«4 

13 

13 

16 

8 

10 
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20 

22 

22 
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12 

9 

17 

8 
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»S 

*4 

28 

28 

••• 

16 
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10 

18 

6 

7 

.     »3 

*i 

»9 

20 
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18 

>S 

H 

»9 

i' 

•  •• 

II 

18 

*3 

43 

20 

18 

»S 

15 

20 

••• 

II 

21 

23 

»4 

16 

>S 

»4 

12 

ZI 

12 

••• 

»4 

»9 

43 

«3 

15 

«| 

«4 

H 

22 

II 

••• 

»4 

20 

'3 

43 

18 

16 

»3 

»3 

»3 

5 

••• 

8 

22 

22 

«3 

•  •• 

•«• 

12 

11 

H 

3 

••• 

II 

20 

23 

»4 

20 

•J 

12 

11 

«S 

7 

9 

>5 

20 

43 

«3 

21 

17 

II 

10 

z6 

5 

••• 

»4 

21 

s 

26 

22 

'4 

II 

10 

27 

.     8 

10 

*7 

H 

*7 

21 

»4 

10 

9 

z8 

5 

6 

•3 

18 

«9 

>9 

20 

18 

»5 

5 

29 

10 

••• 

»9 

27 

28 

«S 

16 

•  •• 

•  •• 

16 

-     3« 

9 

•  •• 

ZI 

H 

«4 

«4 

20 

16 

21 

10 

• 
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• 

SF 

•  ' 

Digitized  by 


Google 


40O 


Mr,  Gix.nN's  Obsetvationt  01  thi  VatiaUm, 


Table  I. 

Observations  on  the  Variation  of  the  magnetic  Needle* 


ijie 

7  A.M. 

8  A.M. 

10A.M. 

12  M. 

I  P.M. 

2  P.M. 

fP.M. 

6  P.M. 

8  P.M. 

10  P.M. 

itP.M. 

0  1 

0  / 

e   / 

•  1 

•  / 

0  1 

0  / 

.  / 

0  « 

0  r 

. 

Oct.  I 

23  7 

23  9 

23  13 

23  21 

asai 

23  ... 

23  ... 

23  .- 

23  u 

23  io 

23  ... 

»4 

••■ 

17 

as 

26 

a7 

10 

II 

10 

10 

II 

II 
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ii 
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*7 

i^ 

tz 
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»4 
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9 
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Variation. 

True 
Variation. 

Diumal 
Alteration 

of 
Vafiation. 

True 
Variation. 

^     ...  1. 

Diumal 
Alteration 
-     of. 
Variation. 

True 
Variation. 

Diumal 
Alteration 

of 
Variation. 

Janu 

ary. 

February. 

"       March. 

April. 

;        May. 

June* 

f 

•     / 

c 

# 

•      / 

•     / 

/ 

•■      / . 

•  *  >o       »    •    • 
^•vi     ai    15,6 

10,3 

8.7 

23   19,8 

•   •  • 

10,4 

*3  20^3 

15,0 

•    ■   • 

23  i8,s 

«7>4. 

23  17,0 

18,9 

23 18,3 

23  «8,9 
*3.  34»* 

19  fi 

18,8 

17.1. 

^-.>i   45  1^9 
^•A^  ,4 J  4^-9 

6^8 

4.3 
4.S 

23*36,0 

I  CO  . 

* 

•    •    • 

i>*w- 

23  41  >9 
23  47*3 

II»C 

*3i48.3 

4>6 

23  48,8 

8>S 

23  46,2 

11,7 

10^- 

»3  43.S 

12*6 

\04 

•J    3T*- 

^3  57*5 

24    l.I 

24   0,6 
24    I>I 
H.    3*6 
«4    S>* 
24    6,9 
24    8>o 
24    9.4 
24    8,7 

0.8. 

«3  S7.I 
*3  58.7 
24    0^ 

*3  59^ 
24    0,6 
2+    1,8 
24    2,8 

*4    S'3 
24    7,0 

2J.       6.0 

ii«6 
11.2. 

10,8 
10,9 
10,8 
10,7 
12,6 
1 14 

1  06 

7.0 
7»4 
7»». 

6,9 
8^ 

11,8 

10,0 

8,1 

.  .  . 

'    1S03 

1  iii04 
1  1805 

•     «     • 

.      •       • 

•      •     • 

2J.     7.8       rs-f     1 

1 

■^T        /*" 
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Table  III. 

Mtcm  moniMy  true  Fatiatron,  and  mean  mmtfdy  diurwai  Alteration  oj  Variation  of 

the  magnetie  J^eedie. 


1786 
1787 
1788 
1789 
1790 
1791 
1792 

1793 
1794 

:??! 

»797 
1798 
1799 
1800 
1801 
1802 
1803 
1804 
1805 

True 
Variation. 

Diurnal 

of 
Vatiatkm. 

True 
Vartnloh. 

Diamal 
Alt»atiott 

of 
Variation. 

Trte 
VaHftdan. 

Diunial 
Attention 

of 
Variation. 

True 
ITnittioa. 

piumal 
^itcia^ion 

FariatioD. 

True 
Vaiiatiooa 

Diamal       Tme 
Alteration  Variation. 

of 
Variation* 

DIornal 
Alteration 

of 
Variation. 

July. 

August. 

September.     1 

October. 

November. 

Df^ember. 

•  / 

•  •      • 

23  19.6 
«3  a9'8 

•  •      • 

23  30,0 
23  36,7 

1 

•  •    • 

19.6 
l6»4 

•  •      • 

>5.4 

I5»2 

'  0     ? 

•  •    • 

23  21,9 

•  •    • 

•  •    • 

•  k   • 

•  •    • 

•9.4 

•  •      • 

•  •       • 

•  •      • 

•  «       • 

*3  »^*4 
p3  ^2,8 
*  .    •   • 

•  •    « 

•  •    • 

«3  43.9 

23  52.6 
25  58.' 
H    0.4 
H    0.1 

24  '.4 
►4     '.4 
24    2,9 
»4    3.6 
H    3.8 
i4    8,7 
24  10,5 
»4    8,9 
i4  10,0 

14*8 

i5*5 

•  •    • 

•  •    • 

•  •    • 
»    •    • 

II, r 

9,8 

8.4 
7.6 

H 
7.6 

9if 
7.8 
7r7 
10,1 

8,9 

9.5 
9.3 
9.3 

13  18.4 
»3  24,5 
»3  3».« 

•  •       • 

•  •       • 

•  •       • 
B  9    J'*'  ^ 

'5.3 
14*3 
14.6 

•  •       • 

•  •       • 

•  •       • 

8.9- 
7/> 

•     » 
«3  >7'3 
23  25.0 

•  •      • 

•  •      • 

•  •      • 

.    .    . 

21    J  ^  /\ 

1 

9 
11 

• 
•    < 

9 

'9 
,1 

1      • 

• 

»7 
,8 

23  18,3 
23  25,8 

•    •    • 

23  4».2 

•       •       • 

23  45.2 
23  52.3 

23  59.4 

24  '.3 
24     >.3 
24    ».4 
24    2,3 
24    3.3 
24    5.4 
24    6,8 
24  10,7 
24    9,0 

24    9'4 

7.6 
8,3 

•  •       • 

5.4 

•  •       • 

•  •       • 

3.8 

*  3.6 

4.9 
5.0 

2,7 
3.4 
3.« 

2.5 
3.8 
3.0 

23  50,5 
»3  S4.4 
23  57.1 

23  59.* 

24  0.3 
24    0.0 
24.    1,8 

24    3.0 
24    4.> 
24    6,0 

24    7.9 
24    8,4 

«4    7.8 

12.5 
11,2 

8.4 
10,1 
10,1 
10,0 
10,4 

9.2 
10,3 
12,3 

«3.« 

10.+ 

10,4 

*5    T 

*3  A 
*3  S 

« 
• 
•       1 

• 
• 
• 
• 
« 
• 

.8,6 
7*2 

12,1 

9,8 

*3  n 
*3  5 

• 

•   ■ 

•  i 

• 

•  1 

•  • 

• 
• 

•2,3 

*3  n 
23  5 

1..  i 

^9 

3 

3H  a 
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Table  IV. 

Differences  between  the  Observations  of  the  Variation  of  the  mag-- 
netic  JsTeedle  at  the  Times  of  the  Equinoxes  and  those  at  the 
Solstices. 


Years. 

March. 

June. 

^  September. 

December. 

1793 

+  3,6 

-0,3 

+  4,1 

^^'3 

1795 

•     •     •     • 

-0,4 

+  3,3 

—  1,0 

179^ 

+  >,7: 

—  2,4 

+  1.4 

+  1,2 

-^797* 

+  o,s 

-1,3 

+  1,2 

-0,1 

1798 

-0,7 

—  1,2 

+  2,0 

0,0 

1799 

-0,3 

—  0^ 

+  2,3 

-0,6 

1800 

+  1,3 

-1,8 

+  1,8 

—  0,3 

1801 

+  1,9 

—  2,4 

+  1,0 

+  1,6 

1802 

+  1,5 

-1,6 

+  3»4 

—  1,9 

1803 

+  i,« 

—  1,0 

+  3»5 

+  0,2 

1804, 

-  1,3 

-3»4 

+  2,9 

+  0,1 

1805 

—  0,3 

-0,9 

+  2,2 

-0,6 

Mean 

+o',8o 

— 1',48 

+2',43 

-o',i4 

> 
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FftceEa$t.    Face  West. 


1786 
September 
October 
November 
December 

1787 
January 
February 
March  - 
April    - 
May    - 
June     - 
July    . 
August 
September 
October 
November 
December 

1788 
January 

1789 
January 
December 

1790 
January 

1791 
January 

«795 
October 

October 

1798 
April    - 
October 

1799 
October 

1801 
April    • 

1803 
October 

1805 
August  - 


72  28,7 

72 

>.4 

72  29,9 

7> 

59.0 

72  7,6 

72 

17.6 

72  10,6 

72 

2,2 

72 1 1.4 

72 

1,8 

7»  >9'4 

72 

10,8 

72  19,1 

72 

ii>9 

7a  24.4 

72 

9.S 

7*  *4.4 

72 

9,6 

72  22,6 

72 

7.9 

72  22,6 

7« 

7.9 

72  22,3 

72 

6,7 

72  22,3 

72 

6.7 

72  23,1 

72 

2,5 

71  23.1 

72 

2>S 

72  22,8 

7? 

2,0 

72  22,8 

7a 

a>o 

72  16,0 

72 

0,0 

72  »7.S 

7> 

59.4 

72  16,9 

7> 

57.7 

7>  43.9 

7« 

36.1 

71  12,8 

7» 

9.5 

7»  4.9 

7> 

10,9 

7«  4.7 

7> 

14.5 

70  S5'6 

71 

H5 

70  56,0 

7« 

13.5 

70  47.4 

7» 

5.6 

70  30,9 

7> 

9,9 

70  25.2 

70  55»7 

Poles  reversed. 


Face  East. 


7»    57>3 
72     0,4 

72      2,2 


7* 
7* 
7* 
72 
72 

72 
71 
71 

72 

72 
72 
72 


i>o 
*»5 

o>5 
4»2 
4»2 
59'9 
59'3 
2,9 

2'9 
2>7 
2.7 


Face  West 


72  2*6 

71  Sl>9 

71  38^9 

71  40*2 

71  37>2 

7»  «3»9 

70  56,3 

71  2,3 
7«  7*7 

71  ii>5 

70  S*>4 

70  40,5 

70  26,9 


•     / 


72 
72 
71 
71 

7» 
7" 

7i 
7« 
71 
7» 
7» 
71 
7« 
71 
7» 
71 


5>» 
1,2 

46.7 
58,4 

56,0 

52,2 
52,2 

52,9 
52,9 
55.1 
55^2 
51,0 

5o>3 


True  Dip. 


71  48»« 

71  3M 

71  4^>8 

7>  40*2 
71  i7»5 
71     9'4 

70  44*7 

70  19,8 
70  22,2 

70    7,9 

69  38,2 

69  46,7 

69  36,3 


72 
72 
72 
72 

72 
72 
7^ 
72 
72 
72 
72 
72 
72 
72 
72 
72 


8,1 
7,6 
3>6 
3>4 

6,9 

7.8 

6.8 
6,4 

5-9 
5.7 
4.9 
4.7 
4.4 


72    4,0 

ri  54.8 
7>  54.6 

7'  53'7 

7«  23,7 

7»  »«.4 

70  59.2 

70  SS'4 
70  55,0 

70  5*.a 
70  35.6 
70  32,0 

70   21,0 


Mean  of  9  means. 

4    

14    

16    

16    

16    

■ 16    
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XXI.  On  the  Declinations  of  some  of  the  principal  fixed  Stars; 
with  a  Description  of  an  Astronotnical  Circle,  and  some  Remarks 
on  the  Construction  of  Circular  Instruments.  By  John  Pond, 
Esq.     Commmicated  by  Smithson  Tennant,  Esq.  F.  R.  S. 


He^d  June  ^6,  iSq6. 

The  observations  which  a<:company.this  Paper  were  made 
at  Westbury  in  Somersetshire,  in  the  years  1800  and  180 1, 
with  an  Astronomical  Circle  of  two  feet  and  a  half  diameter, 
constructed  by  Mr.  Troughton,  and  considered  by  him 
as  one  of  the  best  divided  instruments-  he  had  ever  made ;  a 
drawing  of  it,  with  a  short  description,  is  annexed  to  the  ob- 
servations. (Plate  XX-) 

When  this  instrument  came  into  my  possession,  I  thought  I 
could  not  employ  it  in  a  more  advantageous  manner,  than  in 
endeavouring  to  determine  the  declinations  of  some  of  the 
principal  fixed  stars.*  The  various  catalogues  differed  so 
much  from  each  other,  and  such  doubt  existed  as  to  the 
accuracy  of  those  which  were  thought  most  perfect;  that  the 
declinations  of  few  stars  could  be  considered  as  sufficiently  well 
ascertained  for  the  more  accurate  purposes  of  astronomy. 

The  advantages  that  have  resulted  from  the  excellent 
method  pursued  at  Greenwich,  of  observing  constantly  the 
transits  of  a  few  stars,  to  obtain  accurately  their  right  ascen- 
sions, induced  me  to  follow  the  same  method  for  determining 

•  At  that  tiqe  Dr«  Ma.skbltne*s  late  Catalogue  wais  not  pubUshed. 
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iW>*.  PoSD  6n  the  Declinations,  &c.  ^i 

ft^fff  decimations ;  and  for  ^  considerable  period- 1  constantly 
cd>9erved  them'  on  the  meridian,  whenever  they  passed  at  a 
conrenienthour ;  usually  reversing  the  instrument  in  azimuth' 
at  the  end  of  every  day's  observation ;  never  considering  any 
obs^i^vation  a^  complete  that  had  not  its  corresponding  one  in 
a.  short  interval  of  time.  When  this  circumstance  is  not  at- 
tended to,  I  think,  a  great  part  of  the  advantage  arising  from 
the  circular  construction  is  lost. 

The  observations  themselves  will  show,  if  they  have  been 
made  with  the  requisite  care  and  attention  to  merit  the  notice 
of  astronomers ;  for  it  is  one  of  the  many  advantages  of 
circular  instruments,  that  from  the  observations  made  with- 
them,  we  may  infer  with  great  precision  not  only  the  mean' 
probable  error,  but  likewise  the  greatest  possible  error  to* 
which  they  ar^e  liable.     From  a  careful  comparison  of  the 
errors  of  coUimation,  as  deduced  from  different  stars,  I  con- 
cluded that  the  greatest  possible  error  Was  2^,5,  and  the  mean 
error  about  1";  and  by  a  comparison  with  other  observations 
with  similar  instruments,  it  will  be  seen  that  this  supposition 
was  well  founded,  since  nearly*  the  same  quantities  are  de^ 
duced'by  another  method  to  be  considered 'hereafter- 

The  polar  distances  are  annexed  to  each  observation :  a' 
method  which  I  borrowed  from  Mr.  Woilaston,  and  which' 
is  rendered  very  easy  by  employing  his  useful  tables  calcu- 
lated'for  that  purpose.  This  practice  of  reducing  every  day's 
observations  cannot  be  too  much  recommended,  as  the  labour 
of  calculating  accumulated  observations  is  thus  rendered  un- 
necessary* 

When  I  had  deduced  the  declinations  of  these  starS  from- 
my  own  observations,  continued  long  enough  to  diveist  them- 


Digitized  by 


Google 


4S«  Mr*  Pond  on  the  Declinations 

of  all  error,  except  that  arising  from  defect  in  the  divisions  oF 
the  intrument,  I  was  desirous  of  comparing  them  with  the 
observations  made  by  others ;  and  I  have  subjoined  a  com- 
parison of  them  with  all  those  which  I  could  procure,  that 
seemed  entitled  to  confidence.  In  the  first  column  are  the 
observations  made  at  Greenwich,  as  published  in  1802  by 
the  Astronomer  Royal ;  the  second  column  contains  a  cata- 
logue deduced  from  some  observations  made  at  Armagh  with 
a  very  large  equatorial  instrument  constructed  by  Mr.TRouoH- 
toN.  In  the  third  column  are  the  observations  of  Mr.  Piazzi,  of 
Palermo ;  and  in  the  fourth  those  made  at  Westbury .  All  the 
above  mentioned  observations  are  arranged  in  the  order  of  their 
polar  distances,  and  the  positive  deviations  separated  from  the 
negative ;  that  the  cause  of  error  in  any  of  the  instruments 
may  be  the  more  easily  detected,  as  likewise  any  mistake  in 
the  assumed  latitudes  of  the  respective  places  of  observation. 
A  general  catalogue  is  then  added ;  which  is  deduced,  by 
taking  the  mean,  generally  of  the  above  four;  but  in  some 
places,  a  few  detached  observations  that  I  have  accidentally 
procured  of  other  circular  instruments  have  been  included. 
The  utility  of  this  investigation  is  not  merely  confined  to  the 
determination  of  the  polar  distances  of  the  stars ;  as  besides 
this  some  valuable  information  on  other  points  may  be  ob- 
tained. In  the  first  place,  upon  examining  the  variations  that 
appear  in  these  observations  a  question  naturally  occurs,  whe- 
ther, by  changing  the  assumed  latitudes  of  the  respective 
places  of  observation,  a  nearer  coincidence  might  not  be  ob- 
tained. And  I  find,  that  to  make  the  positive  deviations  equal 
to  the  negative,  the  following  corrections  should  be  applied  to 
the  co-latitudes. 
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Greenwich  +1" 
Armagh      + 1^3 
Palermo      -^  1" 
Westbury    — o",«5. 

This  method  of  correcting  the  latitudes  has,  I  believe,  never 
been  employed:  but  it  seems  reasonable  to  suppose,  that 
when  thus  corrected,  they  will  be  nearer  the  truth,  than  those 
determined  by  the  usual  method :  for  the  same  reason,  that 
the  declinations  of  the  stars  resulting  from  a  general  compa- 
rison, are  more  likely  to  be  accurate,  than  if  deduced  from 
any  one  single  set  of  observations :  but  if  the  Greenwich 
instrument  should  be  affected  with  any  errors  independent  of 
the  divisions ;  in  that  case,  we  should  be  unable  .to  infer  any 
thing  decisive,  as  to  the  latitude,  by  the  above  method.  But 
from  a  comparison  of  the  observations  of  y  Draconis,  observed 
at  Greenwich  and  Westbury,  the  latitude  of  Westbury  being 
•previously  corrected  by  the  above  method,  I  am  inclined  to 
brieve  the  latitude  of  Gi^enwich  requires  a  very  small  cor<- 
rection,  certainly  not  exceeding  a  second.  The  result  I  obtain 
by  a  very  careful  investigation  by  methods,  entirely  indepen- 
dent of  the  Greenwich  quadrant,  is  5i*.«8'.39",4. 

I  consider  this  comparison  as  interesting  likewise  on  ano- 
ther.account ;  it  is  an  object  desferving  of  curiosity  to  examine 
the  present  jstatfe of  our  best  astronomical  instruments,  and  to 
^asciertain  wlwt  hiay  reasonably  be  expected  from  them.  The 
^superiority  of.  circular  instruments  is,  I  believe,  too  univer- 
sally admitt^,  to  render  it  probable  that  quadrants  will  ever 
again  be  substituted  in  their  place.  But  the  Greenwich  quadrant 
is  so  intiqia^Iy  connected  with  the  history  of  astronomy,  the 
observations  that  have  been  made  with  it,  and  the  deductions 
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from  those  observations,  are  6f  siieh  infinite  importance  to  the 
science,  that  every  circumstance  relatii^.  to  it  cannot  fail  of 
being  interesting.  Now  when  it  is*  considered  that  this  instru- 
ment has  been  in  constant\ise  for- upwards  jof>  half  a  century, 
aQd  that  the  cent^  error,  from  constant  friction,  would  during 
this  time  have  a  regular  tenden)ey  to  increase,  xt  iriU  not 
appear  at  all  swprising,if  the  former  accuracy  nf  ^i&iiifitiHi^ 
ment  should  be  somewhat  Impaired.  With  a  vie  w>  therelbre,  of 
ascertaining  more  correctly  the  present  state  of  lan  instrument 
on  which  so  much  depends,  I  have  elchlbited  in  one  view  die 
polar  distances  as  determined  by  circular  instrumients  alone;; 
the  respective  oo-latitudes  being  previously  corrected  by  the 
method  above  mentioned,  and  I  have  compiared  the  meaA 
result  with  the  Greenwidi  Catalogtke,  that  the  nature  and 
amount  of  the  deviations  may  be  seen,  and  if  it  be  judged 
necessary,  corrected^  I  should  add,  that  by  some  dbservap- 
tions  of  the  sun  at  the  winter  solstice  in  iSoo,'the  difierence 
between  the  Greenwich  quadrant  arfd  the  curcl^Was  ic<h:  ift^ 
the  quadrant  still  giving  tibe  z^nith  distaikce  too  little. , '    ■ 

General  Description  of  the  Instmment. 

« 

The  annexed  Plate  represents  th^  ciicle  in  its  vertical 
position.  It  was  originally  made  to  be  used  likewise  asr  an 
equatorial  instrument^  a  ctrcumstance  I  need  m^  have  men^ 
tioned,  but  as  an  apology  for  the  slightnes^  of  ttsxonstructiM^ 
which  the  artist  who  made  it  would  not  hav<6  recoinmended^ 
had  the  instrument  been  intended  for  the- vertitelfyosjtioii 
only.  ■"^'-     "^   '  •   -■  "■'  ^ 

The  declination  chrcle,  30  inches  in  diameter>  is  oomposed 
of  two  complete  circles  v  the  conical  radii  of  which  are  fruiertedl 
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at  thdr  bases  In  an  axis  abotit  is  kiches  long,  leaving  suffix- 
ctent  sgac^  betoreen  the  limbs  for  a  telescope  3I-  feet  long, 
and  an  aperture  of  4\  inches,  to  piss  between.  The  two 
circles  are  firmily  united  ^  their  extreme  borders  by  a  great 
number  of  bans,  which  ^nd  perpen<£cular  Between  them ;  the 
whole  of  which  will  be  readily  understood  by  referHhg  to  the 
figure.  The  square  frames,  which  appear  as  inscribed  in 
the  drde,  weire  added  to  give  additional  firmness  to  the  whole. 

The  circle  is  divided  by  fine  lines  into  5'  of  a  degree ;  and 
suUKvided  into  single  seconds  by  two  micrometer  micro- 
scopes,  the  prindpfes  and  properties  of  which  are  now  too 
vrett  knowfi  to  re<|uire  any  particular  explanation. 

At  ^e  tinve  these  observations  were  made,  the  microscopes 
were  fivmiy  fixed  opposite  to  the  horizontal  diameter:  but 
when  I  considered  that,  by  continuing  the  observations,  the 
error  of  divisicm  wottld  never  be  diminished,  I  suggested  to 
Mr.  TR0U<S4rt6N^  tlte  poslsibility  of  ^ving  a  circular  motion 
to  the  microscopes,  though  I  confess  with  very  little  hope, 
that  die  thing  was  really  practicable  in  an  irtstrument  pre- 
laously  constructed  on  other  principles.  Mr.  Troughton 
approved  of  the  idea,  and  exectiterf  it  in  a  very  ingenious 
mamien  His  talents,  as  eta  artist,  are  too  well  Icnown  and 
too  highly  appreeiated,  to  s&nd-  in*  need  of  any  praise  from 
me;  yetl  should  consider  myself  as  deiident  in  justice,  if  I 
did  AM  endeavour  eo  call  the  attention  of  the  reader  to  the 
skiit  and  ingenuity,  which-  have  been  employed  not  only  in 
this  very  important  alteration,  but  in  every  contrivance  that  is 
peculiar  to  the  instrument,  which  is  the  object  of  our  present 
c0n^d«K!Sitk»ir. 
>  These  miia'^0iot>pes^  can  now  revolve  about  6o''from  their 
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horizontal  position;  and  it  is  easy  to  comprehend,  that  by 
this  valuable  improvement,  all  er!*ors  of  division  may  be 
completely  done  away,  without  any  of  the  manifest  inconve- 
niences of  the  French  circle  of  repetition ;  which,  though  a 
very  ingenious  instrument,  and  admirably  adapted  to  some . 
particular  operations,  will,  I  thinks  never  be  adopted  for 
general  use  in  our  observatories. 

The  plumb-line,  a  very  material  pftt  of  this  instrument,  is 
suspended  from  a  small  hook  at  the  top  of  jthe  tube  at  the  Icift 
hand  of  the  figure.    It  passes  through  an  angle,  in  which  it . 
rests  in  the  same  manner  as  the  pivot  of  a  transit  instrument . 
does  on  its  support  At  the  lower  end  of  the  tube  which  pro- 
tects it,  a  smaller  tube  is  fixed  at  right  angles,  which  contains 
microscopic  glasses  so  contrived,  that  the  image  of  a  lumi«* 
nous  point,  hke  the  disc  of  a  planet,  is  formed  on  the  plumb-- 
line  and  bisected  by  it.   Great  attention  should  be  given  to  the . 
accurate  bisection  of  this  transparent  point  by  the  plumb-luie  at 
the  moment  of  observation.    It  is  absolutely  essential  in  instruf- 
ments  of  this  construction  to  consider  the  observation, :  as 
consisting  in  two  bisections  at  the  same  time :  the  one  of  the  - 
star  by  the  micrometer,  the  other  of -tfie  plumb-line-point  by . 
the  plumb-line.  The  least  negligence  in  either  of  these  bisec- 
tions will  render  the  observation  unsuccessful 

The  two  strong  pillars,  which  support  the  axis  of.the  ver-. 
tical  circle,  are  firmly  united  at  their  bases  to  a  cross  bar;  to 
which  also  the  long  vertical  axis  is  affixed,  and  which  may  be 
considered  as  forming  one  piece  with  them.    The  stone. 
})edestal  is  hollow,  and  contains  a  brass  conical  socket,  firxnly 
fastened  to  the  stone,  and  reaching  almost  to  the  ground.. 
This  socket  receives  the  vertical  axis,  and  supports  the  whole 
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weight  of  the  moveable  part  of  the  instrument,  which  re- 
volves on  an  obtuse  point  at  the  bottom ;  the  upper  part  of 
this  vertical  axis  is  kept  steady  in  a  right  angle,  having  two* 
springs  opposite  the  points  of  contact,  which  press  it  against 
its  bearings,  and  it  thus  turns  in  these  four  points  of  contact 
with  a  very  pleasant  and  steady  motion. 

The  bar,  in  which  the  vertical  axis  is  thus  centered,  is 
acted  on  by  two  adjusting  screws  in  directions  at  right  angles, 
and  perfectly  independent  of  each  other.  By  these  motions, 
the  axis  may  be  set  as  truly  perpendicular,  as  by  the  usual 
method  of  the  tripod  with  feet  screws,  which  could  not  in  this 
case  have  been  employed. 

The  frame,  to  wHch  this  apparatus  is  attached,  is  fixed  to 
the  corners  of  the  hexagonal  stone,  by  the  conical  tubes ; 
between  which  and  the  stone,  the  azimuth  circle  (which 
forms  one  piece  with  the  vertical  axis)  turns  freely.  The 
azimuth  circle  of  two  feet  diameter  consists  of  eight  conical 
tubes,  mserted  in  the  Vertical  axis ;  and  which  are  united  at 
their  ends  by  the  circular  hmb;  this  is  divided  and  read  oflT 
exactly  in  a  similar  manner  to  the  other  circle. 

A  level  remains  constantly  suspended  on  the  horizontal 
axis,  which  is  verified  in  the  same  manner  as  in  a  transit  in- 
strument. There  are  forcing  screws  for  this  purpose,  which 
pass  through  the  bar  on  which  the  vertical  columns  stand, 
and  these  by  pressing  against  the  long  axis  produce  a  small 
change  in  theincMnation  of  the  upper^part  of  the  instrument, 
without  altering  the  position  of  the  iazimuth  drcle  or  its 
axis. 

The  application  of  the  plumb-line,  as  ahready^lescribed,  is 
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{>eculiar  to  the  instrument  made  by  Mr.  Troughtok  :  it 
regards  the  vertical  axis  rather  than  any  other  part»  and  is, 
kx  fact,  exactly  analogoiu  to  the  usual  verifiqatsoa  of  a  zenith 
sector. 

During  the  period  in  which  I  was  engaged  in  makmg  oh- 
servations  with  circular  instruments,  I  was  led  to  conoder  the 
advantagea  and  inconveniences  of  the  usual  method  of  adjust* 
ing  thems;  and  it  appeared  tp  me^^that  the  essential  part  of 
their  construction,  which,  relates  to  tbar  a^ypistmenty  was 
capable  of  being  improv^* 

in  order  to.  rend^o?  the  Ebature  of  the  improvement,  which  I 
wish  to  propose,  more  intelligible,  I  oug^  previously  to 
remark,  diat  there  are,  ajt  present  uk  nse,  two  modes  of  ad- 
justing these  instruments^  wh^ch  are  foimded  on  di£^ent: 
principles 

Iir  the  one„  two  points  are  taken  on  the  limb  of  the  circle ; 
smd  when  these  are  brought  into  a  j^en  position^  by  m^anft: 
of  a  plumb-^e  passing  over  them,  the  microscope  oiy  index 
is  made  to  coincide  with  the  xero  point  of  the  diyisKM® :  by 
this  method,  the  errcp*  im  caUimationr  remains  constat ;  and, 
if  the  adjustment  is  byimy  accident  deKU|g^di,it  can  easily  be 
rectified^  and  there  wiU  be  no  absolute  necessi^  for  frequently- 
revering  the  instrument ;  so  that  tfai&  method^  seeqis  well 
adapted  f/oi?  large  instruments^  povticularlyif  ^aosd  on  stcme 
pers«  But  it  is.  liable  to  this  defect^  that  die  adjustment  atn^ 
not  be  examined*  at  the  moment  of  observation ;  aiid  if  ai^ 
change  should  take  place  in  the  g^ieral  positipH  of  thefisame 
work,  the  observation  will  be  erroneous  without  the  mean?  of 
^tectiom    It  was  probably  to  avoid  this  inconvenience,  that 
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Mr.  TjiouGBmi^  in  most  of  his  instruments,  particularly  if 
dcy  vvere  intended  to  move  freely  in  azkhuth,  has  preferred 
the  i)ther  JiiethodL 

In  this  case,  tbe  plrnnb-line  is  attached  to  ooe  of  the  piUarS 
vkkdi  suppcMt  the  microsoofies  in  die  way  above  described; 
and  it  has  im  reference  to  any  fixed  points  or  divisions  cq  die 
limb  of  the  circle,  but  only  insures  a  similarity  of  posilson  m 
the  index,  for  eadi  positbn  of  the  instritmestt;  and,  provided 
that  the  plamb-line  apparatus  vns  free  from  aU  lianger  of 
deituigeinmt;  this  womld  be  suflkieikt.  This  rerificadan  may 
be  iBxidered  perhaps  more  hitelli^iie,  by  considering  that  a 
drcular  instrament,  in  whatever  manner  its  vertical  axis  be 
placed,  indicatn  by  a  ddubie  observation,  the  angle  vi^hich  the 
<)lgect  makes  vvith  dbte  axis,  rounA  irhadi  the  wllole  instnnnent 
has  revolvied  in  passing  from  one  position  to  the  p 
other  For  i^  Pp  he  the  axis^  Tx  the  telescope  x^ 
in  one  position ;  it  is  evident,  that  in  turning  the 
ioBtrument  half  round,  ty  will  then  be  the  position  ^^ 
of  the  telesGope:  Pjt  being  eqpaal  Id  Py.  -  The  arc 
xy,  y/hidti  the  tdesoope  passes  throc^h  to  regain  its  former 
position,  is  the  quantity  really  given  by  the  instrument ;  and 
if  the  axis  P^  be  vertical,  half  this  quantity  is  the  true  zenith 
tlistance'of  the  xibject  Now  the  in^ition  of  Mr.  Trovohtok's 
verifkalion  is  to  insure  a  vertical  position  to  the  axis  Pp. 

For  instruments  which  rest  on  moveable  pillars,  and  turn 
{reely  in  azimuth,  this  method  is  mudi  to  be  preferred ;  but 
it  is  not  without  a  considerable  defect :  for,  if  by  any  derange- 
ment in  the  plumb-line  apparatus,  the  error  in  collimation  be 
changed,  it  cannot  be  restored  with  certainty  to  its  former  po» 
sition;  so  that  sometimes  a  very  valuable  series<>f  observations 
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may  be  lost,  for  want  of  a  corresponding  one  to  compare  with 
it.  The  mode  which  I  propose  to  adopt  to  remedy  these  incon* 
veniences,  will  enable  us  to  combine  all  the  advantages  of 
the  two  methods  above  described :  it  is  extremely  simple  in 
its  principle,  and  easy  of  execution,  for  it  merely  consists  in 
.uniting  on  the  same  plumb-line  the  two  prindpies  already 
explained. 

Two  very  fine  holes  should  be  made  in  the  farther  limb 
of  the  circle,  and  two  lenses  firmly  fixed  opposite  to  them,  in 
the  other,  which  should  each  form  an  optical  image  of  its 
corresp(»iding  dot  or  hole,  in  the  tube  through  which  the 
plumb-line  passes.*  It  will  be  best,  if  these  dots  are  made 
exactly  in  a  diameter,  as  they  may  then  be  used  in  two  posi- 
tions.  Beneath  these  should  be  formed  the  image  of  a  lumi<* 
nous  point,  according  to  Mr.  Troughton's  present  method, 
•by  ^an  apparatus  attached  to  the  plumb-line  tube ;  when  the 
two  points  on  the  circle  move  away,  by  the  necessary  opera- 
tion in  observing,  the  lower  point  will  remain  stationary,  and 
indicate  any  change  of  position  in  the  whole  instrument,  if 
such  should  accidentally  take  place,  and  which  by  the  other 
method  alone  would  have  passed  unnoticed. 

The  contrivance  above  described  was  executed  for  me  at 
my  request  by  Mr.  Troughton,  and  is  represent^  in  the 
Plate;  but  by  some  accident  a  part  of  the  apiparatus  was 

•  As  tbe$e  tratifiparent  dots  art  intended  to  be. bisected  by  theplomb'Une,  they 
must  be  capable  of  tbe  necessmiy.adjustmentSt  both  for  distinct  vision*  and  for  placing 
them  in  an  exact  diameter. 

It  may  be  found  more  conyenient  in  practice  to  arrange  the  whole  apparatus  in 
-sliding  tttbea,  but  in  whatever  way  the  contrivance  be  executed,  the  pcMntf  should 
ultimately  be  fixed  as  fimily  as  the  divisions  of  the  instrument. 
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broken  in  putting  it  together,  so  that  I  never  was  able  to  use 
it.  As  each  apparatus  for  this  adjustment  is  quite  independent 
of  the  other,  no  possible  inconvenience  can  attend  their  appli- 
cation, as  either  may  be  employed  alone,  at  the  option  of  the 
observer.  But  as  any  verification  requiring  many  bisections 
is  objectionable,  I  would  in  general  certainly  prefer  Mr. 
Troughton's  method,  and  only  have  recourse  to  the  other, 
when  there  was  reason-  to  suspect  that  some  alteration  had 
taken  place  to  render  it  necessary. 

One  more  circumstance  respecting  the  instrument  remains 
to  be  noticed :  when  the  divisions,  were  first  examined  by 
opposite  readings,  i",25  was  the  greatest  possible  error  which 
was  tx)  be  apprehended,  and  o",7  the  mean  error ;  but  in  its 
journey  it  seemed  to  have  suffered  some  very  small  derange- 
ment in  its  form :  this  Was  discernible  both  from  examining 
the  opposite  readings ;  and  by  deducing  the  error  of  collima- 
tion  by  zenith  stars,  and  comparing  it  with  that  found  by  an 
horizontal  object,  there  was  constantly  perceived  a  difference 
of  s"  between  the  error  of  collimation  deduced  from  y  Draconis 
and  by  an  horizontal  object ;  and  this  quantity  was  very  uniformly 
distributed  through  the  intermediate  arc.  In  what  particular 
manner  the  observations  would  be  affected  by  this  derange- 
ment I  will  not  venture  to  dedde,  but  I  think  it  most  likely 
that  it  has  only  rendered  the  instrument  rather  less  accurate 
than  it  was  originally,  as  is  above  stated.  I  have  before  ob* 
served  the  great  advantage  the  circle  possesses  of  showing 
the  amount  of  its  own  errors.  These  may  be  determined  with 
great  certainty  by  examining  the  errors  of  collimation  as 
deduced  from  different  stars.  This  method  is  founded  upon 
the  supposition  that  half  the  difference  of  the  two  extreme 
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quantities  is  the  greatest  error  of  division  ^  which  has  in  this 
case  influenced  each  result  in  an  opposite  direction.  For 
instance,  let  us  suppose  the  errors  of  division  never  to  exceed 
s",  but  occasionally  to  amount  to  that  quantity,  on  several 
parts  of  the  circle;  it  will  then  sometimes  occur  that  each 
index  will  give  «"  too  much  in  one  position  of  the  instrument, 
and  2"  too  little  in  the  other ;  there  will  then  appear  a  diife-* 
rence  of  4"  in  the  error  of  coUimation ;  but  the  observations 
in  these  extreme  cases  will  not  on  that  accoimt  be  the  less  to 
be  depended  on ;  on  the  contrary,  the  probability  is  in  favour 
of  their  superior  accuracy. 

Nor,  on  the  other  hand,  will  those  observations  which  give 
the  mean  error  of  coUimation  deserve  greater  confidence 
than  the  rest,  since  it  is  evident  that  some  of  them  may  be, 
and  most  probably  are,  affected  with  the  greatest  possible 
error ;  for  we  suppose  the  most  erroneous  observation  to  arise 
from  the  greatest  error  of  division  occurring  on  each  of  the 
four  arcs  in  the  same  sense,  that  is  all  plus  or  all  minus; 
nevertheless,  the  observation  thus  erroneous,  will  give  the 
mean  error  of  coUimation. 

By  an  attentive  consideration  of  these  circumstances,  correc- 
tions might  perhaps  be  obtained  which  would  somewhat 
diminish  the  probability  of  error.  But  it  is  to  the  principle  of 
the  revolving  microscopes,  that  in  the  future  construction 
of  instruments  we  should  look  for  perfection.  In  the  French 
circle  of  repetition,  too  great  a  sacrifice  is  made  to  Jthe  sup- 
posed advantage  of  reading  off  a  great  number  of  observations 
at  once.  Our  best  instruments  are  too  well  constructed  to 
stand  in  need  of  this  contrivance,  as  the  divisions  on  a  two- 
feet  circle  are  read  off  with  precision  to  a  single  second. 
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The  errors  of  simple  division  alone  are  those  which  continued 
observations  have  no  tendency  to  diminish ;  these,  by  making 
the  microscopes  revolve,  may  be  completely  done  away.  An 
instrument  thus  constructed  would  be  well  adapted  to  detect 
small  motions  in  the  fixed  stars  which  hitherto  have  escaped 
notice,  or  such  as  are  but  imperfectly  known ;  for  we  cannot 
reasonably  conclude  that  what  is  termed  the  proper  motion 
of  a  star  is  so  uniform  and  constant,  that  being  once  deter- 
mined, it  wiU  remain  always  the  same. 

In  the  following  observations,,the  larger  number  expresses 
the  altitude,  +90^  ^^d  the  smaller  number  the  zenith  dis- 
tance ;  the  thermometer  was  attached  to  the  telescope. 

In  reducing  the  observations  of  1801,  the  proper  motions  are 
aUowed  fbr,  according  to  the  latest  tables  of  Dr.  Mask£Lyn£. 
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Jan.    1 

28.42.38,2 

29.7 

45 

3«.7 

3 

151.16.14,6 

29,8 

44 

3«.9J 

7 

28.43.33,0 

3o»o 

45 

32,01 

10 

28.43.32,0 

30,1 

47 

32,0 

M 

28.43.30,0 

29,9 

♦f 

31.9 

^     28.43.11,3 

67.39.30,0 

i5«>7-  9>o 

29,6 

46 

3'.5 

17 

i5«-»7.  8>7 

29,6 

46 
for  Jan 

3'.SJ 
.  1800 

-       -       - 

Mean  polar  < 

listance 

67.29.30,6 

Digitized  by 


Google 


of  some  of  the  principal  jixed. Stmt  &c. 


Ceti, 


43$ 


Mooth. 

UMCIfKIOIIB 

oocrected 

fof. 
Rc6iccioo. 

BUOOB* 

Thcnn* 

BcfinctUm* 

Zenith  Diicaiioe 
cofrecicd 

for 
EdkacdoD. 

MeanPbltr 

Distance  for 

Jan.  1800. 

The  Co  latitude 

38.46.43,0 

l8oi 

»7 

«4 

♦7S^a9.6 
132.  4.13.3 
13a.  4.ia,3 

»3«-  3-47.9 
;  47.56.  9,3 

Inches. 
29.9 
29,7 
29,6 

29.8 
29*8 

0 

45 
45 
45 

35 
35 

1^,4    1 
1.3,8     \ 

«-3'5  J 
1.5,8  7 
1.5,8  j 

47.56.    8,4 

47S6-io»7 

0     #     r 
86.42.   9,4 

86.42.11,2 

Mean 

. 

- 

86.42.10,3 

- 

Aldebaran, 

tSoo 
Dec.  24 

1801 
Jan.  \ 

144.51.  8,a 
35-  7-43»3 

29,4 

46 
43 

40,2  1 
4i/>. 

35.  8.17,5 

7354- «7.5 

•  ao 
«4 

144.51.43,2 
35.  8.14,3 

29,8 

-4»- 
35 

4«*.8  T 
4«.8  j 

35-  8.15.5 

7354.H.5 

«9 

35.  8.14.8 
144.51.42.6 

29.8 
*9.7 

35 
45 

41.8  \ 
40.73 

35.  8.16.0 

73.54.14.8 

Feb,  6 
7 

144.5 1.41.3 
35-  8.15.4 

Mean  polar  1 

30.0 
30.1 

49. 
45 

4».*  1 

35.  8.17,0 

73S4.»5.5 

distance 

Jan.  i( 

00 

•                 m 

73.54.'S.5 

Capella. 


tSoo 

Dec.  24 
1801 
Jan.  1 

»74-3a.  3.5 
5.26.42.1 

29.4 
«9'7 

46 
43 

5.5 1 
5.6/ 

5.27.19,2 

44.13.19.1 

14 
»7 

S.«7-3>.» 
»74-33.  i>5 

29,0 
X9>6 

45 
45 

5.61 
S.J3 

5.27.14,8 

44.13.16.9 

20 
a4 

»74.3*.394 
5.27.  9.0 

29.0 
*9.8 

48 
35 

5'8  5 

5.27.14,8 

44.13,17,6 

»7 
»9 

5.*7'  9.7 
»743»'39.9 

29.7 
29,7 

J^ 

5.6  j 

5.27.14,9 

44.13.18,3 

Feb.  23 
»4 

5-27«  3.8 
»74.3«-38,a 

29,2 
29.6 

46 
4* 

5.6  j 

5  27.12,8 

44»3-«7.7 

Digitized  by 


Google 


43^ 


Mr.  PoKD  m  the  JOeclinations 
Capella  (continued.) 


Month. 

Observations 
corrected 

for 
Refnu^tkm. 

Baiom. 

Thentt. 

Befiictiop. 

Zenith  Distance 
corrected 

for, 
Rtfiaction. 

Mpan  Polar 
'  DiflUDcefor 

Jan.  1800. 
The  Co-latitnde 

26 
Mar.  4 

7 

8 

12 

23 

31 
April  I 

0      /       * 

5.27.  3,6 
17-^.32.38,4 

i74-3*-37.9 

>7f3*-57.7 

174.32.38,0 

5.27.  6,0 

S-27'*7'5 
«74-3a-S7'7 

Mean 

Incites. 
«9?9 
30|3 
30^2 
30,0 
29^4 
29i3 

30,2 

0 

45 
$« 

51 

4J 
48 

55 

59 

• 

i'    iH 
5.^  . 

S'SJ 

Ml 
5.51 

.  Ji*7tM+<5. 
5.27,14.0 
5.27.14.9 

•               • 

44- i3»«7*7 

I 

4^.13,19,8 
44-i3-<^>5 

4^13.18,5 

RigeL 


1801 
Jan.  14 
»7 

59.41.  6.0 
120.19.35,5 

29.9 
29.6 

45 
45 

1.39.2; 
1.38,2 

.59<0'45.3 

981.26.36,5 

20 
24 

120.19.11,5 
59-40-47»4 

29,9 
29,8 

48 
35 

».38»5  \ 
1.41,2 

59.4048/> 

98.26  38^5 

»7 
29 

59.40.46,0 

t20.I9;II,2 

»9.7 
a9'7 

% 

1.39.5 ': 

»-38.3  i 

59.40.47,5 

98.26.37,5 

Feb.  6 
7 

120.19.13,7 
59.40.45,5 

30.0 
30,1 

52 

••38.3  . 
«-39.5  J 

59.40.46,0 

98.26.35,0 

'A 

120.19.   7,4 
59.40.46,5 

29*2 
29.9 

4* 
45 

»-37.6| 
««39.PJ 

59.40.49,5 

98.26.37,5 

Mar.  3 

4 

12 
«3 

120.19.  6,2 

120.19.  7,7 
120.19.  3>5 
120.19.  6,5 
120.19.  5,0 
594042,0 

30.3 
Jo»3 
30,2 

30.0 
*9'4 
a9.3 

S3 

45 
48 
45 

1.38.8-j 
«-39'3 

1.38.6  r 

»-37.<» 
I-37.3J 

59.40.48,0 

98-a6.3S>S 

April  I 

59'4»-  *.o 
120.19.25,2 

30,2 
30.2 

55 

59 

1.37.8  \ 
»-37.o3 

59.4048,4 

9«*6-3S'9 

2 

3 

59.41.  5,8 
120.19.26,0 

30.« 
30,0 

64 

1.35.6  \ 
»  35.0  J 

•                     • 

59.40.50,0 

•              • 

98.26.37,6 

Mean 

- 

i    98.26.36,5 

Digitized  by 


Google 


of  some  of  the  princ^aljixed  Starst  &c. 
/8  Torn. 


487 


"r 


Baiom. 


Xbcflki* 


RcVKtlOll* 


Zenith  Pawnee 
coirected 

for 
Refncdon* 


Metn  Polar 

DistEnoefor 

Jan.  1800. 

The  CoJaticude 

38  45.4SjO. 


i8oo 
Dec.  24 

1 801 
Jan.  I 

>7 

20 
«4 

*S 
27 
29 

Feb.  6 
7 

26 

3 
4 
7 
8 
12 
«3 

April  I 


Mar. 


157.10.53,2 
22.48.  2,9 

157.11.45,0 

157.11.21,2 
22.48.34,5 

22,48.35,0 

22.48.34,6 

157.11.21,8 

157.11.22,8 
2248.33,0 

157.11. 18,3 
22.48.29,0 

157.11.19,2 
157.11.21,1 
157.11.17,5 
157.11.17,2 
157.11.19,3 
22.48.28,8 

22.48.50,6 
157.11.58,8 

Mean 


locbet. 
*9*4 

29»7 

*9'9 
29,6 

29,9 
29,8 

29.8 
29>7 
«9'7 
30,0 
3o>i 

29,2 
29,9 

30*3 
30»3 
30,2 
30*0 
29,4 
29>3 
30,2 
30,2 


o 

46 

43 

45 
45 

48 
35 

35 
46 

46 

4» 
45 

53 

45 
48 
45 

55 
59 


»«.48.35,9 


e     I     « 
61.34.32,5 

6i.34.3>,5 
61.34.34,0 

61.3434,0 

61.34.33^ 

6»-34-33.S 

6«  •34-33.7 
61.34.34,0 


6«-34-33'7 


a  Ononis. 


I80I 

Jan.  14 
17 

4|-5«-59'5 
136.  7.42,0 

»9.? 
29,6 

45 
45 

56,01 
55'4i 

43.5*.38.8 

82.38.30,5 

30 
*4 

136.  7.16,5 
43.5«-39i7 

89.9 
X9>8 

48 
35 

55.51 
57.*  3 

43.52.41,6 

82.38.31,0 

*7 
29 

43.52.39,2 
136.  7.18,2 

«9'7 
29'7 

4> 
45 

56,27 
55.73 

43-5«-40.5 

82.38.30,5 

Feb.  6 
7 

435a.39'7 
136.  7.16,0 

30,0 
30»i 

46 

56,2; 

43-5»  4>.9 

8X.38.3I.4 

1 
Mean 

82.38,31 

Digitized  by 


Google 


43» 


Mr.  Pond  on  the  Declinations 


Sirius. 


Months 

Observations 
corrected 

for 
Refraction. 

Barom. 

Refiiedon. 

Zenith  Distaaoe 
collected 

for 
Refractm. 

Mean  Polar 

Distance  for 

Jan.  1800. 

TheCo-latttdde 

88.45.4^,0. 

1801. 
Jan.  25 

^9 
Feb.  20 

22 

27 
Mar.  4 

0     /     •  * 
67.41.23,0 

112.18.39,2 

67.41.24,0 
112.18.32,2 

112.18.31,5 

67.41.22,5 

Mean 

Inches. 

29,8 

^9'S 
29,2 

29>9 
30>3 

0 
35 
44 

44 
43 

45 
49 

2.24,1  7 

2.22,0  3 

2.20,5  x 

2.19,5  i 

2  21,0  7 

2.21,3  5 

0     /    ^ 
67.41.22,0 

67^.I.26,o 
67-4»-*5>S: 

0      /      // 

106.27.  1^8 
106.27.  3,0 
106.27.  1,5 

- 

- 

- 

io6;27.  2,1 

Castor. 


1801 

Feb.  26 

27 
Mar.  4 

7 

8 

«5 

April  2 
3 

17 
18 


18.55.22,0 

18.55.21,8 

161.  424,5 

161.  4  20,5 

161.  422,9 
18.55  17.2 

18.55.41,3 
161.  4.47,2 

«8-5S-47.3 
161.  4.49,1 

Mean 


29.9 

45 

29,9 

45 

30,3 

50 

30,3 

45 

30,0 

44 

29,6 

4* 

30,1 

56 

30,0 

58 

29,8 

50 

30,0 

5° 

18.55.30,2 

18.55,27,* 
I8.55.27.I 
18.55.29,1 


57.4.1.14,8 

57-4»».6 
57-4«-«3.5 
S7'4«>5»5 


57.41.14,0 


• 

Procyon. 

I80I 

Feb.  20 
22 

45.30.42,9 
134.29.11,4 

'9'5 
29,2 

45 

43 

58.4" 
58,1  _ 

45-30-45.7 

84.16.22,1 

It 

45.30.37.8 

29,6 

40 

59'3"i 

45.3044,2 

29,9 

45 

59.* 

w     '7 

45.30.41,2 

29,9 

45 

59.2 

Mar.  4 

134.29.12.2 

30,3 

50 

59'3 

>    45-30.45.* 

84.16.21,2 

7 

134.29  10,0 

30'3 

45 

60,0 

8 

134.29.10,0 

30,0 

44 

59>5 

•5 

45-3038.5 

29,6 

42 

S9.0J 

Digitized  by 


Google 


of  some  of  the  priyicipal  fixed  Stars.. 
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Procyon.  (continued,) 


Dafof 

the 
Month. 

Observatiom 
corrected 

for 
Refraction. 

Barom. 

Refnction. 

Zenith  Distance 
corrected 

for 
Refraction. 

Mean  Polar 

Distance  for 

Jan.  ihoo. 

The  Co  latitude 

3S.45  43,0. 

1801 
April  2, 
3 

17 
18 

»9 

0     /     0 

45-31-  i>o 

1 34*29  3 1 -o 

45.31.  7.8 

i34-29-35»8 
>34-29-38,o 

Mean 

Inches. 
30.1 
30,0 

29,8 
30>o 
30*0 

58 
50. 

so 
5* 

58,0^ 

57>5i 
58.3  1 

58>5J 

0     /     j» 
45.30.45,0 

4530-46*0 

0      1      a 
84.16.21,1 

84  16.21,6 

84.16.21,5'' 

Pollux. 

1 801 

Feb.  24 

2244.14,5 

29,6 

40 

*4.5l 

26 

2244.27,4 

29,9 

45 

24.7 

w      *7 

22.44.27,0 

29.9 

45 

24.7 

Mar.  4 

I37i5*«.» 

30,3 

SO 

24,4  > 

22,44.31,5 

61.30.14,0 

7 

137.15.22,7 

30.3 

45 

24.8 

8 

137.15.23,1 

30,0 

44 

24.6 

«S 

22.44.23.0 

29,6 

4* 

«4'3J 

April  2 
3 

22.44.44,5 
157.15.46,2 

Mean 

30,1 
30,0 

5f 
58 

24,0 
23,8 

22.44.29,2 

61.30.12,7 

- 

- 

61.30.13,7 

Regulus. 


1800 
Oct.  3 1 
Not.  5 

38.17.54,6 
141.42.00 

30,0 
29,5 

45 
44 

46,12 1 
45.48  3 

38.17-57.3 

77-  3-34.0 

j8  Leonis. 

1800 
Nov.  13 

'4 

17 

18 

1 801 

Nov.  8 

«3 

3532-59.9 
144.26.54,6 

35-33  »S.2 
144.27.11,7 

144.27.22,0 
35-33-'S.8 

29,8 
29.4 

29,9 
30,1 

30,0 
30,0 

so 
50 

43 
38 

4* 
44 

4>.7| 
4».7  3 

42.8  i 

4«.o7 
41,8  j 

35-33.  ».6 
35-33-  i.8 

35-33-a7.o 

• 

74.18.31,5 
74.18.29,5 

74-18-35.5 

Mean 

- 

74.1832,5 

MDCCCVI. 


SL 


Digitized  by 


Google 


44<^ 


Mr.  Pond  on  the  DecUnatiam 
Spica  Virgims. 


Zenitfi  D'utanoe 

MwkWim 

Day  of 

corrected 

corrected 

Distanco  for 

the 

for 

Barom. 

Therm. 

Refraction. 

for 

Jan.  IMO. 

Month. 

Refraction. 

Rdjraction. 

The  Co-Iatitoe 
38.45.43,a 

1800 

Ota 

Inches 

0 

»-4^^5  1 

0    1     9 

.  0    ,    0 

NOY.17 

61.21.31,5 

50,0 

45 

18 

61.21.29,7 

30,1 

40 

I.  4.8 

6i«2i4ii,3 

10a  6.43,3 

>9 

118.39.   8,0 

3»>3 

4^ 

i.48>sj 

«5 

118.38.48,16 

29,3 

44 

i-44>5  1 

Dec.   1 

118.38.45,8 
61.21.13,3 

29,7 
29,6 

39 
44 

i-47>*  I 
1.45,2  f 

61.21.12,3 

ICO.  6.42,9 

2 

61.21.10,2 

29'4 

43 

i-4S*oJ 

7 

118.38.44.5 

29'3 

38 

1.46,0^ 

9 

YO 

6l.2l.l2,l 
61.21.11,3 

29,6 
29,6 

38 
4« 

1.46,8 
1.46,1  f 

6i.2Ui3;3 

loo.  6.4975 

12 

61.21. 10,2 

Mean 

29,8 

4» 

1.46>7J 

• 

100.  6,43,0 

Arcturus. 


1800 
Nor.  16 
»7 

H8.59-34»i 
31.00.57,6 

19*6 

3o,<> 

^ 

34.3  "l 
3S.«i 

31.00.41,8 

69^46-  8,5 

18 

19 

31.00.55,8 
148.59.31,1 

30,2 
30*3 

42 
4* 

35.^1 
34.63 

31.00.42,3 

69.46;   »,2 

S 

148.59.  7,9 
31.00.41,2 

29>3 
29,6 

45 
41 

3S.ol 
35.03 

69.4^.^,7 

a7 
28 

148.59-  8*5 
31.00.41,6 

29,8 
29,8 

39 

4* 

35.*  1 
35.*  i 

31.00.46^ 

69.46.10,5 

Dec.  I 

2 

31.00.42,7 
148.59.12,7 

29,6 
29,4 

44 
44 

34.7] 
34.53 

^1.0045,0 

69.46*  8,0 

6 
7 
9 

148.59.  8,2 
3i.oo.40,» 
31.00.42,4 

*9'3 
29,6 
29,6 

38 
38 

otionof 

35.0 1 
35.0  } 
3S.«J 

• 

'the  Star 

31.00.46,7 

•         * 

69.46.  S,5 

Mean 
ected  for  the  proper  m 

69.46*  9,0 

COIT 

;   69.46.  7,5 

Digitized  by 


Google 


tj  soirte  of  ihe  principal Jised  Stars. 
a  Corona. 
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Month. 

ObscnfRlHiM 
correctod 

for 
RefractioB« 

Baioiq. 

Tlkim. 

Bcfftctioii. 

Zenith  Dittanoe 
correctod 

for 
ReirectkHi. 

Metn  PbUr 

Distance  for 

Jan.  18O0. 

The  Co-latitude 

88  4^.43»0. 

1800 

""•1 

«3 

0       i       4f 

23-50-37*© 

23-5o-39'4 

156-  9i3»9 

Inche». 
29,6 

293 

29,7 

0 

49 
SI 
48 

ft 
»4'9  [ 

i3-5<^-4^»» 

62.36.1 3>o 

»7 
«9 

20 

156.  9.34,8 

23.50.59.0 

156.  9.3**8 

29,6 
30,2 
30>3 

49 
44 
43.5 

26,0  > 
*6,i  J 

23.50.42,6 

62.36.11,5 

'd 

156.  9.  9,7 
23.5041,8 

29,4 
29,6 

46 
4» 

23.50.46,5 

62.36,13,5 

11 

156.  9-  7>6 
23.50.43,1 

29,8 

*9>8 

4» 
44 

25.9 1 
»J'7  3 

23-So-47>7 

62.36.14,4 

Dec.  2 

«3-50-43»7 
156.  9.  7,9 

29*4 

44 
44 

«5.8| 
25.45 

i3-50-47>9 

62.36.13,4 

7 
9 

23-5Q-44»4 
23-5o-44'9 

29.5 

29,6 

4« 

39 

*5.7l 
25.75 

»3So-49'i 

62.36.13,0 

26 
iSoi 

23-50.«3»3 
23.5024,0 

29,6 
^9*5 

4» 

35 

»5.6-| 

»5'8 

>3-5^S6*5 

62.36*1 4,0 

Jan,   3 

156.  8.30,4 
Mean 

29,7 

44 

as.6j 

62.36.13,0 

a  Serpetitis* 


1800 
Dec.  a 

7 
9 

135.49.25,0 
44.10.34,5 
44«o-34.3 

29.4 
29.5 
29,6 

24.4 

40 

39 

55.8  "1 

56.8  J 

44«io.34,o 

82.56.  2,0 

•  Ophiuchi. 

iSoe 
Noy.  5 
»3 
»4 

38.31.10,4 
141.28.44,3 
141.28.42,0 

29,6 
29,8 

5« 

45.61 
45.7  \ 
45.6  J 

J8.31.13.5 

77.16.52,2 

«9 

20 

38-3»-3>.4 
141.28.48,9 

30,2 
30.3 

44 
44 

4«.9'l 
47.0/ 

}8.3i.2i,t 

77.»6-54.S 

3L  s 


Digitized  by 


Google 


H^ 


Mr.  Pond  on  the  Declinations 


u  Ophiuchi.  (continued.) 


Month. 

Observations 
corrected 

for 
Refraction. 

Baiom. 

Tbenn. 

Reftscdon. 

Zenith  Distance 
corrected 

for 
Refraction* 

Mean  I^lar 

Distance  for 

Jan. 1800. 

The  Co-latitude 

38.46.43,0. 

1800 

Nov.  26 

*7 

Dec.  25 
26 
1801 
Jan.  3 

0       ,       u 

38.31.13,2 
141.29.39,9 

38.30.51,6 
38.30.51,5 

141-28.  3>3 
Mean 

Inches. 
29*4 

29,4 
29,6 

29>7 

46 

45 

44 
43 

46 

4S>8  5 

45.6"! 
46,0  1 

45'9J 

0     /     g 
38.3».i6,7 

38.31,24,0 

77'^6.sh3 

77.16.53,6 

77.'6.j3,J 

u  Lyra. 

1800 

Oct.  31 
Nov.  3 

12  37.42,6 

167.22.  9j6 

29'9 

29>2 

so 
5> 

12,6  ; 

12.37.46,5 

51.23.36,5 

;i 

20 

167.22.28,2 

12.38.  0,8 

167.22.26,1 

«9.6 
30,0 
30.3 

49 
45 
43 

>2,81 

»3^o  \ 
«3.2j 

la.37.46,8 

51.23.34,2 

11 

167.22.  2,7 
12.37.44,5 

29.0 
*9'4 

46 

".3| 
12,8  j 

12.37.51,0 

51-23.36,7 

38 
29 

167.22.  4,5 
12.37.42,0 

29,8 
29.9 

4« 
43 

•3.«? 
13.1  j 

12.37.48,7 

5«-23-33.8 

«    30 

Dec.  2 

3 
8 

• 

12.37.45,0 

12.37.47,9 

167.22.  2,0 

167.22.  o,i 

30.0 
20,6 

«9.4 

29.S 

46 
44 
45 
42 

■3.0  "t 
12,9  1 

12.8  f 

12.9  J 

i«.37.5f2.6 

51.23.36,8 

»4 

1 801 
Jan.  2 
3 

167.21.25,7 
"•37-23.7 

167.21.26,4 
167.21.23,3 

*9'3 
29.4 

29.7 
29,7 

50 
48 

46 

12,6"j 

12,7! 

12,8  1 
•*»9j 

1a.37.59/> 

5»-*3-l5»o 

H 
»5 

•7 

12.38.22,7 
167.22.20,0 
167.22.18,3 

29.9 

*9.7 
29,6 

48 

48 

45 

13,01 
13.0  } 

12.38.  1,8 

51-23.34.0 

21 

22 
»3 
24 

.  12-38-  3.0 
1238.  3,0, 
167.21.48,0 
.  167.21' 46,0 

29,6 
29,4 
29,6 
29,6 

48 

36 

12,8  1 
13.0  1 

I3>2    f 

12.38.  8,0 

51.23.37,8 

Digitized  by 


Google 


^  s(me  of  the  fmuipaificed  Stan,  ice. 
a  Lyne.'  (aHitinued.) 


44S 


OMCIVBtlOIIS 

Zenith  Dbance 

MeinNw 

Bar  of 

Corrected 

oonccted 

Dbtancefor 

the 

fiv 

Bum. 

Tbena. 

Rcfiicciaa* 

for 

Jan.  1800. 

BCootiu 

RdncdoD. 

Rebtctiaa. 

The  Co4atitude 

1801 

0     #    i» 

Inches. 

0 

#     J     _ 

«    «    • 

0    #     tf 

Feb.  4 

167.21,45,7 

*9l.9 

5» 

I2.«n 

5 

167.21.43,7 

a9,8 

SO 

ia,8 

6 

167  2I.4j|.,0 

12.38.  6,1 

3  .» 

4$ 

13.0  > 

12.38.II.8 

S>»3-37>4 

9 

.30,1 

40 

■3.' 

«3 

1238.  8,0 

39,6 

3» 

»3.3J 

.    22 . 
-23 

167.21.38,1 
12.38.  4,c 

»9'3 

40 
40 

«3.o7 
•3.35 

12.38.13,0 

5l.*3-55.8 

Nor.  9 

12.37.32,4 

30,0 

SO 

12,9] 

10 

I2.37-32-3 

*9,o 

S« 

I2>8    > 

12.37.43,6 

5»«3-35'S 

H 

167.22.  5,1 

30,0 

49 

12.9  J 

21 

12.37.32,5 

»9.4 

45 

12.81 

^      30 

>*-37-34** 

28.9 

^. 

vi2,7 

Dec;  10 

"•37-37*7 

«9.3 

^ 

t2.7  >. 

>«-37-49»3 

5>*3-3S>3  . 

>3 

167.21.56,5 

29.6 

.46 

13.0  i 
»3.oJ 

14 

167.21.56,0 
Mean 

29,6 

38 

^ 

.  5>-^3-36»o 

tt  Aquila. 

1800 

Nov.  18 
^0 

42.53.14,0 
>37-  7-i3.9 

30,0 
30.3 

45 
43 

S4.ol 
54.7  i 

42.53.00,0 

81.38.49,0 

26 
28 

4»S3-  «.2 
«37-  6.53.3 

*9.4 
29,6 

44 
42 

53.4  j 
53.9 } 

4»S3-  3.9 

81.38.52,0 

Dec.  3 

4a.S»-57.5 
137.  6:52,7 

*9.9 
29,4 

44 

4S 

S4.«| 

S3.n 

4a.53-  2.6 

81.38.50.2 

*4 

1 801 
Jan.    3 
4 

137.  6.17,9 
42.52.35,0 

137.  6.19,6 
137. '6.19,2 

«9.3 
29,7 

29,7 
«9>7 

48 
39 

48 

S».7l 

54.S ) 

53.M 

4»-53-  «.5 

81.38.52,7 

»4 

42.53.29  I 
137-  7-'o*o 

29.9 
,  29.7 

48 

■  '45 

56,65 

4«S3-  9»5 

81.3850.7 

32 

Feb.  6 

42.53.10,8 
137..6.4*.7 

29k4 
3'.o 

40 
.45 

53.8} 
54.3  i 

42.53.14,0 

81.38.53,6 

Mean 

81.38.51,5 
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¥A 


J(Mr.  Pqjjd  <m  ^  Xk^Ht(4tim9 


*• 

HP. 

.    the 
Moiitki. 

Obseirations 

OQITOCIOd 
fOf 

RefractioB* 

Barom. 

Therm. 

Refraction. 

Zenith  Distance 
^onectod 

for 
Refraction. 

Mean  Polar 
Distance  fpr 
Jan.  1800. 
The  Co-totinyle 
38.45.48,0. 

i8oi 
Nqv.18 

>9 

20 

26 
28 

P        /        4» 

^♦•23-39>o 
64.23.40,8 

115-3^  5».8 

64.23.19,2 

115.36.34,0 

Inches. 
30»Q 
30,  * 
300 
29,| 
29'» 

0 

45 
44 
42.5 

45 

4* 

2.  2,0  I 

VJ9.»  \ 

0  /  « 
64.23.14,5 

64.21.22,5 

0      i      M, 

103.  9.  S,6 
103.  9.  6,6 

Mean 

J^I^J::^, 

'«  Cygni. 

f 

1800 

Nov.  17 
18 

173.20.38,8 

29,6 
30,0 

49 
45 

6.7 1 
6,8 1 

^,39.32,2 

45-«5-14»» 

«9 

20 

6.39-4'5'' 
173.20.38,6 

30,2 
3o>3 

44 
42 

6,8  > 
6.91 

f  3»?3.» 

4);-«I-3S'3 

M 

i7t.2o.i6,p 
*-39-3o»5 

29,0 
29,4 

■   53 
45 

6.7  J 

6.39.37.* 

4$»S«37»& 

28 
29 

173.20.18,4 
6.39.28,3 

29.8 
29,9 

4» 

43 

6.8  7 
6,8  j 

6.39.35,0 

45-aS-3S.5 

Dec.  2 

6-3929,4 
173.20.17,8 

30,0 
29,6 

46 
44 

6.»? 

;     6,7! 

6.39-35.8 

45.25.36,0 

1 

i73.?o.»7.a 
6.39.28,3 

29.4 
*9.5 

44 
42 

6.7 1 

6,8 1 

♦•S9-35aO 

4|.»$.35.<' 

16 
25 

1801 

6.39.  X.O 
6.39.  5,2. 
6.39.  6,3 

29,6 
29,4 
29.7 

48 

[ 

6,81 
6.7  I 

f3?t43.7 

4?-«S-3i6*« 

Jan.  2 

>73->9-39.7 
•73-19-39'* 

29.9 
29.7 

43 
!    50 

6,9 
6.7J 

22 
23 

a5 
29 

<-39-47.4 

<-3947.o 

173.20.  2,6 

173.20.  2,0 

29,6 

29«4 
29,6 
29,8 

45 
40 

.  46 

6,9 

6.?  J 

6-19-X«-f 

4?-*S-39.S 

Fcb.k9 
22 

639.54.* 
»7  J- '9-54.3 

29,5 
29,2 

46 

4« 

6.7  t 
6,7  J 

6.39.59,9 

45.25.40,2 

April  9 

4 

6.40.17,1 
173.20.  6,8 

30.0 
29,8 

54 
43 

6,7? 
6,7! 

6.40.  5.a 

4?«5-39'* 
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Google 


i^  sorM  jtf  the  ^rineipal fixed  Starts  hit. 
u  Cygni.  (continued.) 


^$ 


MMKh. 

corrected 

for 
KcfiractkMi. 

Baro^. 

Thenh. 

RefcMdon. 

Zenith  Distance 
corrected 

for 
Refracdon* 

Mem  Polar 

Distance  for 

Jan.  1800. 

TheCo-Iadtade 

1801 
>^pril5 

7 

0     /      jr 

6i40.20»7 
173*20.  8,8 

Inches. 
29.8 
29,6 

0 

45 

45 

0     /     /f 

640.  6>o 

•    If 

4S-25-39.7 

8 
to 

173.20.1092 
6.40.18,3 

29,6 
«9>S 

40 
4* 

6,8  V 
6,8 1 

640.  4,i 

45-«J-37.7 

II 
12 

6.40.22,8 

6*40.22,5 

173*20.  9,6 

173.20.10,7 

29>6 
30,2 
30,2 
30.0 

40 
35 
39 
42 

6,8 -J 

6,9  f 
6,8  J 

646.  6,3 

4S«2S-39»7 

Nor.  8 
9 

I73.20.27,i 
6.39.11,8 

29,8 
30,0 

tf 

6,8^ 
6,8  j 

6.39.«2,J 

45*5-37.6 

»5 
14 

6.39.10,0 
173.20.27,4 

29>9 
30*0 

S 

6,8 1 
6,8 1 

6.39.21,3 

45*5-36.3 

18 
»9 

173.20.24,2 
6.39.  8,8 

29,5 
29,6 

.43 
4* 

6,7  j 

6.39.22,3 

45.25.36,6 

26 
30 

173.20.22,5 
6.39.  9,7 

29*4 
29,0 

45 

40 

6.7  i 

6.3922,7 

45.25.36,0 

•Dec.  I 

6.39-  9'7 

6.39-  9'» 

^73.20.2^2 

173.20.24,7 

29,0 
29,0 
29,6 

*9>4 

40 

4» 
40 

6,7 1 

6,8  f 

6,8  J 

6.39.23,0 

45*5-35.8 

'         II 

^73.26.23,2 
6.39.10,9 

28,7 
29,6 

47 
4f 

6.73 

6.39.24,6 

45'«5-35.6 

13 
>7 

t73<26.2f,2 

173.20.22,7 
6.39.14,5 
6439.14,0 

Mean 

29,6 
29,6 

«9'S 
29,5 

38 
38 

35 

35 

• 

6.81 

6,8  f 
6,8  J 

•                            mi 

6.3$^.^,6 

45.25.36,2 

4S-»<-37,P 

Digitized  by 


Google 


Mr.  Pond  on  the  Declinations 


u^Aquarii. 

Obsenrations 

Zenith  Distance 

Mean  Polar 

Day  of 

corrected 

corrected 

'  Distance  fkM- 

the 

for 

Barom. 

Tbenn. 

Reftietion. 

for 

Jan.  1800. 

Month. 

Refraction. 

Refraccim. 

The  Co-latkode 

1800 

0     /     ff 

Inches. 

e  , 

I  *      f    ' 

•      /       n 

0^0 

Nov.  17 
18 

«37'»9-  6,7 
5«-3'-24.» 

29,7 
30,1 

46 

45 

1.14.8  7 
>i6,3J 

52*3'.  8>7 

9i^^7'  4*5 

»9 
20 

52.31-26.7 
137.29.  4,8 

.30,2 
30.3 

4> 
4> 

1.17.2) 
1.17.^  j 

52.31.11,0 

91-17.  6,4 

26 
2? 

52.31.  3.9 
137.28.48,4 

29,5 
29.8 

44 
4» 

»'4.9l 
1.16.3; 

5*^31-  7>7 

91.17-  *»7 

Dec.  2 

52.31.  6,1 
137.28.45.7 

29.9 
29,5 

43 
44 

1  16.1 1 

52.31.10,1 

9I-I7-  5*0 

^ 

137.28.47,2 
52.31.  7,3 

Mean 

29.4 
29.5 

42 
40 

1.15.0) 
1.15.7  J 

52.31.10,0 

91-17-  4*6 

91.17,  4,6 

Pegasi. 


1800 
Nov.  17 
18 

»9 

20 

26 
27 
Dec.  24 
25 
26 

31 

,  I 

3 


Jan 


142.54.25,9 
37.  6.11,9 

37,  6.10,0 
142.54.21,8 

'37'  549>8 
142.54.00,1 

H»' 5  3- 30*0 

37'  5.23*7 

37-  5.25*0 
37.  5»24,o 

37.  5-22.8 

H2.53-32*! 

Mean 


29,7 

46 

30.1 

44 

30,2 

40 

30.3 

40 

29'J 

44 

29,6 

42 

29,3 

47 

29'4 

47 

29,4 

43 

29,8 

38 

29.7 

45 

29.7 

47 

37.  S-53'O 

37-  5-54.  > 

37.  5-54'8 

37'  5-s6»8 

37.  546^ 


75.S»-57>2 
75.5  i.5«/) 

75'5«-5«.7 
7S.5''58'7 

75.5 1.57^ 


75-5 '-S^'O 
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Google 


of  $<m»  of  ^  fftmipei^ fixed  Stars,  &c. 
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a  .Andromeda. 


Day  Of 

the 
Month. 

OlMervationi 
BeftactkHV    . 

BsioiHb 

Ihetm. 

aefiwtkw. 

Zenith  Distance 
correcteJ  ' 

for 
Refracddn* 

Mean  Polar 
Distance  for 
Jan.  1800. 
The  Co-latitude 
38.4&.43,0. 

1800 
Nov.  17 
18 

»52-4S-37.* 
23.14.54,0 

iMfae*. 
29,75 
30,  1 

0 
47 
44. 

/        // 

,        24»8'l 

0     /     #/ 
23:44.38,4 

0      /      li 

62.00.48,4 

»9 
20 

21.14.58,2 
«S6-45-37^ 

30.  * 
30V  3 

4» 
4« 

«5»$'l 
»5.j/ 

2^.14.40,6 

62.00.49,6 

s 

15645.11,7 
2),I4.J5,& 

*9V  0 
«^5 

44 

23^14.41,0 

62.00.51,2 

*7 
29 

156.45.14,2 
«3'i4-3IS^ 

«9»  6 
,  30»« 

4M 
4* 

25.0  1 

23,14.40.3 

62.00.50,7 

30 
Dee.  6 

«|-»4^8.3, 
156.45.20,2 

JO,  c 

29.2 

45 
40 

24,8/ 

23.14.39>© 

62.00.49,4 

I 

156.45.18.5 
23>4-a5.» 

,»9»4 
39»  5 

1? 

25.0-1 
25.>  J 

2J.I43«'3 

62.00.48,5 

16 

2|.i4.ii.5 

156.4445,1 

21.14.  5.5 

JOiO 

«9*  3 
29,4 

47 

25,0" 
»4.4   ■ 
»4.5J 

2j.i4.4i,7 

62.00.51,4 

„3> 
1 801 
Jan.  I 

3 

aj.14-  8»J 

»9»  9 

3* 

;     »5'3'" 

25.14-  8^ 
156.44.47,0 

29,  7 
«9»  7 

43 
47 

«4.9 
*4'7  J 

23-H-40>7 

62.00.50,0 

18 
22 

i56.45.»4,.6 
23.i44*>S 

«9.  9 
»9>  6 

46 

44 

a5.>  "I 
24,9/ 

25.14.44.0 

62.00.50,7 

Mean 

- 

62.00.50,0 

MDCCCVK 


3  M 
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Google 
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Mr.  Pond  m  the  DeciinaHons 


Polaris, 


Day  of  the 

Zenith  Diatance 

Reduced  to 

Month. 

corrected  for 
Refraction. 

January,  1800. 

1800 

0          i          if 

•     i  if 

Nov.  s 

37,00,30,3. 

37-00.3,8- 

4 

37.00.30,8 

3700.3.0 

7 

3700-81.3 

37.00.8,4 

11 

37.00.38,7 

37.00,8,7 

17 

37.00.36,0 

37.00.4,8 

18 

37.00.36,3 

3700.4,3 

»9 

8700.35,7 

3700.3,4 

fio 

37.00.36,3 

37.00.3,8 

81 

37.00.37,6 

37.00.4,8 

«5 

37.00.40,1 

37.00.5,8 

^7 

37oo.S9>5 

37.00.4,9 

«9 

37.00.40,3 

37.00.5,8 

30 

37.00.40,1 

37.00.4,8 

Dec.  «3 

37.00.44,8 

37.00.5,8 

1801 

Jan.  1 

37.00.44,3 

37.00.4,6 

SI 

37.00.44,8 

37.00.5,0  . 

24 

87-oo.44>7 

37.00.5,8 

85 

37oo-44»3 

37.00.5,8 

Feb.   6 

37.00.43,6 

37.00.5,7 

X.      *^ 

37.00  40,8 

37.00.6,8 

Mar.  8 

370039.3 

37.00.5,8 

«5 

37.00.33,4 

37.00.5,6 

3> 

37.00.30,6 

37.oo.4,« 

April  1 

37.00.30,9 

37.00.4,8 

8 

37.00.39,7 

37.00.3,9 

3 

37.00.89,9 

37.00.4,5 

4 

37.00.29,8 

37.00.4,4 

5 

37.00.28,4 

37.00.3,9 

T              *^ 

37.00.88,8 

37.00.5,5 

June  11 

37.00.15,0 

3700.3,5 

N.  B.  These  observations  of  the  polar  star  were  all  made  by  reversing  the  instru- 
ment several  times,  before  and  after  the  star's  passage  over  the  meridian,  allowing 
for  the  small  change  in  altitude,  according  to  the  French  tables  constructed  for  that 
purpose. 
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Day  of  the 
Month. 

Zenith  Distance 

corrected  for 

Refraction. 

Reduced  to 
Januaty.  1800. 

1801. 

June  13 

SI 

Nov.  a6 
Dec.   7"! 

IS  J 

isl 

16^ 

4 

19; 

0  '  '  /{  " 
37.00.16,5 

37.00.17,0 

37-  1-  *»o 
S7'  I-  5,5 

S7'  1'^,^ 
57'  »•  Sy5 

37-00,5,0 

37-00.5,4 
37.00.6,0 

37.00.6,0 
37.00.6,5 

37.00.5,8 

Polam,  S.  P. 

1800 

Oct  31 

40.30.58,0 

40.31.18,6 

Nov.  3 

4P.30-54,o 

40.31.18,1 

4 

40.3o.5i,« 

40.31.19,8 

»3 

40.30.48,0 

40-3''8'8 

*Z 

40.30.46,8 

40.31.18,8 

18 

40.30-45,9 

40.3»>8,i 

^i 

40.3046,5 

40.31.19,0 

s6 

40.30,44,6 

4o.3i»9,i 

% 

40.3o.4S,« 

40.31.18,5 

40do-44»o 

40.8119,0 

Dec,  10 

40.30.41,8 

40.31- »9»o 

loot 

Junes 

40.31.  4»o 

40.31-16,5 

3M8 
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Mr.  Potio  6»  ihf  DeOmaliQits 


Polaris,  S.  P.  {cmtdmd.) 


Day  of  the 
MoQth. 


1801 

June  4 

B 
6 

8 

9 

10 

Nov,  « 

13 
18 

19 

«o 

Dec.  2 
5 


ZenEth  Distancr 

corrected  for 

Refraction. 


Rtd4Kedto 
Januaryj  i«oo; 


// 


5.7 

3,5 
e,5 


40-31. 
4031. 
403  J. 
40.31. 

4o.3'<- 

40-31. 

40.30.87,7 

40.30.25,8 

40^30.26,0 

40.30.25,9 

4o.30.a5,i 

40.30.23,8 

40.30.23,4 

40.30.22,7 

4o.30.«i^ 


,4o.3J».i75ff 
.40.31,35,6 

40.34  .*7-»« 
40-3«i5,« 
40.31  J15.2 
40.gi,i8,i 
40.31.18,7 
40-31.18,2 
40.31.80,0 
4o,3tJ»o,i 

•40|fc.i9,5 
40.31,19,0 

40.31.19,8 

40.31.20,1 

40.31.80,0 


;> , 


Davof 

the 
Month, 


1800 
Dec.  24 

1 80  J 
Jan.  I 

July  20 
21 


ObBcrvatTons 
aorro(ftei( 

for 
Refrafticm.. 


2343:48^7 


J9  l>^. 


fibrom, 


Indies, 
29*4 
«9>4 

3P;»<> 
30/Q 


Therm. 


43 
4' 

43 


Itefiratition. 


25.2 


Zttiidi'Ditauice 
coincted 

BeftMiioii. 


a3-4J'3»'4 


»3-*3-5r»» 


Redueedto 
Jiimaix,  1800* 


^3.44.  6,0 


*3-44*  8*3 


Digitized  by 


Google 


oj  same  tf  /ftr  frincip<dfaa^  Stars  ^  &c. 


4SS 


/3  Ursa,  {omtinued.) 


MoHh. 

Obscnmtims  : 
Correctod 
for 

Bsrtm* 

Tbqai. 

BebaMioa. 

Zenith  Distance 
corrected 

for 
Hefnctioa.     , 

Reduced  to 
January,  3800. 

1801     . 

Dec.  3 

6 

7 

9 

11 

•   «' 
If 

25.43.12,0 

25.43.11,* 

25.43.10,1 

156.16.27,1 

156.16.26,7 

2|.«.  7'S 

21,43.  ^5 

15^16.28,5 

1 

Inches. 

29,4. 

29bO 

29b6 
291.6 

3C^6 

0 

40 

38 
38 

3+ 
3a 

*54 

35.6 
3S,8J 

35,8  1 
36,0    ' 

aJ-43-**^ 

Q     V#     ^# 

^344.  8,8 
25.44f  «>* 

»8.44.  7.8 

jQ  17/Y<P,  5.  P. 


1           1  r 

1800 

' 

Dee.  15 

Y«6. 11.38,6 

30,0 

17 

1.19,41 

16 

126.11.35,7 

30*  0 

44 

1.20,0 

53.47.22,1 
126.11.29,7 

29*  4 
29.  4 

? 

1.17*6  I 

1.17.8  r 

5347-54.6 

53-47*».3 

36 

126.11.30,7 

.  — , 

43   ^ 

.1.18,3 

»7 

1261 1.30,2 

49,67 

45 

1. 9,0;, ' 

1801 

DCCI3 

5|-48-  i>^ 
126.11.42,5 

39.  6 
*9i  8 

35 

1^0,41 
1.21,0  / 

•Jf4«'  9< 

59-47»«.5 

16 

126.11.38,8 

«9'  3 

35 

1.19.71 

*7 
18 

126.11.36,4 
S3-48-  0,3 

»9.  4 
39,  7 

57 

t.l9>6  \ 

53.48.11,5 

53.47.31.8 

«9 

53-48-  »'0 
Mean 

30,  1 

33 

1.23,0  J 

- 

- 

,   5347«''5 
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Google 
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Mr.  Pond  on  the  Declinations 


y  Draconis. 


^ 

OuMlfBUOIIS 
OOlTCCCOd 

for 

Buon. 

Item. 

RcfticCioo. 

Zenith  Distance 

conected 

for 

MeinPoiv 

Discanoefor 

Jan.  laoo. 

The  Co  latitude 

38-45.'43^o 

iSoo 
Dec  3 

J 

iSoi 
Jan.  J 

13 
«7 

tt 

«3 

a* 

Feb.  6 

0.10.40,25 

0.16.38,25 

179.43.10,75 

0.16.  1,7c 

"79-4MS*  0 

0.15.59,7s 

»794|4^»«5 
0.1648,  5 

I794|a9*  S 
0.16.23,  8 

»79««9»  S 

o.i6.i8«  7 

»79^5-3«»  7 

Mean 

Inches. 

• 

• 

0,25  1 

} 
} 

0.1644,25 

0.16.37,  6 

o.i6.3i»  1 
0.16.27,  ' 
0.16.23,  0 

•    #    /# 
38.28.53,7 

38.28.52,8 

38.28.52,7 
38.28.54^6 
38.58.54,7 

38.28.53,8 

After  the  first  part  of  tbis  Paper  went  to  the  press#  Dr.  Maskklynb  commanicated 
to  roe  tome  late  corrections  which  Mr.  Piazzi  has  made  to  his  Catalogue.  These 
having  been  adopted  in  the  Tables  which  follow,  the  positire  deviations  do  not  now 
exactly  equal  the  negative;  hot  the  correction  lequired  is  very  smalL  The  Green* 
wich,  Palermo,  and  Westbury  observations  were  made  about  the  same  period,  between 
1800  and  1802,  those  of  Armagh  in  the  year  1797. 
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Google 
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A  Comparison  of  the  Observations  made  at  Greenwich,  Armagh,  Palermo,  and  Westhury, 
with  a  Catalogue  deduced  from  the  Mean  of  these,  and  of  some  other  Observations  made 
with  different  circular  Instruments. 


Greenwich. 

Armagh. 

Palermo. 

We$tbury. 

Mean  Of  all 
the 

January,  i8oo. 

1 

Cclat.  38»45'.43",o. 

1 

reduced  to 
Jan.  1800. 

«    »    *f 

0    /    // 

e     /    » 

0    /    « 

0      t      V  ^ 

rDraconk  - 

38.28.53.0 

-0,8 

38-28.52,5 

-1.3 

38.28.53,0 

—0,8 

38.28.53,8 

-fo,o 

38.28.53,8 

Capella      • 

44.i3.ai,5 

+  1.5 

44.13.10.0 

0.0 

44.13.18,5 

-1.5 

44.13.18,5 

—1.5 

44.13.20,0 

45.25.41,4 

+2.6 

4;.25,j8,o 

—0,8 

45.25.39,6 

—0,8 

45.25-37.0 

-1,8 

45.25.38,8 

•  Lyrs    -    - 

S*.a3-4>>« 

+3*4 

S«*3-3S.8 

-1,9 

$1.25.37,8 

+0,1 

51.23.36,0 

-'.7 

5i-23-37*7 

Castor    -    - 

57.41.14,0 

00 

•57.41.  8,0 

— — 

57.41.14,0 

0.0 

57.41.14,0 

0.0 

57.41.14.0 

PoHux     • 

61.30.  9,8 

— a,2,«6i.30.  3,8 

61.30.12.2 

+O.Z 

61.30.13,7 

-f».7 

61.30.12,0 

(?Tauri      - 

6I.34-30.9 

^i,d 

6i.34-3"'0 

-1,5 

61.34-34.8 

-h2.3 

6" -34.33.7 

-I- 1.2 

61.34.32,5 

s  Andromedae 

62.ooa|.^,8 

—  1*2 

02JX>.43,7 

—3.3 

62.00.48,5 

+  ».5 

62.00.50,0 

+3.0 

62.00.47,0 

fliCoronsBor. 

62.36,10,5 

+0,3 

•62.36.  6,0 

62.36.10,8 

+r,6 

62.36.13,0 

-1.2.8 

62.36.10,2 

•  Arietis    • 

67.29.20,1 

— 1.3-  67.29.22,0 

-1.0,6 

67.29.22,7 

+  1.3 

67.29.20,6 

-0,8 

67.29.21,4 

Arcturus    • 

69^.  7fi 

-1,2  69.46.  9,7 

+0,7 

69.46.11,0 

+2,0 

69.46.  7,5 

-i.S 

69.46.  9,0 

Aldebaran 

73-54-16,6 

-.0,2 

73.54.17.0 

+o.i 

73.54.18,0 

-^I.2 

73-54- » 5. 5 

-1,3 

73-54-i6,8 

SLconis    - 

74-i8-34»5 

+0,8 

74.18.32,7 

—  1,0 

7418.35.0 

+  1.3 

74.18.32.5 

—1.2 

74.18-33.7 

m  Pegasi    - 

75-5>-57.o 

—2,0 

75.51.59,8 

-|-o,8 

75-52.  1,0 

-h2.0 

75.51.58.0 

—  1.0 

75-Si-59'0 

yPcgasi    - 

7S-55-36»3 

-0,7 

7SS5-36.* 

—0,8 

7S-5S-3«.5 

+».s 

7S-55-37.0 

0.0 

75-55-37.0 

Regulus  •   . 

>7.  3-35*1 
77- 16.54,0 

+  1.1 

77'  3-30.7 

-3.3 

77-  3-37.5 

+3.5 

77.  3.34.0 

0.0 

77'  3.34*0 

a  Ophiuchi 

40,6 

7716.52.1 

-1.3 

77.16.54.0 

-»-o,6 

77-»6-53.5 

-1-0,1 

7716.53.4 

s  Aquilse     - 

81.38.52,0 

+  i>5 

81.38.49,3 

—I.I 

81.38.55,0 

-^4.s 

81.38.51.5 

+  ifi 

81.38.50,5 

%  Orionis    - 

82.38.30,8 

-0,7 

82.38.30,5 

— 1.« 

82.38.33,0 

+  2.3 

82.38.31.5 

0.0 

82.38.31,5 

•  Serpentis  - 

82.56.  1,2 

—0,8 

82.55.58,5 

-3.5 

82.56.  5,8 

+3.* 

82.56.  S,2 

-^o,2 

82.56.  2,0 

Procyon     - 

84.16.17,4 

-3*1 

84.16.18,0 

—2.5 

84.16.22.0 

-fi.o 

8^16.21,5 
86.42.10.2 

-I-1.0 

8^16.20,5 
86.42.  8,2 

•  Ccti    .     - 

86.42.  6,1 

-1,5 

86.42.  6,0 

—2,2 

86wf2.io,8 

-ho.6 

+2,0 

a  Aquarii     - 

91.16.59,8 

— 3>2 

91.17.  3.3 

■t-o.3 

91.17.  3.7 

-^o.7 

91.17.  4.6 

+  1.6 

91.17.  3,0 

•  Hydrae     - 

97.47-49.1 

-1.5 

97-47-47'S 

-3.> 

97-47-54.0 

-♦-3.4 

97.47-53.0 

-f2.4 

97.47.50,6 

Ri|jei    -      - 

98.26.28,8 

-5*3 

98.26.31,7 

-2,4 

98.26.35,5 

+M 

98.26.36,5 

-^2.s 

98.26.34,1 

Spica  Virgints 

100.  6.37,0 

-3.0 

100.  6.37,5 

-a.5 

100.  6.42,8 

-|-2,8 

loa  6.43  0 

-I- 3.0 

too.  6.40,0 

»  Capricorni 
Sirius     -     - 

103.  9.  3.2 
106.26.56,3 

-4.9 
-5*5 

103.  9.12,0 
106.27.  3,8 

+3'9 

-f2,0 

io|.  9.  9,2 
106.27.  5.0 

+3'* 

103.  9.  8,0 
106.27.  2.0 

—0.1 

+o.t 

103.  9.  8,1 
106.27.  1,8 

Polaris     •    « 

1-4S34-5 

MS-34.S 

1.45-36.2 

1.45.36,9 

^■B^iB 

1.45-36,0 

The  observatioDs  marked  •  are  omitted  io  the  calculation. 
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The  Greenwich  Observations  compared  with  those  made  by  the  circular  Instruments ,,  the 
Co-latitudes  of  the  Places  of  Observation  being  previously  corrected  by  Means  of  their 
positive  and  negative  Deviations. 


Greenwich. 


Annagh. 


Palema. 


Co-lat.  38<>.45'^.r  jBJianuaiy,  isoo. 


[Mean  of  circa- 
liar  Instnimeati 
I    reduced  to 


^DracMiU  - 
CapcUa  •  - 
« Cygoi     " 

Lyr»    -    - 
Castor    -    - 

Pollux      - 
jSITauri      - 
Ok  Andromedae 

Coron.  £* 
» Arktis    - 

Arcturtu    • 
Aldebaran 
ff  Leoni3     • 
» Pegasi    • 
y  Pegasi 

R^;tdus     • 
At  Ophiuchi 
» Aquilx     • 
Of  Orion  is    • 
«  Serpcntis 

Procyoa    ^ 
Ok  Ceti    •     - 
/9IVic}*ttus  « 
« Aquarii    - 
» Hydj«    - 

Ri^el    -     . 
Spica  Virginis 
z  A  Capncocni 
a,  Librs 
Sirius     • 
Antares     - 
Pomalhaut 
Polaris     - 


34.1^.53,0. 
44.iS.ai,S 

57,41.14, 


+  W 


1+4 


0  + 


>6 
1,0 


61.30.  9»8 

61.34- 3P»9 
6^.00.45^,8 
62.56.10,5 
67.49.ao*  I 


-^1*7 


45-25-35l»3 
S*a3-37^« 

•61^30*  4^1 

61  34^S*»3 
62joo«45:^o 

^•36.  7>3 

67.29.a2*o. 


5j^+o,a 


+  i>3 
+0*5 
+Q^i 


44.13.18,5 

51.23 
57.4ia3»ol 


S^^+<VJ 


— M 

-Q>4 


-0,7 

-2,5 


6i^304ii»2 
61.34,33,8 
^••00.47,5 
44.36.  9,8 
67.29.^1,7 


ao 

—0,6 
ao 
—0,2 
+oa 


3v.29.53^6 ' 

44-«3-'«»3 
45.25.36,8 

57.4i.f3,r 


0;0^ 

^2^0 


d»»3«>-«3»y+«>'* 

61.34.33,5  +0,5 

5  62.00.49,8  +2ra 
( 62.36.1 2,8^ +»,s 
( 67.29.20,5     —190 


69.46.  7.8 
73.54.16,6 
74.18.34,^ 

75-5 '••S7>^ 
75-5S-3f5> 


S  + 


—1,2 
-0,3 

-1>J 


77-  3-35>»-«-i»^ 
77.16.54,0+0,8 

8t. 38.52*0  4  i>o 
82.38.30,8 
82.56.  1^ 


6946.11,0+2,0 
73.54,18,31+1,4 
74iUJ.34,o+o>5 
75.52.  1,0+1,3- 
75-55-57>S        -^>7 

;57.  3.32*0        —2,0 
77.16.53,4+0,2 

Ck.     ^«    .^   iCI 


84.16.174 

86.42.  6,1 
87.  626,3 

9i.t6v59^8 
97-4749»» 

98v26«28,8 
100.  6.37,0 

"03^  9*  3 
10^.11.55,6 
106.26.56,3 
115.58.14,4 
120.40.30,9 
<-45-34»5 


-0,9 


fti. 38.50,6! 
82.3^.31,8 
82.55.59,8 


+0,1 


-0,4 


-3>< 
-2,9 

«-2,0 

-4>S 

^6,0 
-3>3 
'-5V1 
-6,2 

—7^2 
-9*3 


-24 


ti.i^.i9*3  — '*7 
86.42.  7,3  —11,3 
t7- 6.29*0 +0^7 
91.1.7.  4,6+0,5 

974^48,8        -..3,2 


sr8-^-3j«o 
100.  6.38,8 

•103.  9.13,3 

i05.i^».oo,9 
106.27^  4,1 
«5.58.24,3 

» •45-34*5 


^1,8 

—21,0 


— ot,9 
+o>6 


6946.io»3'+i,^ 

73.54,16,8 

7+18.33V5 
75.5 f.  0,8 

7S-S5-4M 

77-  3.^56,0 
77-^6.53,0 

»*.38-53. 
82.38.32,01+0,3 

82.56.,  5,2+2,9 

84.16.21,0 
8642^  9,8 
87.  6.a7,5 
9<.i7.  3,2 

97-47-54>oI+ 


+0,1 
+Ox5 
+  i,r 
+  3»a 

+»»A 
— o,2| 

+  M 


96.26.34,5 
100.  641,8 
ii-03.  9-  8'* 
105.12.  2,7 
106.27 
M^.  5  8.24, 
120.4040 
14536.2 


4»o  + 


•  6946-  Ml 

73-54-«S'3 
74.i8.32>3 

r5-5i-57i8 
7S-5T-36,a 

77-  3-33»» 
77.16.53,3 

81.38.5M 
82.38.31,3 

82.56.  2,0 


0.0 

+0.8 
— o. 


*-»*7 
-1,6 

-  ,9 

^0^2 
+0,1 

+o,J 

-0^4 
-o^ 


^2,0 


84.1 6.2*,  3  +0,3 

86.42.10,2'+ 1,2 

8)hotobsecvedl     •-*-< 
91.17.  4,6+0,5 
9747'S3>o^+«'0 


-*o,3 
+  1,0 

— 0(,1 

+0,9 

0.5 


3  + 


98.26.36,^ 
100.  642,8 

1^.  9*  7»8 
notobservttd 
106.27.  1,8 
notobsorved 
not  observed 
1.45.37,0 


»»5 
+a,o 


59.i8.5y,6 
44.13.20,0 
45.25.3«,S 
5»-t5'.36>y 
y7-4«-i5»« 

6i.30ki»,3 

61.3433*0 
62.00.47,5 

62.56:10,0 
67.29.2t>5 

69^46^  9,0 
73-54-i6,9 
74»»-33»S 

;75vW-3«>2 

77'  W4>o 
77.16.53,2 
81.^8.51/) 
82.38.31,7 
82.56.  2,3 

84.16.21,0 
86.42.  9,0 
«7.  6j!8,3 
9I..I7-  4>i 
9747-5**<3| 


98:26:34,8 
100.  6.40,8 

«>3 

t,8 

^1,7  106:27^.  3 

ii5,5&.24,r 


-a5:»'<9.  9 
'105.17 


1.45.36,0 


The  stars  marked  *  are  omitted  in  the  comparison. 
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Mr.  Pond  on  the  Declinatims,  Sec. 


The  Greenwich  Observations  compared  with  those  made  by  the  circular  Instruments^  the 
Co4atitudes  of  the  Places  of  Observation  being  previously  corrected  by  Means  ef  their 
positive  and  negative  Deviations. 


Greenwich* 


Armagh. 


Palema. 


WestUiiy. 


Mean  of  drcu- 
Ur  Instnunenti 

reduced  to 
ianoaiy,  iwo. 


TtDraconU   - 
CapcUa   -    - 
'  Cygtti     - 
» Lyr«    -    - 
Castor    •    - 

Pollux      - 
flTauri      - 
at  Andromedae 
ACoron.  £* 
Arietis    - 

Arcturas    • 
Aldebaran 
?'  LeoDia    • 
a  Pegasi    • 
y  Pegasi 

Regulus     • 
Ophiuchi 
Aquiix    • 
Orion  is     - 

«  Serpentls 

Procyoa    * 
«,Ccti    •    . 
ftVicginis  * 
« Aquarii    ^ 
««Hydr»    - 

Rigel    -     . 
Spica  Virgin  is 
z  A  Capricocni 

Librs 
Sirius    « 
Antare3    - 
Pomalhaut 
Polaris     - 


44.iS.ai.S 

5>23.4i,i 
S^4I.I4. 


-»o,6 


4^ 


H'4>6 


0  + 


61.30.  9>8 

6i.34-3P'9 
6¥^o,45>8 
62.56*10,5 

69*46.  7.8 
73.54.16,6 
74'>8.34,s 
75-5i'-S7>o 
75-5S-3f5; 


^1,7 

-0,3 
-1,9 


o     /    #< 

44-i3*»>^3 

45-25-39»3 

Si-23-37*« 

•S'7-4»«  9*3 

•61-30^  4^1 

61  34'S2'3 
62jop45:^o 

62.3^*  7>3 
67.29.22*0. 


5^+0,2 
+  U3 


^8. 28.52,0^ 
44.13.18,5 
[  45-*5lM 
5  "3 
57.4ia3,o| 


J^fii+OfJ 


—0*4 


ao 


44-"3-'8»3 
45.25.36,8 

57*4«^     ^ 


a.o- 

-n7 

-»2bO 

o3 


77-  3-35»»  +  w 
77.16.54,0+0,8 

81.58.52,04-1*0 

82.38.30,8 

82.56.    tfZ 


84.16.17,4 
86.42.  6,1 
87.  6i26>5' 
9i.66.59,.8 

97-47vf9*» 

98.26*28,8 , 
100.  6.57,0 
103.  9.  3,2 
10^.11.55,6 
106.26.56,5 
115.58.14,4 
120.40.30,9 
<45-34>5 


—0,9 

-3*« 
-2,9 

«-2,0 

-4'J 
— 3'« 

*»6,o 
-3.« 
-•5VI 

-6,2 

-7^2 
-9^3 


-0,7 

--2,7 
+Ok9 


6946^1,0+2,0 
73.54.i8,3|+i,4 
7411-8.54.0 +o>5 
75.52,  1,0  +  1,3' 
75-55-57.S        -^^7 

;57.  5.52VO        —  2,Q 
77.16.55,4+0,2 
8ti.3«5<'*6j       —0,4 
«2.3«.5i,8+o,i 

**'S5'59»^       -^M 

ti.i^.i9*3        —  >>7 
86.42.,  7,3        —11,3 
§7.  ♦*29>a-fo,7 
91.1.7.4,6+0,5 
974^48,8        -.5,2 


6i^3o«ti»2 
61.34,33,8 
e«*oo.47,5 
-62.36.  9,8 
67.29.^1,7 

69^.i0^5;+l^ 
+0,1 

+ox5 


—0,6 
ao 

— 0>2i 

+oa 


»3#i-H>. 


6^50.13,5+^,* 

^'•3+33*5  +M 

62.0049^8 +»ra 

62.56.i2,8^+»i8 


73-54^»6,8 

74-»^-33V5 
75.5f.  q;8  +  i,t 


93.2$.  53*0 

100.  6.38,8 

*i03.  9.1.3,3 

105.:l*.00,9 

106.27.  4, 
«5.58.24,3 

»'4S'34*5 


.^1,8 

—21,0 

— ot,9 
+o>6 


7S-S5-4M 

77-  3-56,0 
77- '6.55,0 

»*-38^53>5 
82.38.^2,0 
^.$6.,  5,2 

84.16.21,0 
86.42..  9,8 
87.  6.a7,5 
91.17.  5,2 
97-47*S4«<5 


+  3»« 


I  67.29.20,$ 

69.46.  7,5 

73-54-i5'3 
74-i8.3«'^3 
r5-5i'S7;« 

75-rsr-56»a 


+*iA 

—0,2 

+  M 
+0,3 

+»,9 


— 1»« 

--1,7 
-1,6 

-  *9 


+0,1 


9«-26.54>5 
100.  6.41,8 
i'03.  9.  8,2 

105.  h2.  2,7 
106.27.  4,0+0, 

rr3r.58.a4,a 

120.4040,2 

1.45-36^2 


77-  3-53.8 
77-16.53,3 
8i.58.5^>,.5+o,5 
82.58.31,5 
82.56.  2,0 


—0^2 


o*o 

+0.8 

— o, 
+  2,a 


0^4 


84.i6.2*,i  +0,5 

86.42.10,2  +  1,2 

8|aotobsecved|     — — 

91. 1 7*  4,6  +a,y 

I  97'47-S3»a+*''^ 


-*o>5   98.26.56,^ 
+  1,0        100.  6+2,8 

i^-.9' 


3  + 


+0,9 

5 


notobserved 
106.27.  1,8 
notobsenred 
not  observed 
1.45.37,0 


7*8        -Ob5 


»*5 
+a,o 


-i>7 


59'.29:53^6 
44.13.20,0 
4f.2S.5«,8 

5»-*5'-36*5 
57-4«-iJ*o 

6i.30ki2,5 

$>-34  33'0 

f»-o«47*S 
62.56:10,0 
6^29.2-1,5 

69v46i  9,0 
75.5+16,9 

74'»*-33*S, 
W-5»-S»7 
;75-55-3«*« 

77'  3-34»o 
77.16.53,2 
8i.'58.5i,o 

82.5«-3n7 
82.56.  2,5 

84.r6.2r,o 
86.42.  9,0 
«7.  6j8,5 
91.17.  4,11 
97-47-5M 

•  98:26.34,8 
ipo.  6.40,8 

»^.  9-  ^'3 
^105.1?.  t,8 
io6;27^.  3 
ii3.5».24,r 


1.45.36,0 


The  stars  marked  *  are  omitted  10  the  comparison. 


Digitized  by 


Google 


-Ju^ 


Digitized  by 


Google  ] 


Digitized  by 


Google 


C455  3 


XXII.  Ohsenations  and  Remarks  on  the  Figure^  the  Climate^  and 
the  Atmosphere  of  Saturn,  and  its  Ring.  By  William 
Herschel,  LL.  D.  K  R.  S. 


Read  June  ^6,  1806. 

My  last  year's  observations  on  the  singular  figure  of  Saturn 
having  drawn  the  attention  of  astronomers  to  this  subject^  it 
may  be  easily  supposed  that  a  farther  invesigation  of  it  will 
be  necessary.  We  see  this  planet  in  the  course  of  its  revolu- 
tion round  the  sun  in  so  many  various  aspects^  that  the  change 
occasioned  by  the  different  situations  in  which  it  is  viewed^  as 
far  as  relates  to  the  ring,  has  long  ago  been  noticed ;  and 
HuYGENs  has  given  us  a  very  full  explanation  of  the  cause  of 
these  changes.* 

As  the  axis  of  the  planet's  equator,  as  well  as  that  of  the 
ring,  keeps  its  parallelism  during  the  time  of  its  revolution 
about  the  sun,  it  follows  that  the  same  change  of  situation,  by 
which  the  ring  is  affected,  must  also  produce  similar  altera* 
tions  in  the  appearance  of  the  planet ;  but  since  the  shape  of 
Saturn,  though  not  strictly  spherical,  is  very  different  from 
diat  of  the  ring,  the  changes  occasioned  by  its  different 
aspects  will  be  so  minute  that  only  they  can  expect  to  per- 
ceive them  who  have  been  in  the  habit  of  seeing  very  small 

•  See  SysUma  Saiumium,  page  55,  where  the  changes  of  the  ring  are  represented 
by  a  plate. 
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objects,  and  are  furnished  with  instruments  that  will  show 
them  distinctly,  with  a  very  high  and  luminous  magnifying 
power. 

If  the  equator  of  the  planet  Jupiter  were  inclined  to  the 
ecliptic  like  that  of  Saturn,  I  have  no  doubt  but  that  we  should 
see  a  considerable  change  in  its  figure  during  the  time  of  a 
synodical  revolution ;  notwithstanding  the  spheroidical  figure 
occasioned  by  the  rotation  on  its  axis  has  not  the  extended 
flattening  of  the  polar  regions  that  I  have  remarked  in  Saturn. 
But  since  not  only  the  position  of  the  Satumian  equator  is 
such  that  it  brings  on  a  periodical  change  in  its  aspect^ 
amounting  to  more  than  6%  degrees  in  the  course  of  each 
revolution,  but  that  moreover  in  the  shape  of  this  planet  there 
is  an  additional  deviation  from  the  usual  spheroidical  figure 
arising  from  the  attraction  of  the  ring,  we  may  reasonably 
expect  that  our  present  telescopes  will  enable  us  to  observe  a 
visible  alteration  jn  its  appearance,  especially  as  our  attention 
is  now  drawn  to  this  circumstance. 

In  the  year  1789  I  ascertained  the  proportion  of  the  equa- 
torial to  the  polar  diameter  of  Saturn  to  be  22,81  to  20,61,* 
and  in  this  measure  was  undoubtedly  included  the  effect  of  the 
ring  on  the  figure  of  the  planet,  though  its  influence  had  not 
been  investigated  by  direct  observation.  The  rotation  of  the 
planet  was  determined  afterwards  by  changes  observed  in 
the  configuration  of  the  belts,  and  proper  figures  to  represent 
the  different  situation  of  the  spots  in  these  belts  were  deli- 
neated.-f  In  drawing  them  it  was  imderstood  that  the  shape 
of  the  planet  was  not  the  subject  of  my  consideration,  and 
that  consequently  a  circular  disk,  which  may  be  described 

•  Phil.  Trans,  for  1790,  page  17.  f  IWd.  for  1792,  page  2Z. 
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without  trouble,  would  be  suffident  to  show  the  configurations 
of  the  changeable  belts. 

Those  who  compare  these  figures,  and  others  I  have  occa- 
sionally given,  in  which  the  particular  shape  of  the  body  of 
the  planet  was  not  intended  to  be  represented,  with  the 
figure  which  is  contained  in  my  last  Paper,  of  which  the 
sole  purpose  was  to  express  that  figure,  and  wcHider  at 
the  great  difFerence^  have  probably  not  read  the  measures  I 
have  given  of  the  equatorial  and  polar  diameters  of  this  planet; 
and  as  it  may  be  some  satisfaction  to  compare  the  appearance 
of  Saturn  in  1789  with  the  critical  examination  of  it  in  1805, 
I  have  now  drawn  them  from  the  two  papers  which  treat  of 
the  subject;  Fig.  1,  Plate  XXL  represents  the  spheroidical 
form  of  the  planet  as  observed  in  1789,  at  which  time  the 
singularity  of  the  shape  since  discovered  was  unknown ;  and 
Fig.  2  represents  the  same  as  it  appeared  the  5th  of  May, 
1805.  The  equatorial  and  polar  diameters  that  were  esta- 
blished in  1789  are  strictly  preserved  in  both  figures,  and  the 
last  differs  from  the  first  only  in  having  the  flattening  at  the 
poles  a  little  more  extended  on  both  sides  towards  the  equa- 
torial parts.  It  is  in  consequence  of  the  increase  of  the 
length  of  this  flattening,  or  from  some  other  cause,  that  a 
somewhat  greater  curvature  in  the  latitudes  of  40  or  45 
degrees  north  and  south  has  taken  place ;  and  as  these  dif- 
ferences are  very  minute,  it  will  not  appear  extraordinary 
that  they  should  have  been  overlooked  in  1789,  when  my 
attention  was  intirely  taken  up  with  an  examination  of  the 
two  principal  diameters  of  the  planet. 

The  use  of  various  magnifying  powers  in  observing  minute 
objects  is  not  generally  understood.    A  low  power,  such  as 
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soo  or  160,  with  which  I  have  seen  the  figure  of  Saturn,  is 
not  sufficient  to  show  it  to  one  who  has  not  already  seen  it 
perfectly  well  with  an  adequate  high  power;  an  observer, 
therefore,  who  has  not  an  instrument  that  will  bear  a  very 
distinct  magnifying  power  of  500,  ought  not  to  expect  to  see 
the  outlines  of  Saturn  so  sharp  and  well  defined  as  to  have  a 
right  conception  of  its  figure.  The  quintuple  belt  is  generally 
a  very  good  criterion ;  for  if  that  cannot  be  seen  the  telescope 
is  not  sufiident  for  the  purpose ;  but  when  we  have  intirely 
convinced  ourselves  of  the  reality  of  the  phenomena  I  have 
pointed  out^  we  may  then  gradually  lower  the  power,  in 
order  to  be  assured  that  the  great  curvature  of  the  eye* 
glasses  giving  these  high  powers,  has  not  occasioned  any 
deceptions  in  the  figure  to  be  investigated,  and  this  was  the 
only  reason  why  I  menticmed  that  I  had  also  seen  the  re- 
markable figure  of  Saturn  with  low  powers. 

In  very  critical  cases  it  becomes  necessary  to  calculate 
every  cause  of  an  appeannce  that  falls  under  the  province  of 
mathematical  investigation.  For  this  reason  I  have  always 
looked  upon  an  astronomical  observation  without  a  date  as 
imperfect,  and  the  journal-method  of  communicating  them  is 
undoubtedly  what  ought  to  be  used.  For  instance,  when  it 
is  known  that  my  last  year's  most  decisive  observation, 
relating  to  the  singular  figure  of  Saturn,  was  made  the  5th  of 
May,  astronomers  may  then  calculate  by  this  date  the  place 
of  Saturn  and  of  the  earth ;  their  distances  from  each  other, 
and  the  angle  of  illumination  of  the  Satumian  disk ;  by  these 
means  we  find  the  gibbosity  of  the  planet  in  the  ^ven  situa^* 
tion,  and  ascertain  that  the  defalcation  of  light  could  not 
then  amount  to  the  one  hundredth  part  of  a  second  of  a 
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degree,  and  that  consequmtly  no  error  could  arise  from  that 
cause. 

I  have  divided  the  following  observations  into  two  heads, 
one  relating  intirely  to  the  figure  of  the  body  of  Saturn,  the 
other  concerning  the  physical  condition  or  climate  and  at^ 
mosphere  of  the  planet 


Observations  of  the  Figure  of  Saturn. 

In  the  collection  of  my  observations  on  the  planet  Saturn, 
I  have  met  with  one  made  18  years  ago,  which  is  perfectly 
appHcable  to  the  present  subject,  and  is  as  follows : 

August  s,  1788,  21*^  58'.  so-feet  reflector,  power  goo* 
Adnutting  the  equatorial  diameter  of  Saturn  to  lie  in  the 
direction  of  the  ring,  the  planet  is  evidently  flattened  at  the 
poles.  I  have  often  before,  and  again  this  evening,  supposed 
the  shape  of  Saturn  not  to  be  spheroidical,  (like  that  of  Mars 
and  Jupiter^)  but  much  flattened  at  the  poles,  and  also  a  very 
little  flattened  at  the  equator,  but  this  wants  more  exact 
observations. 

April  16,  1806.  I  examined  the  figure  of  the  body  of 
Saturn  with  the  7  and  lo-feet  telescopes,  but  they  acted  very 
indifferently,  and,  were  I  to  judge  hy  present  appearances,  I 
should  suppose  the  planet  to  have  undergone  a  considerable 
change ;  should  this  be  the  case,  it  will  then  be  necessary  to 
trace  out  tfie  cause  of  such  alterations* 

April  19.  lo-feet,  power  300.  The  polar  regions  are  much 

flattened.    The  figure  of  the  planet  differs  a  little  from  what 

it  appeared  last  year.    This  may  be  owing  to  the  increased 

^c^p^ng  of  the  ring,  which  in  four  places  obstructs  now  the 
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view  of  the  airvature  in  a  higher  latitude  than  it  did  last 
year.  The  equatorial  regions  on  the  contrary  are  more  ex- 
posed to  view  than  they  have  been  for  some  time  past. 

May  2.  lo-feet,  power  375.  The  polar  regions  are  much 
flatter  than  the  equatorial :  the  latter  being  more  disengaged 
from  the  ring  appear  rather  more  curved  than  last  year,  so 
that  the  figure  of  the  planet  seems  to  have  undergone  some 
small  alteration,  which  may  be  easily  accounted  for  from  our 
viewing  it  now  in  a  different  aspect. 

The  planet  Jupiter  not  being  visible,  we  cannot  compare 
the  figure  of  Saturn  with  it ;  but  from  memory  I  am  quite 
certain  that  the  flattening  of  the  Satumian  polar  regions  is 
considerably  more  extended  than  those  of  Jupiter, 

May  4.  10-feet,  power  527.  The  equatorial  region  of  Sa-- 
turn  appears  to  be  a  little  more  elevated  than  last  year.  This 
part  of  the  Satumian  figure  could  not  be  examined  so  well 
then  as  it  may  at  present,  the  ring  interfering  with  our  view 
of  it  in  four  places,  which  are  now  visible. 

The  flattening  on  both  sides  of  the  pole  is  continued  to  a 
greater  extent  than  in  a  figure  merely  spheroidical,  such  as 
that  of  Jupiter ;  and  this  makes  the  planet  more  curved  in 
high  latitudes. 

The  planet  being  in  the  meri<fian,  the  equatbrial  shape  of 
Saturn  appears  a  little  more  curved  than  last  year;  but  the  air 
is  not  sufliciently  pure  to  bear  high  powers  well. 

May  5.  10-feet,  power  527.  The  air  is  very  favourable, 
and  I  see  the  planet  well  with  this  power ;  its  figure  is  very 
little  different  from  what  it  was  last  year. 

The  polar  regions  are  more  extendedly  flat  than  I  suppose 
they  would  have  been  if  the  planet  had  received  its  form  only . 
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from  the  effect  of  the  centrifugal  force  arising  from  its  rota- 
tory motion. 

The  equatorial  region  is  a  little  more  elevated  than  it 
appeared  last  year. 

The  diameter  which  intersects  the  equator  in  an  iuigle  of 
about  40  or  45  degrees  is  apparently  a  little  longer  than  the 
equatorial/ and  the  curvature  is  greatest  in  that  latitude. 

The  planet  being  in  the  meridian  and  the  night  beautiful^  I 
have  had  a  complete  view  of  its  figure.  It  has  undergone  no 
diange  since  last  year,  except  what  arises  from  its  different 
situation^  and  a  greater  opening  of  the  ring. 

May  9.  Power  527.  The  air  being  very  clear,  I  see  the 
figure  of  Saturn  nearly  the  same  as  last  year ;  the  flattening 
at  the  poles  appears  at  present  somewhat  less ;  the  equatorial 
and  other  regions  are  still  the  same. 

May  15,  lo"*  30'.  I  examined  the  appearance  of  Saturn,  and 
compared  it  with  the  engraving  representing  its  figure  in  last 
year's  volume  of  the  Phil.  Trans.  The  outlines  and  all  the  other 
features  of  this  engraving  are  far  more  distinct  than  we  can 
ever  see  them  in  the  telescope  at  one  \aew;  but  it  is  the  very 
intention  of  a  copper-plate  to  collect  together  all  that  has 
been  successfully  discovered  by  repeated  and  occasional  per- 
fect glimpses^  and  to  represent  it  united  and  distinctly  to  our 
inspection.  Indeed  by  looking  at  the  drawings  contained  in 
books  of  astronomy  this  will  be  found  to  be  the  case  with 
them  all.* 

The  equatorial  diameter  of  my  last  year's  figure  is  how- 

^  For  an  instance  of  this,  see  Tobijb  Matiri  Optra  inediia.  Appendix  Obser* 
vationum*  Ad  Tabulam  Selenograpbicam  Animadvirsionet,  where  the  annexed  accu* 
rate  and  valuable  plate  represents  the  moon  snch  as  it  nerer  can  be  leeo  in  a  telescope* 
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ever  a  very  Uttle  too  short ;  it  should  have  been  to  the  polar 
diameter  as  3541  to  32,  which  is  the  proportion  that  waa 
ascertained  in  1789,  from  v^hich  I  have  hitherto  found  no 
reason  to  depart. 

The  following  particulars  remain  as  my  last  year's  obser- 
vations have  established  them. 

The  flattening  at  the  poles  of  Saturn  is  more  extensive 
than  it  is  on  the  planet  Jupiter.  The  curvature  in  high  lati- 
tudes is  also  greater  than  on  that  planet.  At  the  equator,  on 
the  contrary,  the  curvature  is  rather  less  than  it  is  on  Jupiten 

Upon  the  whole,  therefore,  the  shape  of  the  globe  of 
Saturn  is  not  such  as  a  rotatory  motion  alone  could  have 
given  it. 

I  see  the  quintuple  belt,  the  division  of  the  ring,  a  very 
narrow  shadow  of  the  ring  across  the  body,  and  another 
broader  shadow  of  the  body  upon  the  following  part  of  the 
ring;  and  unless  all  these  particulars  are  very  distinctly 
visible  we  cannot  expect  that  our  instrument  should  show  the 
outlines  of  the  planet  sufficiently  well  to  perceive  its  peculiar 
formation. 

May  16,  lo'*  io\  The  greatest  curvature  on  the  di^  of 
Saturn  seems  to  be  in  a  latitude  of  about  40  degrees. 

May  18.  The  difference  between  the  equatorial  and  polar 
diameters  appears  to  be  a  little  less  than  the  measures  taken 
September  14,  1789,  give  it ;  but  as  the  eye  was  then  in  the 
plane  of  the  equator,  and  is  now  about  16  degrees  elevated 
above  it,  we  cannot  expect  to  see  it  quite  so  much  flattened 
at  present. 

June  3.  The  shadow  of  the  ring  falls  upon  the  body  of  the 
planet  southwards  of  the  ring,  towards  th^  limb ;  it  grows  a 
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Ktde  broader  at  both  6nds  where  it  is  upon  the  turn  round 
the  globe. 

June  5.  The  planet  Jupiter  is  not  suffidently  high  for 
distinct  vision,  and  Saturn  is  already  too  low  to  use  a  proper 
magnifying  power;  but  nevertheless  the  difference  in  the 
formation  of  the  two  planets  is  evident.  The  equatorial  as 
Well  as  polar  regions  on  Jupiter  are  more  curved  than  those 
of  Saturn. 

June  9.  The  air  is  beautifully  clear,  and  proper  for  critical 
observations. 

The  breadth  of  the  ring  is  to  the  space  between  the  ring 
and  the  body  of  Saturn  as  about  5  to  4.    See  Fig.  3. 

The  ring  appears  to  be  sloping  towards  the  body  of  the 
planet,  and  the  inside  edge  of  it  is  probably  of  a  spherical  or 
perhaps  hyperbolical  form. 

The  shadow  of  the  ring  on  the  planet  is  broader  on  both 
sides  than  in  the  middle ;  this  is  partly  a  consequence  of  the 
curvature  of  the  ring  which  in  the  middle  of  its  passage  across 
the  body  hides  more  of  the  shadow  in  that  place  than  at  the 
sides. 

The  shadow  of  the  body  upon  the  ring  is  a  little  broader 
at  the  north  than  the  south,  so  as  not  to  be  parallel  with  the 
outline, of  the  body;  nor  is  it  so  broad  at  the  north  as  to 
become  square  with  the  direction  of  the  ring. 

The  most  northern  dusky  belt  comes  northwards  on  both 
sides  as  far  as  the  middle  of  the  breadth  of  the  ring  where  it 
passes  behind  the  body.  It  is  curved  tow^ards  the  south  in 
the  middle. 

I  viewed  Jupiter,  and  compared  its  figure  with  that  of 
Saturn.    An  evident  difference  in  the  formation  of  the  two 
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planets  is  visible.  To  distinguish  the  figure  of  Jupiter  pro- 
perly it  may  be  called  an  ellipsoid,  and  that  of  Saturn  « 
spheroid. 

Observations  on  the  periodical  Changes  of  the  Colour  of  the 
polar  Regions  of  Satjirn, 

In  the  observations  I  have  given  on  the  planet  Mars,  it  hw 
been  shown  that  an  alternate  periodical  change  takes  place  ki 
the  extent  and  brightness  of  the  north  and  south  poUr  spot*  ;* 
and  I  have  there  suggested  an  idea  that  the  qause  of  the 
brightness  might  be  a  vivid  reflection  of  light  from  froien 
regions,  and  that  the  reduction  of  the  spot*  wight  be  a«crib«4 
to  their  being  exposed  to  the  sun. 

The  following  observations,  I  believe,  will  either  lead  us  t© 
similar  conclusions  with  respect  to  the  appearance  of  th« 
polar  regions  of  Saturn,  or  will  at  least  draw  the  attention  of 
future  observers  to  a  farther  investigation  of  the  sutijeet. 

With  high  magnifying  powers  the  objects  we  observe 
require  more  light  than  when  the  power  is  lower ;  this  a&rds 
us  a  good  method  of  determining  the  relative  brightness  of 
the  different  parts  of  a  planet.  The  less  bright  object  will  be 
found  deficient  in  illumination  when  the  power  exceeds  what 
it  will  bear  with  ease,  I  have  availed  myself  of  thi»  assistance 
in  the  observations  that  follow. 

June  25,  X781.  With  an  aperture  of  6,3  inches  I  used  a 
magnifying  power  of  460.  This  gave  a  kind  of  yellowish 
colour  to  the  planet  Saturn,  while  the  ring  stiU  retained  its 
full  white  illumination. 

November  i),  1793*   From  the  quintuple  belt  towards  the 
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south  pole  the  whole  distance  is  of  a  pale  whitish  colour ;  less 
bright  than  the  white  belts,  and  much  less  bright  than  the 
ring. 

This  has  been  represented  in  a  figure  whidi  was  given  in 
the  volume  of  the  Phil.  Trans,  for  1794,  page  32,  It  is  to 
be  noticed  that  the  south  pole  of  the  (danet  had  been  long 
exposed  to  the  influence  of  the  sun,  and  the  former  polar 
whitishness  wtis  no  longer  to  be  seen. 

Jan.  1, 1794.  The  south  polar  regions  are  a  little  less  bright 
than  the  equatorial  beltw 

Nov.  5, 179S.  The  space  between  the  quintuple  belt  and 
the  northesfi  part  of  the  ring  is  of  a  bright  white  colour. 

This  seems  to  indicate  that  the  whiteness  of  the  northern 
hemisphere  of  Satum  increases  when  there  is  less  illuminationi 
from  the  sim. 

May  6,  1806.  The  north  pole  of  Satum  being  now  ex- 
posed to  the  sun,  its  regions  have  lost  much  of  their  bright- 
ness ;  the  space  about  the  south  pole  has  regained  its  former 
colour,  and  is  brighter  and  whiter  than  tiie  equatorial  parts. 

May  15.  The  south  polar  regions  of  Satum  ate  white ; 
those  of  the  north  retain  also  some  whitishness  stilL 

May  18.  With  a  magnifying  power  of  527,  the  south 
polar  regions  remain  very  white.  The  equatorial  parts  be* 
come  of  a  yellowish  tSnge^  and  about  the  north  pole  there  is 
still  a  faint  dusky  white  colour  to  be  seen. 

Jime  3.  The  south  polar  regions  are  considerably  brighter 
dian  those  of  the  north. 

These  observations  contrasted  with  those  which  were  made 
wfaeii  the  «outh  pole  was  in  view  complete  nearly  half  a 
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Satumian  year,  and  the  gradual  change  of  the  colour  of  the 
polar  regions  seems  to  be  in  a  great  measure  ascertained. 
Should  this  be  still  more  confirmed,  there  will  then  be  some 
foundation  for  admitting  these  changes  to  be  the  consequence 
of  an  alteration  of  the  temperature  in  the  Saturnian  climates. 
And  if  we  do  not  ascribe  the  whiteness  of  the  poles  in  their 
winter  seasons  immediately  to  frost  or  snow,  we  may  at  least 
attribute  the  different  appearance  to  the  greater  suspension 
of  vapours  in  clouds,  which,  it  is  well  known,  reflect  more 
light  than  a  clear  atmosphere  through  which  the  opaque 
body  of  the  planet  is  more  visible.  The  regularity  of  the 
alternate  changes  at  the  poles  ought  however  to  be  observed 
for  at  least  two  or  three  of  the  Satumian  years,  and  this,  on 
account  of  their  extraordinary  length,  can  only  be  expected 
from  the  successive  attention  of  astronomers. 

.  On  the  Atmosphere  of  Saturn. 

June  9, 1806.  The  brightness  which  remains  on  the  north 
polar  regions,  is  not  uniform,  but  is  here  and  there  tinged 
with  large  dusky  looking  spaces  of  a  cloudy  atmospheric 
appearance* 

.  From  this  and  the  foregoing  observations  on  the  change, 
of  the  colour  at  the  polar  regions  of  Saturn  arising  most  pro- 
bably from  a  periodical  alteration  of  temperature,  we  may 
infer  the  eidstence  of  a  Saturnian  atmosphere ;  as  certainly 
we  cannot  ascribe  such  frequent  changes  to  alterations  of  the 
surface  of  the  planet  itself:  and  if  we  add  to  this  considera- 
tion the  changes  I  have  observed  in  the  appearance  of  the 
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belts,  or  even  the  belts  themselves,  we  can  hardly  require  a 
greater  confirmation  of  the  existence  of  such  an  atmo- 
sphere. 

A  probability  that  the  ring  of  Saturn  has  also  its  atmosphere 
has  already  been  pointed  out  in  a  former  Paper. 
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